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Amplifsimo, & Integerrimo Viro 
D. FERDINANDO RIARIO 

Marchioni Caftilionis Orci* , Patritio Vcncto, * 

SSSL^JS? - ' Antiquiori, & Bcncmcrito 
PatriPatnat: P£ T R V S MENGOLVS Fclicitatcm. 

Eque Speciofe Geometrie 
pulchritudini, neque tui 

Nominis claritati, quid- 

quam appofitum exiftimo, Vir Am. 
plifsime; quod lftud , in illius fronto 
prafulgcat . Ipfae fatis amabiles litte- 
rarum cultoribus vifa: funt, vtraquo 
Geometria, Archimedisantiqua^ 
Indiuifibilium noua Bonauenturar 
Caualleri; Praxeptoris mei , necnon 
& Viett* Algebra : quarum , non ex 
confufione , aut mixtione , fed con- 



iuuft/s 



iun&is perfectionibus, noua quae- 
damA propria Iaboris noflri fpecies, 
neminipoteritdifplicere. Tuae vero 
fpledor gloria?, Mathematicas quan- 
tafcunque longe pratergrediturlu- 
cubrationes : 6c quacunque versurn 
prudentia regitfortunam., praxlarif- 
fimos diffunditradiosi tuaque dome- 
ffcica fincera infinuat virtutis cxem- 
pla. Inter qua^fingulareillud^adbo- 
nas artes promouendas , tux offieium 
eft prouidentixj fua cuiquc ftudia_, 
confilio partiri,munificentia inftrue- 
re,augere fauoribus, & au&oritate 
ad Magifterij decus, 6c perfedio- 
nemperducere. Idquod ego exper- 
tus hucufque fum ab adolefcetia^tuse 

alumnus 
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a/umnus prote&ionis. Nanitefua- 
fore primum^deinde (poft Caualle- 
rium defunctum) etiam praeceptore, 
fcholafticus Mathcmaticus; te Ve- 
xillifercprofefTorpublicus Arithme- 
. ticesj ante Jauream > & poft lauream, 
te noftri Archigymnafij modera- 
tore^d nouam vfque cathedra Me- 
chanicarum euectus : litterariamdi- 
gnitatem, & fortunasomnes, tuis de- 
beobeneficijs, Hancitacjuemeam 
Geometriam , grati erga te animi 
perpetuum ftatuo monimentunu: 
tuorumque in me munerum aliqua- 
lem cenfum , in illius oblatione re- 
pedo. Fejiciori longe fucceflujquam 
cum alijs pleruque fcriptoribus con- 

tingit, 
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tingit,furdis vota numinibusnuncu- 
pare:tabellafque appendcrejquarum 
dij fui ne quidem titulos intelligant. 
Tibi vni, me ipfum totum ; volunta- 
te pariter, & intelle&u deditum,cre- 
ditumque deuincio : fpii fi forte ftu- 
dijs Geometriae quidquam adiece- 
ro, propofito conueniens titulo , no- 
uum videlicet, atque fpeciofum_j 
tuam poftulo,& expecl:o,noftrorura 
elementorum, benigna in fufceptio- 
nc, fentcntiam. Valc. Bononix 

* * ■ • 

IX. Kal. lanuarias MDCLX. 

w * w- . - * -v 

A. * 
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Lectori Elementario.' 

! * . • * 1 

* • 

[| Ibi hunc librimr fcripfi, Le&or , & Scho- 
* laris beneuole : ideoque nihil , aKcnuiiLj 
fumpfi,pr#tcrquam cx prioribus nOuem 
ElemeritisEuclidis. Vthuiuslibri bencfi- 
cio vtaris, tradam breuiter , fcx facilionu 
qusedam mathemata>fingula pro finguliselementis,per 
qux poflis,lccios quofquc trtulospropofitionum,numero- 
fis excmplis confii mare, noftrafque demonftrationcs , ari- 
thrnctica? artis ccrtitudine, prcuenire . 

Capm Primum. 
Primum eft, pro primo elemento: conftrudio potefta- 
tum cuiuslibet numeri binomij, vel refidui . Eft autem cu- 
iufque numeri prima poteftas,ipfc numcrus:fecunda verd, 
efteiufdemnumeri per fc ipfum mukiplicationis produ- 
ctus , quse dicitur, quadratus : tertia , eft produ&us primas 
poteftatis in fecundam,quae dicitur,cubus: quarta, eft pro- 
du&usprimarpoteftatisintertiam , quse dicitur ,quadro- 
qtfadratus:quinta,cftprodu#us primae potcftatis m quar- 
tam: & fic dcinccps in infinitum . 
- Poteftatcs numerorum, vfque ad deciman^Sc vfque ad 
poteftates denari/, fcquens exhibet tabella . 

b N«- 
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Nnmerorum 



Potejlates. 



Prima 


Secunda 
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1 Ttrtia 1 
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u£ 


n 
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»43 
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16 


6 4 


255 


1024 


i 
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1 i« 


2l<T 
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7776 
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49 


343 
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16807 
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*4 


5 12 


4090* 


32768 
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o^tfi 


59045) 
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Numeromm 



PoteJlates+ 



1 





StXt* ] 


Septima 


2 


64 


128 




f 7 1 ? 


. 2187 


4 


'4096 


1**84 


II 




t 78125 


1 


[ 46656 


27993* 
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< 11 7649 


823 J43 
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262144 


2097152 
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53H4I 


4782959 


1 c 
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2161 
65 6 1 j 

*51i* J 
390625 j 
1679616 

57g4^° l 
16777*16 

43046721 
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1 1 

Nvmtromm Poteftates. 





Nona 


Decima 


1 

1 

L 
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sl 


512 


1024 




59049 




252144 


1048575 






1 i^53"5 


97*5**5 
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IOO7709O 
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V 




282^5249 
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134217728 


•XO73741824 
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38742048P 


34857844OI 
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Porro cum Francifco Viettae, alijfque placuerit Ana- 
Jyftis , indeterminatum qucmque determinabilcm nume- 
xum,€iufquepriorempoteftatem,cuiufpiam fimplicis lit- 
terc characiere fignificare: placuit conJequcncerjindcter- 
minatas detcrminabiles eiufdem numeri poteftates alias, 
eiufdem littera? chara&ere fignificare,numeris dextror- 
lum adfcriptis, indicbntibps,quota quaeque fit poteftas. vt 
exempli gratia, cum indeterminati nucaeri determinabilis 
prima potcftas fucrit notata chara&ere littcre r; (ecunda 
poteftas, chara&ere fignificabitur f 2; tertia potcftas,cha- 
radtcre ^3; quarta, t^ quinta, /5: & fic dcinceps . cunr, 
vero determinatus fuerit litterae t> valorternarius^-.tunc 
determinatuseritchara&eris f2, valor 95 chara&eris t$ y 
valor 27; chara&eris /4, valor 813 chara&eris t^ y valor 
243165 ficdeinceps. b 2 Pla- 
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Placuit ettam duoriimindererminatorum determinaSi- 
lium numcrorum potefiatibus inuicem multiplicatis, pro- 
du&os,pariter indeterminatos & detcrminabiles numc- 
ros,ijfdcm chara&eribusproduccntiu fignificaredeinceps 
confcriptis, vt cx multiplicatione a per r, produftum ar; 
&ex multiplicatione az per r, produ&um *2r,&ex.mul- 
tiplfcatione a per r2, produ&um arz. ; 

Quibus chara&eribus a Vietta,Herigonio, Beugrand 
pcncs Cauallerium ,vfitatis, conuenientia nos adinueni- 
mosnomina. Nam produ&um ar, ex multiplicatione^ 
primarum poteftatum a, & r, vocamus, Vniprimam : & 
produdhim <*2r, exmukiplicationefecunda? poteftatis a, 
pcrprimam r, vocamus, Biprimamrprodu&umvero arz y 
ex mukiplicatione priwx a y per fecundam r, vocamus, 
Vnifecundam: & a$ r, produ&um tertiae a, perprimam r, 
vocamus, Triprimam: & azri y fecunda? a, pcr fecun- 
dam r, Bifccundam :& 4*3, prim**, per rerriamr,Vni- 
tcrtiam: item aqr, Quadriprimam: a^ri, Trifecundam: 
air^ , Bitertiam: ox^ y Vmquartam. & fic reliquas 
^5r,Quintiprimam. *3r4,Triquartam. 
^4r2, Quadrifecundam . air$ , Biquintam. 
<*3r3,Tritertiacm ar€, Vmfextam. 

^2r4,Biquartam • a^r y Septimiprimam. 

ar 5 , Vniquintam. a6rz y Scxtifecundanr» 

*6 r, Sex tiprim3m. * 5 r 3 , Quinti tertiam . 

*5r2,Quimifecundam. 44^4, Quadriquartam . 
^r^Quadntertiara. rfjrjjTriquincam. 

air6> 



, 1 . 
. . . - 
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<flr6> BJfcxtim. a$r y Noniprimam. 

rfry^Vnrfeptimam. <*8r2,03auifccuaJam, 

rf8r,0&attfprimam. /*7r3,Septimicerciam. 

ajr 2 ,SeJ>tjmifecun dam. 4^-4, Sextiquartam. 

a6r$ ,Sextiferriam. 45 r 5 , Quintiquintam . 

45r4,Quintiqu^ftam. <*4r5,Qjuadrifcxtam. 
^4r5,Quadriqu'ntam. 43r7,Triseptimam. 
a$r6, Trifextam. 42r8, Bio&auam . 

^i^r7,Bifeptimam. ^irp, Vninonam. 

ar$y Vniodauam. 

Quarc fi htterae a> taxatus fuerit valor 3, &!itter? r, 
valor 25 erit charaderis ar vniprima?, valor 6 y produSus 
multjp/icationis 3 per aieritdeindc chara<fteris42, valor 
<>, &charav9:eris 42r biprkna^valor 1 8:item chara&cris 
ri, valorerit 45 &chara&eris arz vnifccunda?,valor 12: 
&ficdeinceps. 

Itaque ficut Euclidcs in 2. 8. numerofam triangula- 
rem tabulam inftituit proportionalium ab vnitate, datif- 
queminftnis dnumeris, datam intcrfe rationem haben- 
tibus: itaeadem methodo,p!acuit litteratam triangularem 
tabulam difponere proporc:onaIiumchara&erum,a data 
vnitate , propofitifqueduobus indeterminatis detcrmina- 
b-libus numcris,indetermin atam inter le rationem haben- 
tibus. Prochara&creaurem vnitatis, tyteram » colloca- 
uimus, in vcrrice triangularis tabula?, &pro indetcrmina* 
tisdetcrtninabilibusnumeris, duaslittcras a, & r. 
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Placuitdemum ijfdem Analyftis,ex numeroindetermi** 
nato, & determinabili (iiuepoteftate ,fiueex poteftatibus 
produ&o)&ex determinato numero, per multiplicatio- 
nem fa&um produ&um indeterminatum pariter atque de- 
terminabilem,eodem producentis chara&ere fignificari, 
prsefcripto numero multiplicationis. vt j<nr,triplum pro- 
ductum fub fecunda poteftate numeri a y & fub prima nu- 
meri r; vel triplam biprimam : & 1 0*2^3, decuplum pro- 
du&um fub fecunda poteftate numeri a> & fub tertia nu- 
meri r; vel decuplam bitertiam. & fic de reliquis . 

Praeter tabulam proportionalium praedi&am , oportct 
aliam tabulam triangularem habere in promptu , quanru 
Analylbe vocant, multiplicium tabulam: in qua vnitates in 
vertice ordinantur, Siinlateribus; in area veronumeri, 
quorum vnifquifque inferioris bafis numerus , duoru, fibi, 
quafi cornua fronti,adiacentium fuperioris bafis numero- 
rum eft aggrcgatum : vt ex ipfius tabular patebit le&ura; 
quamexpohimusextenfam,averticevfque ad dccimanu 
bafim . 
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Dicitur autem binomius numerus, cuius non vna tota 
quantitasnominatur, fedeius duarum partium quantita- 
tes totum integrc componentium . vtnumerus quinanus, 
tunc binomius dicetur , cum a binario, atque ternario co- 
pulatis eius partibus denominabitur, qwafi duo habens no- 
mina . Chara&erem autem binomjj numeri placuit ex 
chara&eribus duarum partium componi, crucicula inter- 
ueniente, qu# fignum eft additionis . vt 2-+ 3 , valet perin- 
deatquc 5. Similiter fi duar partes totum binomium» 
componentesfuerint numeri indctcrminati a y r: totus bi- 
nomius chara&ere fignificabitur cxvtrifque compofito, 
intcrucnientecrucicula,vt a-tr. 

Itaqi:c ficut a-*r 9 prima fui ipfius poteftas , ex nomini- 
bus componitur in prima bali tabula? nominum iaccn- 
tibus j ita fccunda poteftas ciufdem binomij a -r, ex nomi- 
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♦ 

t 

ri: tz 

rz-+rl : t$ 

-+44^3-^4: *4 

oar$-*$ar^-+r1: f5 

i $air^6ar^r6: tC 

5^13^4-^2 142r5-+7<ir6-+r7; tj 

4-* 5 6ai r 5 -+ 2 &a2r6-+9ary-*r%: t8 

2 6aqrj -* 8 4^ 3 rtf -f 3 6airy-i- yarS-trp: rp 



'5-+ 2 io*4r6-»l 2o^3r7H-4542r8-*-i 0^9-^1 o. f x o 

nibus componitur, in (ecundabafi iacentibus, ai-+iar 
H-r2,* tcrtia, ex nominibus, in teftia bali, a$ -+342^-* 3 4r2 
-+r$ 5 quarta,ex norainibus in quarta ba(i,<*4~i- $air^6ai- 
r2-t-4dr3-*nj.: & ficcfcinceps reliquse poteftates,ex no- 
minibusin reliquis badbuscomponuntur . 

Huc innumerabilia fpe&ant theoremata htiiufmodi. Si 
totus numerus diuifus fuerit vtcunque ia duos numeros, 
abfci(Tum,&refiduum: fecunda poteftas totius componi- 
tur , ex fccunda poteftate abfciffi ; duplo pro Ju&o fub ab- 
fciflb &refiduo , ideft dupla vbiprima; & fccunda-potefta- 
ftate refidui • tertia poteltas totius componitur , ex tertia-» 
poteftate abfciffij triploprodjcto fub fecunda poteftatc* 
abfcilfi, &primarcfidui,idcft triplabiprima; triplofub 
printa abfcifli, & fecundarefidui, ideft tnpla vnifecunda;S< 
expoteftatc tertia relidui . -rjuartapotelhs totius compo- 

nitur 



Di 



nitur ex quarta poteftate abfcilfi ;quadruplo produ&o fub 
tertiaabfciffi,&primarefidui, ideft quadrupla triprima; 
fexcuplo fub fecundis poteftatibus abfciffi , & reGdui , ideft 
fefcupla bifecunda ; quadruplo fub prima poteftate aMcif- 
1 1, acque tertia refidui,ideft quadrupla vnitertia$& ex quar- 
tapoteftaterefidui. aliaque deinccps, quorum praftac 
charaftcres oculis percurrere, quam voces legere , quibus 
ipfapoflcntexponi. ' 

Toteflates hinwrij a-±r, 

Prima a-+r. 
Secunda az^zar^rz. 
Tertia a$-r$azr-+3arz-+r3. 
Quarta a^^air-+6azrz-+^ari-^r^. 
Quinta *5 -+ 5 aqr-+ 1 oa$ rz ^ 1 oazr$ •+ 5 ar^ -+r 5 . 
Sexta a6-+6a$r-+ ija^rz -+ zoa^r} -+i^azr^-+6ar^ 
-+r>6. 

Septima aj -+ ja6r -* ziayz -+ 31*4*5 ■+ 35*3^4 

**z i*zry-rjar6-+rj. 
OElaua aS -+ 8 ajr-+ 2 Sa6r z -+ 5 54 5 r 3 -+ 7 0 4 4^4-* 5 5*3 r 5 
-+ 2 8<*2r5-* 8dr7-+r8, 

a9-*9a8r-* 3 6*7^2-+ 844^3-^1 2^5 r4-f latf- 
*4r 5 •+ 8 4*3 r6-+ 3 6*^2^7 ■+ 9<*r8 -+r$. 
Decima ^io + i oapr -+ 45 *8r2 -+ 1 2 047^3 •+ 2 1 04^4 
-iz<>zays-+zi oa$r6 -+ 1 2 043 ^7-+ 45 4Zr8 1 o4r j> 
o. 

Qua? theoremata facilc demonftrabuntur per indu&io^ 
tiem, determinato cuiufque litterae valore . 

Efto 

1 

1 
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Efto litteri d> valor 2., 

littcra: r, valor 3. 
ideoquechara<2eris a-+r, valor y 



42: 4 
2*r: 12 
ra: p 



Secunda poteftas a 5 : 2 j 



uj: 8 

3<*2r; 16 

Sari: 54 

7*3: 27 



Tertia poteftas a 5: . 125 



^4: 16 

443 r: 96" 

6a2ri: 116 

^ars: 21 5" 

^4: 81 

Quarta poteftasa 5 : 6i<> 

Refiduusdiciturnumerus 5 quiduorum inarqualium nu- 
merorum, relmquitur, a maicre, minore fubtra&o ; a qui- 
bu$ denominatur, vt numerus binarius, tunc refiduus dice- 

d tur 
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tur, cum a quinario, ternario dempco reli&us Ajewt ; & £ 
quinario atqueternario denominatus . Chara&erem au- 
tem rcfidui numeri,placuit,ex chara&eribus totius & ab- 
feiffi denotari,a qmbus denominatur, lineola , interuenien- 
te, qux fignum eft fubtra&ionis pofterions chara&crisi 
priorc. vt 5 — 3,valetperindeatque 2. Similiter fi duo 
numeri, a quibusrefiduus denominatur , fuerint indeter- 
minati, t maior, a minor,refiduus chara&ere fignificabitur 
exvtrifquc* — a* 

Itaque ficut t—a y primafuijpfiuspoteftas , fit ex nomi- 
nibus t y a y inprimabafi tabula» nominum iacentibusj ita 
fecunda poteftas eiu&em refidui r — a } fit cx nominibus in 
fecunda bafi, alternatim additis, & fubtra&is, tz — ita 
-idi-y tertia,exnominibus,in tertia bafuj — $tia-¥ $tai 
— ay y quart3,ex nominibus,in quarta bafi t^ — 4*3 a-+6tz- 
ai — qta$ -+^4: & rcliqua? deinccps poteftates, fiuntfi- 
militer ex nominibus,in reliquisdcinceps bafibus iacen- 
tibus. 

Huc pariter innumerabilia pcrtinent huiufmodi theore- 
mat3. Siacotoquodam maiorc numero,quifque minor 
numerus abfciflus fuerit : refidui fecunda poteftas relin- 
quirur, cx fccunda poteftate totius $ dempto duploprodu- 
fto fub toto & abfciflo, idelt, dempta dupla vniprima y ad- 
ditafecundapoteftate abfciffi : tcrtia poteftas refidui , re- 
Knquitur, ex tertia poteftate totius; dempto triplo produ- 
do fub fecunda poteftate totius & fub priri a abfafli, ideft 
dcmptatriplabiprimasadditotriplo produtto fubprima 

totius 

v 

Digitized by Google 
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rotius&fubfeaindaabfci*, ideftaddita tripfa vniiecun- 
da$ dempta tertiapoceftaceabfcifli: quarta refidtri , relin- 
quitur, ex quarta totius; dempto quadruplo produ&o fub 
tertia totius, & fub priraa abfciffijidcft/lempta quadrupla 
triprima; addito (cxcuplo produ&o fub fecundis 1 potefta- 
tibustotius&abfciir^ideft, addita lexcupla bifccunda.; 
^dcmpto quadruplo produito fub prima totius , & fub ter- 

tia abfciffi,ideftdemptaquadruplavnitertia; addita quarta 

abfciffi • aliaque fimiha , quorum praftat chara<3eres ocu* 

lisiftueri, quam voces legere . • 

Totejiates refidui t — a 9 
Prima t—a. " . v 

Secunda ti — ita-tai. 

Tertia tj — 3tia-+itai—a$. 
Qttarta — ^t i^6tiai~^tai -+44. 
Qumta 1 5 — j /44-+ 1 or 3 a 2 ~ 1 ot 2 43 -+ j ta^—a j . 
Stxta # t6 — 6tja-* ift+ai — 20*343 -^i^tia^^6ta^ 
-+a6. 

depuma tj — yt6a -+ zitjaz — -35*443 35'3"4 

— 21*24^-^7^5 — aj. 
O&aua * 8—8*74-* 2 StCai^ 6t) 43 -+70*444— j 613 a j 

-*i8na6~$taj'+a2. 
Nona t9— 9 t2a^ 3 ^742—84*4 3 -+ i 2** j 44 — 1 2 eT- 

/44 j -f 8 4* 3 45— 3 tf* 2 47 -+ 9ta8—*a$. 
Deama *lo~io*p4-t 45/842— 1 20*7*3 -+ 21 0*^44 

— 25 2fJ4J-+2Ior44^—I20r347- + 4Jf248— IOMO 
-*4iO. 
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Quae fimilitcr demonftrabuntur facilc pcr indu&io- 
nem, determinato cuiufque littera: valore • 

Efto littersc f, valor J. 
litterae a valor 3- 
ideoque chara3:eris r~4, valor a . 
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Similibusexemplis poteft tonfirmari,tota conftru&io- 
nis poteftatum ars, a binomijs, & rcfiduis: quampro 
quantitatibusomnifariam, in primo noftro elcmento ple- 
nius oftendimus • 

r 

Secundum, pro fecundo cfl: elemento:multifariam pro- 
grclfiuorum rcgulares collcLiiones ; in quibus pra?cipua^ 
noftri inucnti parscft . Accipiatur quilibet numerus , cu- 
ius abfcindantur ord/natim vnitas, binarius, ternarius, & 
dcinceps quicunque numcri poflunt ab/cindi,vt vel nume- 
rus,velfaltem vnitasrelinquatur: &refidui vfque advni- 
tatem,totidem faluentur, quot abfciffi, finguli rcfidui e re- 
gionc fuorum abfciflbrum . 

IPJacuit autem acceptum numerum vocare quantita- 
tcm totam, & fignificare littcra t: ciufque poteftates vo- 
caretotasj n> totam fecundam; t$, totamtertiamj ?4 
totam quartam; &fic deinceps,placuitetiam acceptos ab- 
fciffos vocarequantiMtes abfciflas, & fignificarc littera.*: 
item abfciflbrum poteftates, vocare abfciflfasj ai> abfcif- 
fam fecundany as> abfciflam tertiamj a±L> ob/c iilamquar- 
tam; & dcinceps; refiduos quoque placuit vocare,quanti- 
tatesrefiduas,&fignificarclittera r: itemrefiduorumpo- 
teftates , vocare reliduas; rz> refiduam fecundam; r$,re- 
fiduam tcrtiam > r4,refiduam quartam ;&deinceps. de- 
nique fub poteftatibus cuiufque ablcilfe, & fuae rcfiduae, 
placuit produ&os denominare vt fupra, ar vniprimas, 
azr biprimas, ari vnifecundas, air triprimas, azn bi- 

iecun- 
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fecundas, ar$ vnitcrtias , & fic deinceps . 

Sed ecce tabula , in qua cuiufque numeri ab vnitato 
vfqueprimiim ad 7/deindevfquead io.pro vnaqualibet 
abfciffa ,fcripta eft e regione refidua, & abfciffa fccun- 
da,&vniprima, &refidua fecunda, & abfcifla tertia,& 
biprima , & vnifecunda , & refidua tertia , & fic deinceps 
vfque ad proportionales in decima bafl tabufce propor- 
tionalium iacentes. 
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In praccedenti tabula 'progreffiuas quantitates expan- 
dirr.us: in fequenti colligimus, cuiufque numeri mafias 
cx omrilbuseiufdem appeHationis proportionalibus , pro 
vnaquaque numeri abfciflfione fupra fingiilatim acceptis: 
Viddicet raaflam ex omnibus abfciflis , quam fignificamus 
charaftere 0.a\ & maflam cxomnibus refiduis, 0.r\ 6* 
maflamexomnibus abfciffisfecundis 0.ai; &maflam cx 
omrubus vniprimis 0.ar\ & maflam ex omnibus rcfiJuis 
lccundis , 0.r$$ &: reliquas dcmccps, quatenus prxcc- 
dens tabula expandjtur . 



! 



• i 



O.r 



0.n c 



0^3 : 0.ari 







0.at 


O.ar 




0.a*r 


O.44 




\~ 


I 


I 


1 


■[ I 


1 




3~ 


5 


4 


,9 


6 


- 17 ■ 


4 


6 


»4 


10 


3 6 


»0 


98 

" " " 


5 


IO 


3o 


20 


100 


5° 


354 


6 


«5 


; 55 


35 


225 


105 


979 • 


7 


21 


91 


5« 


44 1 


195 


2275 


8 




140 


H 


784 


33* 


4<? 7 5 


9 


\ 3& 


204 


I20 


- 1 25)5 


540. 


8772 


lo 


45 


28$ 


i*5 


2025 


825 


1 5 3 3 3 



54 





O.ari 


t 

— 


0.a$r ( 

» 


2 


I 


3 


1 u 

* ' l 1 i \ 1 1 


4 

• 


45 
• 


5 


140 


6 


j / * 


7 


812 


o 
O 


1505 


9 


2892 


io 


49*7 

— . ~, 


• 




t 


0.a$r ' 




1 


- 

3 


?4 

3 T 


4 
• 


JIO 

■ 




l 0 1 c 






7 

1 


18235' 


$ 


47244 


9 


IO9020! 


lo 


229845 


• 

1 





. r. 



1 

8 



.54 



104 

259 
■ 5 6o 




, — ■ ■ 

I 



1300 47. 



. i i ■ 



4415 

I220I 



I09Z 
196-8 



29008 
51776- 



$3 3 3 I20 82 5 



37*4 

. 1 „i. 



84OO 
171 72 
32505 



25 



12 



I 



'449 777 



1950 



4890 



4358 184820 

8855445954 

15555 978405 



0.^7 



^ 1 



O.arS 
OaSA 



i*4 



740 



— 



■ 16 



7! 



55ot 18^*0 

2CO^ -—p5K2j' 

5 8.8 8 J 375^1 

' i ' ■ y 



4.:ij; i i,i 
t$j6 i - - 8<jo 



149881 1209304 



; ;,. 57^0 

c 95455 



34175 

7*445 



3297455 
8080425 



278^55 

725 2Zo\ 
I703525I 



Digitized by Googl 



tfjirj^ 0.a$ r^ 0.rS 
t 0.a$ r* 0.a4r$ O.aS 



O.ary 
O.ajr 



55 

O.airG 

0.a6ri 



41 3 8 ° 



13^ 



1 | 

5 2300' 

5 9945 



1400 

6009 



) 



99696 



8 , 

9 255*60 153791 



I 1 

*57 
5818 



7*354 
452970 



1 

130 

2445 



21 145 
11797* 



2142595) 49473* 

I5P5036" 



7907395 
24684512 

*773!3*J 



1 

68 
994 

7604 

3 9<^9 
159320 



53 1012 
4992492|i534438 

1307291739^3333 



O.^r^ 

jf 0.45^3 




CU4r4 


1 O.ro 
' ' O.&9 


-0.*r8 
0.a8r. : 


V 9' 

!»' 




! : I 


\ V 


I- 




4° 


! 3* : 


1*3 


* 258 


4 


~ ' 5 25 


: 41« 


" 20IQ6 

» . • *mm* . — _ — « 


7076 


i 


°*^k996 
^^051 
* tfoVp^ 


$104 

I6003 
64064 

u * « 


282340 < 

2235455 

1*$ 1 3 161 


: 1 7943 0 
5-t 2 4°P 
2685 oc 4 



1 yffi 5 



• ib 




21 1 4(5^1 ' $1666768, ; 
15873* 34^5743^ W J 



IO58246Q 
35277012 

'10306.8345 



Google 



5* 



t 


D ^"7>*2 


a 


I 


3 




V 


2708 




263OO 


6 


I65417 



0.air6 OAV\ v Of *» 

0.46>3 0.4 5 r 4 . 0 0.<iio ( , ^ 




.-7* 
1268 

1 1710 

7**97 
3371*0 



48 
836 

7750 
48009 



'iol 



8 2957888 1273008 

9 ) 9*5 54» 4*5497°" 
8.25 1191x505 793' 

0.<nr8 

<;0.*8r2 



851540 



6 



I 

1025 
OO74 



II086-5O 
I0874275 



224224 7U4°45i 



3538x5700 



2755592] 14175 575*4 




»9*5 
— „— - 



0.<Jr9 
0.4 9r 



0.43^7 



i'"t <..Q. 



2 

3 
4 

5 

<J 

7 



1 

5i4 

2O7IO 



303050 
25385 1$ 
14850575 



a5o 
75 °4 



94100 
7*593* 




7 *75* 8 444 



, /828707925 




17100815 
53 090 1 

201375525 



37400 
17656- 
1503488 



5479148 
23809576 

5 




Digitized by Google 




> 



T 



: > 



His paratis,experire,fivera fimt, quse proponimus 
theoremata , fub 5 . a. exempli gracia, tertium . 
2*3— 3tz-+t. 

ideit, matia ex omnibus fcxcuplis abfciffis fecundis cuiufq; 
tots, ett aequalis dupte totae tertifc , dempra tripla tota fc- 
curicJa , aJdita ipfa tora . 

Wota, quod ioterpun&io colon (:) nobis vfuuenit adfb 
gnificandam seqauiitatcm. T ;.' ! 

Eft9 



.* * • , 



Digitized by Google 



5 8 

Eftotota 
idcoquc 

! 

i »„ 

ol ( i 



tn 



0.a*i 



■ 



4 < 4) 



C^^ I 
( t - - C 



i ^ - <?85 
7 



- 



r-rr 



r 



54* 



- 



Item quartum 0.6an t$--t: 
ideft 3 malTaex omnibus fcxcuplis vniprimiscuiufquetotar, 
eft aequalis tot* tcrtiae, dcmpta ipfa tota . 

Efto tota t: p 
ideoquc t$: 729 4 <\ 
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Simili^r alm fubead^ *. i. atque fub ahjsexufdem. 
elementi^rppolitionpus tfteqr.erh^ta facile poreris pro- 
barc, opefabulaf uj^ jjfecedcntuim . 

Sednequidtaarh tibidefitjaccipe, pro huius capitis 
coronid*,tabeHam /pcciofam, expeniam, vfque ad deci- 
mam bafim. tfocamus autem (pccicm vnamquamlibec 
maiTam,#i qu^trilfigjjntur cuiuiquc tota^omnesjciufciem 
appellatjgrys proportionalcs , pro finguhs abfciiTionibus 
accept^Srexdptfciebus ordinaram tabulamtriangularem 
fimilem-tabuli proportionalium , ipcciofam nuncupa- 
mus. 
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Cap. $. 

Tertium pro teitio elemcnto , eft quaedam animaduer- 
fio indeterm i nacar u m determinabilium rationum:quarum 
te iam habere conceptom, facifc demonftro >\ yt interinu 
animaduertas,' . 

Cum fcripfero Ojt> ftatim ex prarcedcnti capite habes 
maffam ex omnibus abfciflis: fed quota fit haec mafla,non- 
dum habes, nifi fcripfero , cuius numeri fit mafla . Quod 
fi affignauero Q.a> nameri t maflamefle; nequefichabcs, 
quota fir, nifi fimul affignauero, quotus eft numerus , valor 
littene t. Neque fi affignauero 0.a> eius numeri maflanL* 
eflc , cuius tt eft fecunda poteftas: neque fi 0.a> maflaro 
eiusnumeri dixcro, cuius t$ cft tcrtia poteftas ; nifi aut 
littcra? t y autchara&eris t%> vel t$> quotus valor fit,cer- 
to cerrius affignauero. Similiter cum icripfero 0.r> ha- 
besmaflam ex omnibus refiduts: fed quantitatem eius non 
habes . Cum verd liccntiam dedero , vt quotum quemque 
littcraj t V3lorem taxes 5 tuque huiufmodi vfus licentia di- 
xeris, t valerequinario.-ftatimprofe^o affignabis 
valere 105 & ti> valerc 25; & ?$, valerc,i25; & 0.r> 
valere 10$ & determmarae Ifttera? r, dcterminatas cflo 
quantitates 0.a> 0.r> tt> t}. Quare data licentia ante- 
quam vlus fucris, habcbas profe&6 0.a 9 0.r>n> tz > quan- 
titates indeterminatas dcterminabilcs . 

Rurfum cum Icnpfcro duas ciufdem numeri Maflas 
0.a> & 0.r> cfleaequalcsj auc maflam 0.a> ad c 2— t diini- 
diaeflej nequctamenaffignaucro,quotusliccerie t fic va- 

i 10:5 
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Ior; dederimque affignandi licentiam : antequatn vtaris K- 
ccntia>profe&6 habes determinatameffe rationem dimi- 
diam,indeterminatse quantitatis Oa+ adindeterrainatani 
quantitatcm f2—t. Quajquidem theorematai iiitennu 
mihi crcdis ante demonftrationem > ex indu&iond exem- 
plorum ; atquciraexxkferrainattone: fedcum itt feciindo 
clemento demoffrauerojtunc citra omnem indutffcioriem, 
& ante determinationem valoris littera? r, indubitanter 
vtraquc afleuerabis. Habes ergo mter indetcrminatas 
quantitates, determinatas rationcs. 
t Sed fi qu#fiero,qua?natti fit ratio Maflfe 0.*> cuiufpiaci* 
mmeri t y ad aut Mafte 0.za y ad ti; autMalfeO.*, 
ad r; aut maflse 0.4, ad ty. ad has profe&6 intcrroga- 
tiones , data licentia vfus, cum taxaucris littcrx t valorem, 
tuncdeterminaram aflignabis rationem ; (ed non camdcai 
femper, adeamdem quseftionem. Siquidem Htteram rj 
taxaueris valerc 3; proratione 0.a y ad /2, refpondebis* 
3 ad 9: qut fitaxauens litteram t valerc 45 ad eamdem 
quseftionem refpondebis 6 ad 1 5: qux non eft eadenu 
ratio 3 ad 9. item pro alijs valoribus, aliam refppndebis 
rationenu Itaquedata Jicentia taxandrlitteram t y ante- 
quamtaxaueris, habesrationem-O.* ad tz indetermina- 
ram determinabilera • 

Intcrim notandum cft, poffibifes refponfiones adquse- 
ftionempropofiram,pio vanjslitterat t valonbus,ordi- 
natim femper maioribus; varias, & femper drdinatim ma^ 
ioics cfle ; dimidia quidem xatione femper mmoresj ad 

ipfam 
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ipfamverd dimidiam femper propiite accedentes. 



■3 



■A 



» ■ i 

1 :< ' f " • 11 f - 

• • i V • M j 



■ » 



lktersB r valore 


1 0.4 

I _ 


ad /2 


" — ^-i 


I 


* 

4 


- 1 i 


[ 


o 


4 

• 


tf 




• 

- • 

< 


T O 




\j 


f c 


J 9 

.1 ■' 


7 I 


T. I 
X 1 




8 


28 


6- 4 


P 






10 

* 


"45 


100 



Qaod fi propofitse quaeftionipotueric, pro quodam-i 
valore aflignabili refponderi ratiopropior dimidise, quam 
aliaquarlibet; dicetur ipfa indcterminata ratio Oat ad tx y 
qualidimidia. 

Similitcr O.ia ad n 9 ratio eft indeterrainata dcter- 
minabihs. nam 

Prolitterae t valore | ad n 
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0.14 ad tx 
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atque ita femper minoris inacqualitatis eft ratio: fed eo 
fempermaior, qiiopromaiore litterae rvalore,affignatur. 
Qux ratio indeterminatadetcrminabiliss fi&erit affigna- 
bilis propiora?qualitati,quam data quadibet ina?qualitas; 
dicetur ratio O.ia ad ti> quafi sequalitas. 
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eft ratio indeterminata determinabilis, pro maiorelitte- 
rx t valore,femper oiaior,qu« fi fuerit affignabilis maior, 
qu&m dataqu^ljbctj dicetur ratio 0.a ad t, quafi infimta. 

De- 
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^ftiWeferminatadeterminabilis^promaiorelitterse t va- 
lore, /emper minor : qua? fi fuerit affignabilis minor,quam 
dat&quxhbetjdicetur ratio 0.a ad 13, quafinulla. 

C*p. 4. 

Quartum, pro quarto elemento ,eft animaduerfio ^ 
10. 5. EUm. Eucl. & def.$. ltb.6. inquibus modus 
quantitatis rationum aflumitur; illi quidem fuperindu&us, 
fecurtdymqusemmaiores,vel minorcs rationes dicuntur, 
def, 8. Uy.t. fed ab illo Iong£alius; & fecundum quenu 
propiores «qualitati, aut remotiores ab acqualitate rar 
tioncs dicimus. 

Modum autem quantitatis, in vnoquoquegenere,con- 
cipimus exduobus. vno:iecundum quod res eiufdem ge- 
nerii jnuicem ium compombiles, vtfaciant ciufdemge- 
* < ~~ ; ' * ~ " ncns 
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rxrisaliam rem^inciuflcmmodij^pjiratkm grandio^ 
rcm valtcro; fecundum quod res eadem, fecum ipfa altera, 
eompofitaaliijuoties,facit rem eiufdem generis, in eiu- 
Fdem modi comparatioiie , a?quetoties grandiorem . Sic 
crflorcalbri adpofitus , focit calidum calidius: &calorfi- 
mula1iquotiesiteratus,facit asquemultoties calidius cali- 
dium. item lumen lumini adpofitum, facit luminofius 
Tuminofum : idemquelumen fimul aliquoties iteratum , fa- 
cit kquemultoties luminpfius luminofum . 

Similiter ratio inseqqalitatis maioris, alij maioris inae- 
qualitatis ratJoni adpofita, componit rationem maioris 
ina>qualitatis,&magismaioris injqualitatis, idelt magis 
ab sequalitatc remota?, exdcfa .6. Et ratio maions insequa- 
litatis,fccum ipfa altera , al quoties compofita, facit ra- 
tionem multo maioris inaequalitatis aequcmultipiicatam, 
ideft ^quemultpremotiorem ab^qualttate, exJefi 0.5. 
Quaremaiorisinasqualitatis rationibus, conuenu modus 
quantiratis fecundum quem magis vel minus maions funt 
inaequalitatis , idelt , magis, vel minus ab «qualitate di- 
ftantes. 

Eodemque modo, ratio minoris in^cqualitatis , alij mi- 
norisincequalitatis rationi adpofita faoit rationem mino- 
ris inatfjualirati$,& rpagis roinorisin^qualitatis^ ideft re- 
irotiorisab aequalitate ex def.5.6. Et ratio minoris in*- 
qualitatis, fecum ipfa altera, aliquoties compofita, facit 
rationem multtMEinons inaqualitatisf qucmultiplicatam, 
ideft aqticmukoremcuorjs ab sequalitate, e?c def 10. 5. 

C^arc 

w 

• - • Digitized by Google 



1 



. . . 6 7 
Quarcminorisinacqualitatisrationibus, conuenit mtfdus 

qaantitatis, fecundura quemraagis, vel minus minoris 
fuat inaequalitatis, ideft fecundiun quem magis , vel minus 
abaequahtatediftant* : 

Pqrro quantum ad hunc modum attinet quantitatis, 
notaridum eft,rationumquafi triagencrac(fe.Primum-> 
aequatotatis, cui talis modus non ccanienit , nfeque feorfim 
ipfi, neque fibi & alijs, tamquam vnius generis rationibus: 
nam aequalitas argualitati adpofira , eamdem coraponic 
«qualitatem j &maioris iiwcqualitatis, vel minoris in*- 
qualitatisraeioniadpofitareamdem inarqualitatis facirra- 

tionem.Secundum,maiorisinfqualitatis.Tertium,minoris 
ina?qualitar/$,*quibus taleis tnodos conuenire fingulisde- 
monftrauimus : fed non vrrifque , vt vni generi . nam ma- 
ioris ina»qualitatis, Scminons inaequalitatis rationes ad- 
pofitar, nec magis maioris, nec raagismmorrt inacqualita- 
tiscoraponuntrationes. . ... 

Cap. 5. 

Quintum proquintoelemcnto eft inquifitio quantita^ 
tis qux cuiufque rationis non ex hypotheli eft propria,fed 
naturaliteiy& citra omnem hypothefimraltions rationis, 
maior; deprefllons, minor; a?quealu?, eadem ; raultiplica- 
t#, aequemultiplex, & fubmultiplicatae, asquefubmultiplex; 
quam logarithmnm vocamus;& nosin qtiinto elemento, 
djligenterjquanrum potuimus , perfecuti ,non hucufijue 
quidemattigimus,tamen viaminueniendi aperuimus. id 
quod primuiD in ratione dupla, ita conabor cxplicare. 

Accipe 
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Accipc fericm infinitam omnium fra&onum>iii quibus 
vnitas, &c omnes numeri denominant vnitatem:quarum in 
chara&eribus,cum confueuerit numerator,fcnbi ftq>ra de- 
nominatorcminteruenientelineola>fic! i..- > ::;.iu'; 

ftiff.fit» I iV ft tV A vV tV & , , 

nos aliter. fcripfimus cnim primftm numeratoreni^ 
deinde ftatim adfcripfimus denominatorem inter paren- 
thefes claufum : quod compofitioni typographycae lon- 
ge commodiuscumfit,le&ionietiara tum in tatmofermo- 
ne, tum in noftro Icalico idiomate, magis conuentt • 

i ■ . • » 1 ^ . * • • * i . J -» y " • « # • • 4 

i ( i ), i (2), i (3 ), i ( 4 ), i (5 ), i (5), i (7), x (8), i (9), i(io), 
- I(ii),i(l2),i(i3),i(i4),i(i5),i(i<s), &c. 

j 

< • * • ' ; . * * *■ 

i , . t . < *m » 

Et in acccpta ferie fomc terminos,dupIatn habentcs ra- 
tionem, fimplos, dimidios, fubtriplcs, iubquadi uplos, 
aliofque fubmultiplos dcinceps. Et inter excremos , ac- 
cipe in eadem ferie medios quofque, quorum& maioris 
excrcmi fumma dicetur hyperloganthmus, eo quod fu- 
peretlogarithmumj corumdem vero mcdiorum , & mi- 
noris extremi fumma, dicetur hypologarithmusj co quod 
fuperetur alogarithmo. 

Itaque dupl* rationis hyperlogarithmi funt, qui fe- 
quuntur : primus incer fiirplos & maximos $ & reliqui 
deinceps ordinatim inter minores, & fubtnultiplos. 

< .1 ■ ^ >. . ' > . . » 

i(0. 
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1(0- 

1(2) 1(3). 
I(?) "1(4) »d> 

i(4) 1(5) i(0 '(7). 

*<5) i(0 i(7) *(*) i(?). 
StrcUquiininfinitum: quorum inter fimplohyperlogari- 

thmus eft maximus, & reliqui deinceps ordinatim rai- 

nores . 

Itcmdupterationishypologarithmifunt qiji fequun- 
tur primus inter fimplos , & maximos > & deinceps reliqui 

i(3) i(4). 

1(4) 1(5) I(<0- : * 

1(5) 1(5) 1(7) 1(8). 

m i(7) K8) i(9) i(io> 
&in infinitumrquorum inter fimplos hypologarithmus eft 

minimus, & reliquideinccpsordinatimfuntmaiores. 

Eft autem aflignatorum quotcunque minimus hypcr- 
logarithraorum, maior quam maximus hypologarithmo- 
rum : & differentia arqualis minimo afiumptorum extre- 
morum rationis dupbe.cum autempoffit atiumi minorex- 
tremus,quam data quaelibet quantitas;po(Tunt confequen- 
terafliimi termini duplam inter fe rationem habentes^quo- 
rum hyperlogarithmi, & hypologarirhmi difterentia mi- 
nor , quam Jata quadibet quantitas. vnde hyperlogari- 
thmus j & hypologarithmus, quafr funt sequales . 

Porrdloganthmusilia.eftquantitas , ad,qunm ten Junc 

k hypcr- 
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hypcrlogarithmi, cum fempcr deinceps minuuntur > & ad 
' quam tendunt hy pologarithmi , cum femper dejnceps au- 
gentur ; omni minor hyperlogarithmo > & pmni maior 
hypologarithmo . , < 

Similiter, fefquialtera? racionis hyperlogarithmi &hy- 
pologarithmi funr, qui fequuntor : & vtrorumque primus 
eft inter fimplos, & maximos $ reliqui vero deinceps ordi- 
natim intcr minores, & fubmultiplos . 

Hyperloganthmi. 

1(2). " - 

i(4) i(5). 

'(*) i(7) 1(8). 

1(8) 1(9) 1(10) 1(1 1). 

1(10) 1(11) 1(12) 1(13) 1(14). 

& dcinceps alij in infimtum . 

Hypologarithmi. 

1(3). 

i(5) i(tf)« 

i(7) 1(8) i(9). 

1(9) 1(10) 1(1 1) 1(12). 

1(1 1) 1(12) 1(13) 1(14) i(i5> • 
& reliqui deinceps ki infinitum . 

Similiter alius cuiufquc rationis hyperIogaritbmi,& 

I.ypologanthmi funtaffignabiles ,quorumomnium quan- 

tiras intermedia eiufdem rationiscft togarithmus . Et haec 

cft fi: c T cuiufquerationisquantitas naturalis,&earumdem, 

vc! xv]uca!carum rationum eadcm quantitas , fecundunu 

altitu- 

■ 
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altitudinis &depreffionismodum in pnrccdcnti capite fu- 
fiusdeclaratucn. 

Deinde altiorum ratiortumfunt maiores logarithmi , & 
depreffiorum minores* quod ided patet,quia alriorishy- 
pei\ogaNtji)ru rationis > hyperlogarithmos eontincnt de- 
ipteff\orte&)iy pologarithmi GQntinent hypologarithmos. 
Nam exempli gratia hyperlogarithrai funt rationum 
triplac &fefquialtcrx 
1(2). 1(2). 
1(2) 1(3) i( 4 ) 1(5). iU)i(5). 
j(j) 1(4) 1(5) KO i(7)i(8> i(0 i(7) 1(8). 

^juorum tripfce alrioris hyperlogarithmi continentfefqui- 
altene depreflio ris hyperlogarit hmos . 

Item hypologarithmi funt earumdem rationunu 
tripla» & fefquialtera 

1(2) 1(3). , 1(3). 

i(3)i(4)i(5)i(0. 1(5)1(0- 
i(4) i(5) *(0 i(7) 1(8) i(9> i(7) i(0 i(P> 

quorum hypologarithmi tripte continent hypologari- 
thmos fefquialterar . 

Vnde patet etiam , quod compofita? rationis logari- 
thmus ,eft aggregatus componentium logarithmotum^; 
nam & hyperlogarithmi dupte, Sdefquialterae, hyper- 
Jogarithmos tripte componunt$& hypologanthini, hy- 
pologanthmos. 

k 2 Hyper- 
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Hyperlogarithmi. 
Dupls Sefquialterat . 

i(t). i(*). 

i(») 1(3). »(4) i(5). 

i(3) i(4) 1(5). 1(0 i(7) 1(8). - 

i(4) »(5) i(<0 i(7> i(8) «(*) 1(1°) «(«> 

* ♦ 

Hypologarithmi. 
Duplac Sefquialterae. 
1(2). r(j> f 

■ i(3) i(4)- l(5) i(*). 

- 1(4) i(5) i(6). i(7) i(8) 1(9). 

1(5) iW i(7) !(»)• Kp) '(lo) i(i i) l(n> 
Sed & duplicata? rationisduplus cft loganchmus: naiib 
duplicataeduplaerationis, nempe quadruplar hyperloga- 
rithmi exbinis duplae rationis hyperlogarithrais aggre- 
garis fiunt. 

Hypcrlogarithmi quadrupte 

exduplce, & dupke hyperlogarithmis. 

i(x). 1(2) i(s). 

i(z) 1(4) r(5)i(0 i(?). 

H3) i(4) i(0- iW i(7)i(8) >(9) i('o)i(ii). 

Hypologarithmi quadruplx 

cx dupla?, &dupla: hypologarithmis. 

i(i). 1(3)1(4). 

i(3) '(4). i(5) i(0 i(7) .»(*).. 

1(4) 1(5) i(0- »(7) «(8^(9) i(^o) «.(")!(«> 
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Similiter multipHcatae.cuiufque rationis aequemukiplex 
deprchenditurlogarithmusjquiaquafi aequemultipli funt 
hypci logarithmi , & quafi ? quemukipli funt hypologari- 
thmi. Et & conuerfo fubmultiplicat* deprehenditur fub^ 
multiplex logarithmus . 

tA P P E N Z> / X. 

a * 

CVm haec fcriberem , mihi contigit re&um tramitem 
inucnitc , ad perfequcndos omnium numerofarum 
ratioriumlogarithmos. Oportet autcm ciufdem abini- 
tio propofirar ferici fra&ionum tcrminos affumerc, ali- 
quotenosa primo, fingulos, binos,ternos, quaternos,qui- 
nos,&deinceps. Porrd ex totenis collcdas quantitates 
voco prologarithmos, & totenorum fcricm , voco fericm 
prologarithmorum • 

Etto autem feries (Ingulorum A: fciicsprologarithmo- 
rum ex binis feries prologarithmorum cx ternis C: 
item cx quatcrnis D: itcmcx quinis E: & deinccps alte. 
Dcindcfericsordinctur cxcc(fuum,primi prologarithrni 
fcrici », fupra primum feriei & fecundi,fupra fecun- 
dum \ & tcrtij, fupra tertium 5 & fic deinceps in lnfinitum: 
omnium huiufmodi excefTuum fumma , clt loganthinus 
ratioms duplae . Nam primus exce(fus, eit hypologari- 
thmus intcr maximos tcrminos ratioms dupl* : Ju nmaex 
pnmo& iecundo,cfthypoIogarkhmus,inrer iubjuplos 
maximorutmfuaitnaex priroo fecundo 8aeit)o,dt hy- 
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garithmusy rinri vero & fecundi exccfluum fumma,eft hy- 
pologarithmusinter fiibduplos maximorum: primi fccun- 
di&terrij furntnaexccffuumjeft hypologarithmus inter 
fubcriplos ; & lic deinceps . 

Cap. 6*. 

Sextum & vltimum, pro fcxto eft elemento : numerod 
duarumpropofttionum quintielementi redu&io , quarum 
^ft vfus infignis in fexto . 

Quatuor hormonice difpoGrarum quantitatuui , fi pri- 
ma maxima eft omnium, logarithmus , rationis prima: ad 
fccundam,3dIogarithmum rationis tertif ad quarram,mi~ 
nor eft, qoam vtprimaad tcrtiamj maior , quam vtfecun- 
daadquartam. 

. Smt quantitates numerofas inuicem rationes habentes, 
harmonic&difpofitae 1(4) 1(5; 1$) 1 (9) quarum ma- 
Xima 14). 

Dico logarithmum rationis 1(4) ad 1(5) ad logari- 
thncum rationis 1(8) ad i(9S minorem efle, quam vc 
i(4)ad i(S jmaiorem vero,quamvt i(5)ad irp;. idcft 

Dico loganthmun racioms J ad 4 ad logarithmuiiu 
rationis 9 ad 8, minorctircfle,quam vt 8 ad 45 maiorem 
vero,quamvt 9 ad $. ideft • - 

Dico rationem 5 ad 4, ad ratiorfem 9 ad 8, logari- 
thmic£ minorem eflfc, quam vr 8 ad 45 maiorem vero 
loganrhmice,quam vt 9 ad s. ideft 

Dico rauonem 5 ad 4 quadruplicatam, depreffiorem 

■- ■ ..... ^ • - . .» m 

w cfle 
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cffe ratione o ad 8 o&uplicata: & 5 ad 4 quintuplica- 1 
tam altioremeffe ratione 9 ad 8 nonuplicata. j 

Et quia ambae rationes 5 ad 4, & 9 ad 8, fiint maioris 4 
inaequalitatis : inter quas depreffiores altionbus funt mi- 
nores • Dico 5 ad 4 quadruplicatam minorem eflc ra- 
tionep ad 8 o&uplicata:& 5 ad4 quintuphcaum > ma* 
iorem effe ratione 9 ad 8 nonuplicata . ideft 

Dico poteftatcs quartam 5 ad quartam 4, minorein* 
effe quam vt o&aua 9 ad o&auam 8; quintam verd 5 ad 
quintam^maioremquam vtnonap adnonam 8. ideft 

Oico produ&os fub poteftatibus, fub quarta 5, & 
o&aua 8,minorem,quamfubquarta 4, & o&aua 9: fed 
fubquinta5,&nona8, maiorem, quim iub quinta 4,81 
nona 9. 

Potefiates. 

* 

Quarta 5 61 5 

O&aua 8 15777215 

83886080 

3355443* 
100661x96 . 



10485^59900 



Quar- 
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Quarta 
Oefcuu 



Quinta 
Nona 



Quinta 
Nona 



4 

9 



5 
8 



4 
9 



»5* 
43046*7»! 



»581803X6* 
85093441 



» i 



I IOI9p^057t5 



$11$ 
I342I7728 . 



57I088d40 
25843 545^ 
I342I7728 
4O255JI84 

■ 

• I 4 • • 

41 943O4OOOOO 

• 

ioa 4 
387420489 



I549^8l9j5 

774840978 
387420489 



395718580730* 
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Secitad4.> qu* eft ioo. 5. 1 

Quatuor arithmetice d^fpqlitorum numcrorMW > ratio 
primi ad feciMidtrm totupKcata > tjuotus eft primus, maior 
eft ratione tcrtij ad q&amttn f qtgplicata, quotus eft quar- 
tus : ratio verd primi ad iec^aduni totuplicata , quotus eft 
fecundus,minoreft,quii»tsrtij adquartum totuplicata, 
quotusefttcrtius,* 

Sintquatuorarithmetic£difpofiti numeri 8,5,7, 4* 

Dico rationcm 8 ad 5 o&uphcatam, maiorem efle ra- 
tione 7 ad 4 qupdnuplicata : & rationem 8 ads,5 quin- 
tuplicatam, minosenrfeptuplicata 7 ad 4. - ideft , , 

Dicc* poreftates o&auam 8*ad o&auam 5, maiorem 
cfle,quam quarta{7 ad quartam 4: quintam 8 ad quin- 
tam 5, minorem,<juam feptima 7 ad feptimam 4. ideft 

Dico produ&os fub poteftatibus,fub o&aua 8,& quar- 
ta 4, maiorem effe,quan* fub o&aua 5, & quarta^: & 
fubquinta 8> Sc feptima 4, nrinorem, quamfub quinta j, 
&feptima7. ? 

Potcftares. 

O&aua 8 157772 1 6 

Quarta 4 , x \ 256 * 

-» 8.38850 80 

33554432 
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Odfciua f 39061^ 
Quarta 7 1 H- 01 
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Qu/nt* 8 32758 
Septima 4 t 163 $4 



131071 
252144 
98304 
196608 
32768 



1 



53687091* 



- <r 



»57357*875 



Poteftates. 

Quinta 5 3**5 
Septima 7 823543 ♦ 

4i 177' $ 
1647085 

823543 

2470629 
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quoties 
quoties 
fupra lipeojam 
infra lineolanv 



I 



b afibus, GUadibet quai* 
titas merit futnma^ 
duarum,qua_ 
quotus 
quotus 

antepai^nthefcs 
interparenthefes. 
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Pccras Mcngolus , Luc* Tcfino , adolcfccnti 

opcimoS.D. 



tres tabulas triangulares tiht iradidi % 
^nuitiplicium, Qfproportionalium,tf 
nominum nuncupatas : carumcjuu 

quendas poteftates binomiorum , & permodum ar- 
tis , expltcaui . Eius demonftrationem, prtfcnti tra* 
do Itbello ; quam ex me audtftt: vt legendo recotas- y & 
adpotiora matbemata fufcipienda , te prapares. Ni^ 
hil altenum fumo ; prater quxdam , ex Eucltde 3 
in quinto , (f fexto : qm fuis locis a/iego , $n margi. 
ne. Vale. 
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J^S9M6N»lf8ME9^ 

GEOMETRLE SPECIOSjE 

ELEMENTVM PRIMVM 
VEF JK IT 10U ES. 

I tabula t riangular is , cx vcrtice , & bafib u s t 
&lateribus, ita concipiarur ordinata; vtin 
vcrtice fit qusedam quantitas ; & in prima 
bafi, ftatim fub vcrticc, fint dua? quantita- 
tcs ; & in fecunda bafi, t res ; & in tertia, quatuorj & fic de* 
inceps: in fingulis bafibus, dicentur, quantitates extrema?, 
Prima, & Vlciuia; &his proxim*, Sccunda, & Penulrima; 
item Tertia , & Tritultima 5 Quart3, & Q^artuIcimajSc 
deinccps. 

a. Vndc larus primarum Omnium quantttatum , dice- 
tur, Primum ; & (ecundarum, Sccundum ; & deinceps: vl- 
timarum quoquedicetur, Vltimumj &penu!cimarum,Pe- 

M!timum$&ficdeinceps. • 

3. Infingu]:squoqueIateribus,qnantitas,qu*inveiw 

tjce, aut qu« vertici eft proxima,dicetur Prima; & rcliqux 

A % dcin- 
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4 E L E MENTVM 

deincepsiSccunda, Tertfa, Quarta , & fic in infinitum. 

4. Quantitas , vnde progrcffio continufc proportiona* 
lium, ordinatur in infinitum, dicctur , Rationalis . & figni- 
ficabitur,chara&ere u. 

5. Etprimaconfcquensirationalijdicetur^Radix^vel 
Poteftasprima.S*fignificabitur, chara&ere cuiufq* litte- 
r*alphabeti. 

6. Et reliquae confequentes, dicctitur Poteftates radi- 
cis,Secunda, Tertia, & deinceps,iuxta fuum cuiufqueor- 
dincm. Et fignificabitur vnaqu^que , eadem littenl fuar 
radicis, adfcriptoque ordinis nuroero. vt ra dicis a> fecun- 
dapoteftas 42,tcrtia <t3,&ficdeinccps. 

7. Rationalis,licetnomenordinis tton habeat inter 
potcftates; tamen habebitur pro ordinata:& dicetur,vni- 
tate minus ordinata, quam fit prima poteftas. 

8. Sitabulartriangularisinvertice,fueritrationaI/s,-& 
in prima bafi, dua» fuerint radices , prior , in prirtiolatere, 
Spoftcrior, in vltimo ; & deinceps ih primo latere,fuerint 
ordinatac potcftatcs prioris radicis , & in vltimo, potefta- 
tespofterioris:fuerintautera, & in reliquis lateribus fe- 
cundo, tertio , & dcinceps in fingulis , ordinata? continui 
proporrionales , in eadem ratione primi Iaterfs$ itcni ia 
penultimo, tritultimo, & rcliquis deinceps lateribu$,ui fia-: 
gulis, ordinatse fuerint continue proportionales 3 iti,e*deia 
ratione vltimi latcris : &infingulisbafibus , fuerint ordi* 
nata? continufe proportionalcs,in cadem ratione radicumj 
in fecunda bafi, tre^quarum cxttema: func fccundx poysr 

- lUtCS 
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! ftate* radicum ; in tertia , quatuor , qnatum cxtrcma: funt 
poteftates tertix x & fic deinceps: dicetur Tabula Propor- 
tionalium. Humfmoii tabulam ordinat EucUdes in x. 8. 
Elementorum. 

9. In tabula proportionalium,inter extremas,vna qu$ • 
libet media , ad quatp rationalis habuerit rationem com- 
pofuam cx duabus rafionibus , ad quafda poteftates vtra- 
rumquc radicum $ denominabitur ab vtrifquc ordinibus 
poteHatum,aprioreprimiim,deinde a pofteriorc. & fi- 
gnificab;cur,ex vtrifq;chara#enbus, charadterecompo* 
fitoj ex priore pr imiim, deinde ex poftcriore . Vt fi prior 
eft radix *,poftcrior r> media,ad quam u, rationem habet 
compofitam, ex rationibus, u ad a> & u ad r, dicetur , Vni 
prima; & fignificabitur,chara3cre ar: ad quam vcro «,ra- 
tionem habet compofitam ex rationibtis, u ad ai> & u ad 
rj, dicetur,Bitcrtia;&fignifipbiturch.araclere airi : & 
fic deinccps. ? 

10. Si tabulae triangularis in vertice , fuerit vnitas ; & . 
in prima bafi, 5cin lateribus primo, & vltimo, fuerint vni- 
tatcs 5 deinccps vero in bafibus , quae verfus verticem fibi 
infiftut,quafifronti cornua,dicetur, Tabulamultiplicium. 

1 1 . Si duae tabute, multiplicium, &proportionaIium, 
ita coaptentur, vertex, vertici, & latcra, lateribus,&bafes, 
bafibus, vt congruant \ idcft , vt quifque numerus multi- 
plex , congrucntem multiplicet proportionalcm : produ- 
#a , dicetur , Tabula Nominum . Significabitur autenu 
vnumquodqj nomcn, eodemfu* proporttonalis chara- 

*"* ' r" ^ere, 
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£tcre, poft fuum immcdiati numerum confcripto. 

1 2 . In quibufquc proportionalitatibus ea r um de m > vcl 
non earumdem rationum j homologae funt primum> antc- 
cedentcs, antcccdcntibus , & confequentes, c on fcquenti- 
bus : deindc permutando , anteccdcn tcs fuis confequcnti- 
bus funt homolog* : homologarum quoque arquemalti- 
plices, & eardcm partes,& fummar, & diFerentia:,Gint ho- 
mologar • 

1 3 . Homologia, eft fumptio homologarum , vc & m 
alia quadam proportionalitatc, fiant homologx. 

1 4. Ratio ez sequali, dicetur, quaelibec ra ci 0, ex ratio • 
nibus compofita. 
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Tdula froportionalium • 
u 

. a r 
41 ar ri 
43 4ir 4ri rj 
44 a$r airi ar$ r\ 
45 44^ 4jn 42rj 4r4 r 
45 *5r 44T2 43^3 42r4 arf 

Tdula MultifliciHm . 

I I 
III 

i 3 3 1 

I 4 6 4 I 
I J 10 10 5 I 

I 6 15 ia 1$ I 



TaknlaUamimm. 

ax iar r% 

4j 342r 54ri r 3 
44 443 r ^42ri 44^3' ^4 
45 544^ 1043^2 io42r3 54^4 rj 
Ca%r ij44ri 2043^ ifazr^ 6ar$ 
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Expltcationes quarumdam notarum. 

Additiofignificabitur,chara<acrecruci$:vtci a>$t r, 

collc&a fumrna, a r. j 
Subtraflio , chara&ere lineola: : vt ex r> denipta a } rc- 

linquit diffcrentiam, f— a. 

.Equalitas,eainterpun<aione fignificabitur, qua partes 

priacipes pcriodi folent diftingui.vt quod 4-+r,eft squa- 

lisipfir, 

4-f r:f, 

Ratio fignificabitur interpunftione , qua maxima par- 
tcs periodi fubdiftinguuntur; fcilicet pun&o, & comraate. 
vt ratio a ad r, fcribendo , 

a ; r. 

Itaque propor tio *jad r, ficut *$,ad ar, fignificabitur, 
fcribendo^ ? r : 

i 4 ;:r : *i $ *v > * 

Etcompofitaratiocx rationibus.vcIutex*ad42>&* 
ad ri> compofita u ad air$, fcnbendai 

42, -+ # ; r3 : #; 42r}, 
vbi comma , inter 42, Sscrucem , wiliter diftiaguit, ad G- 
gnificandum, nonquantitatuoi42,&i#> fummamaa-*^ 
fed rationum. c . ^ ; : * r • t ^ 

Multiplicara quoquc ratioyfigflificabitur . yelut 43 ad 
rjjtriplicatarationiski adr 3 fcnbendo^ ; ; ^ 

#3 i r $ : jriplicata a$ r. , ; . :» * 
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Theorema primum>Pr*pcfttsof>rimal 

EX ijfdem rarionibus, cx «quali , tont exdem rationes; 
Byfothefn. t „ , , , • 

4$ £: rj </. 
*\ f:g\h . 
Dicoexaequali <*j b } -+e\f: c; fc. 

Pr*j>aratio. 

•< % / ■ Demonjlrati** . : * : 

«M.|£j /: d\l 
*x.j. * j f: r j / 

4efa6. c } d y -+ g\h: c \L 

ii.5." *i -* e >f : c i > > Qw>d erat dc- 

monftrandum. 
Qyare ex ijfdem ratiooibus , ex xquali , funt cardeiTL» 
rationes* 

Thcor.i.Trop.l* 

QVantitares proporrionalcs , per homologiam ihnt 
proportionales* . 

Dcmonpr. \; " ~ 

if& * J Namconucitendo^ quMtitates fiuntprbr 
1 5 • 5 *' j porxionales: itet^homologas homologis 
? : , ; ( dendp ^ijera ^iic multipUcando > & n:qyep8fr 

H § * j ticndo; &permutando ^Scdiwdendoj8^com : 
-3 B po- 
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19. * 




dinc , pcr horaologiaui , proportionalesfiunt. 
IQuod&c 
| Quare&c 



^3 , rj : numerusordinis, 3* :.'.;«' 
Dico 43 j r3 : triplicatam <*,* r. -> - 

T)cmonJhat. 
J ^3 • « : triplicata 4} 
6. \u\ri\ triplicata u j r^ 
?• ■*• 1 43 j r3 : triplicata a} r. Quod&c; 

Quare&c. 

Thcor.4. Trop. 

SI tabute triangularis in vertice fuerit rationalis j & in 
prima bafi, fuerint dus radices j & in primo , & vlti- 
mo latere, fuerint continuc proportionales j & in fingulis 
bafibus, ordinaw fucrmt continui proporcionales:cric 
proportionalium tabula. 




m-4 
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ief. 6. 

itf.p 
ix. 5. 



i4. y 



1 



1 



1 



dtf. 8. 



1 

1 



PRIMVM. ii 

Dcmonflr. 

Cum enim in prima bafi fint radices : erunt ik 
fccunda bafiextremac, fccundae poteftates; dupli- 
catam habenccs rationem radicum : quj & dupli- 
catam habcnt rationem deinceps : ergo ratio ra- 
dicum eadfcm cft, qux deinceps. Eodemque mo- 
do, in fingulis bafibus, oftendctur, quod ratio ra- 
dicum eadem eft, quse deinceps. Quarc v t in pri- 
ma bafi, ita in fccunda , & reliquis, eadem fempcr 
cft ratio prim? quantitatis ad fecundam, &fecun- 
dx ad tertia,& fic dcinccpsjitem penultimae ad vl- 
timam,& tritultimx ad penultima,& Gc deinceps. 
Itaque in binis deinceps Iateribus,& in binisdein- 
ccps bafibus,quanti tates camdem habent ration e 
radicum, anteccdcntcs,in vno,& confcquentes,m 
altcro latcrc : ergo permutando , eamdem habcnt 
ratione, anteccdentcs, in vna,& confequentes,in 
altera bafi:& vt in primo larcre funt continue pro- 
portionales, vt rationalis ad priorem radicemj iu 
in fecundo, & in tertio, & in reliquis dcinceps , in 
eadem funt ratione continue proportionales : & 
vt in vltimo,funt continuS proportionales,vt ra- 
tionalis ad pofteriorem radicemjitain pcnuhimo, 
& tritultimo, & in rcliquis deinceps.Quarc tabula 
triangularis, cft ubula proportionaliu,Quod &c. 
^^u^re $jc# 



k'' - - - ■ 
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Tbeor. l.Prop f $. 

SI tabular triangularis in vcrticc , fuerit rationalis ; & in 
priraa bafi, fucrint duae radiccs 3 & in primo,& vlrimo 
latcrc, fucrint continue proportiontalesj & in fingulis Jatc- 
ribusiprimo^fucrintordinataccontinue proportionales, 
in cadera rationc , qua? deinceps , in priaio : ci it propor- 
tionalium tabula . Itemfiin fingulis Iateribus ab vltimo> 
fuerint ordinata! continuc proporuonalcs , in eademra- 
tione^qujcdeinceps^invltimo: eritproportionalium ta* 
bulsu. 

Demonflr. , 

Cum in binis dcinceps bafibus , & in binis dc- 
inccps latcribus a primo, quantitateseandem ha- 
bcant tetionem, qu# dcinceps, in primo, antecc- 
itf. 5. dentcs, in vna> & confequentes, in altera bafi: ha- 
bebunt^pcrmutando^eamdcm rationem etiam, 
antecedentes, in vno , & confequentes , in altcro 
Iatcre:critquein bafibus, ratio deinceps, eadcm, 
quseinprima bafi : cruntquc in finguhs bafibus, 
| continucproportionales ineadcm ratione radi* 
4. h cum : quarc tabula triangularis^crit proportiona- 
jliumtabula. Quod&c. 
Similiprorfusdemonftratione , oftendetur altcrapars 
heorcmatis. Quam 3Cc. 
Quarc&c. 




Digitized by Google 



P JH I M V M. i 3 

Theor. 6. Prop. 6. 

IN tabula proportionalium, rationalis ad vnamquamq; 
mcdiam, habet rationem copofitam ex rationibus, a J 
poteftatcm>inprimolatcrc, vnitate minus ordinatarrL/, 
quamfitipfamedia,inbafi,ab vltiimj&adpoteftjtcin, u\ 
vltimo latere, vnitate minus ordinatam, quam fit ipfa mc- 
dia,\nbafi,a prima. 

Hypoth. & Demonfl. 
Sit in tabula proportionalium, qulnta bafis ; in 
de f P • qua, fexproporrionales: & fit vna ex medi/s, non 
; prima, qua? eft fextultima, nec fcxta , qua? cft vlti- 
/ ma, fcd quarta, qu*T eft tritultima^ Et fint, in pri- 
mo latere, radix a $ & in vltimo , radix r : & ab a> 
fit fecunda poteftas *2,vnitate minus ordmata, 
quam tritultimaj qux profe&o in primo latere,eft 
j tertiaj&intritultimo, cftprima: fitetiam ab r, 
• tertia poteftas rs , vnitate minus ordinata, «yragp 
_ g ) quarta 5 qux profe&d , in vltimo latcre, eft quaij- 
U i. I ta } & in quarto , prima : eric quantitas dir$ , 
$>• | bitertia, ad quam,racionalis habec racionem com- 

J pofitam cx rationibus, ad potcftates ai > & rj . 
Dico mediam ,in quinrabafi, quartam tritultimam,ef- 
fe bitertiam air}. 

Demonflr. 

i*f %• I Nam quarta, & tritultjma , in quarto eft , & in 
, j tritultimo latcrc: in quarto <juidefn, eft tertia 
1 quantitas * 8« in txiwltimo, eft qtwrta • Habet er- 



dtf.2. 
def. h 



Digitized by Google 



def. 8. 



p. h. 
p. b. 



I 
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j go rationalis ad tertiain quarti lateris,rationemi 
compofitamcxrationibus ,ad r$ primam quar- 
ti lateris ,& prims quarti latcris ad tcrtiam : fed 
prima quarti latcris ad fecundam , & fecunda ad 
tcrtiam, funt continue proportionales , vt prima 
primi latcris ad fccundam, & fccunda ad tcrtiam: 
idcoqucprima ad tcrtiam quarti lateris,eft vt pri- 
ma u , ad tertiam primi <n:ergo rationalis ad ter- 
tiam quarti lateris,ideft , ad quartam tritultimam, 
in quinta bafi, rationcm tabct compofitam cx 
rationibus,« ad r} } & u ad ai $ eamdem,quam 
habct ad airj bitertiam. Ergo in quintabafi, 
quartatritultima,cftbitertia *ir$ . Quod&c. 
| Quare &c. 

rfji i iii — » ■ 

Tbeor. 7. Prop. 7. 

QVantitas , ad quam rationalis habet rationcm com- 
pofitam ,cxrationibus ad poteftatcs, in primo, & 
vltimolatere tabulse proportionalium ;eft mcdia: 

6 cft in bafi acqucordinata , atque fumma cft ordinum po- 
ftatum : & eft vnitate plus ordinata , in bafi , ab vltima*, 
quam fit ordo poteftatis> in primo latcre : item cft vnitatc 
plus ordinata, in bafi, d prima, quam fit ordo potcftatis,in 
yltimolatere. 

7 Mypotb. 

Sit quantitas air$ , ad quam 0, rationem habct com- 
pofuam , ex rationibu*;, * ad *x , in prirao laterc, & * 

ad 
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•d t% , in vltitno , tabute proportionalium : quarum po- 
tcftatum fumma ordinum , fit ordo quintx bafi$;&qua- 
rum poteftatum,vnitate maiores ordines>eius quidem *i> 
quae in primo eft latcre,fit ordo tritultimx> & eius r$, qua? 
in vltimo eft latere, fit ordo quart#> in bafi. 

Dico air 3 , effc quartam tritultimam > in quinta bafi. 

T>cmonftr. 

J Eftenim 42 > tertia in primo latere; Si\t u 
1 ad 42 > ita cft, in quarto latere > prima ad tertiam: 
fcd cft r$ , primain quatto latere : crgo u ad ter- 
tiam in quartolatcre> rationem habet compofi- 
tam> ex rationibus j ad a%> & ad rjj eamdenu, 
quamad 4ir3 • Ergo azr$ > eft tertia in quar- 

def t 10 ' a ^ ere : er g° e ^ q u ^rta in tritultimo : ergo iiu 
de/. p. | fua bafi> eft quarta tritultima : fed quarta tritulti- 
i manoneft> nifiinterfex proportionales, quarum 
| &fcxtaeftvltima, & quintacftpcnultima,&iic 
I deinceps:& fex proportionalcs, non nifi in quin- 
ta funt bafi. £rgo ait$ bjtertia , eft & quarta 
tritultip^,in quintabafi , Qjiod&c. 
Quare&c. 



def. 8. 

p. h. 
sttf. 8. 



9. $• 
itf. 3. 



■ 



S 



Theor. 9+ Prop.fi. 
Vmma cuiufque bafis nominum in tabula, eft pbteftaf 
«queordinata fumm* radicum* 
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» ffypoth. 
Sit in tabula nominumbafis tertia,cuiusfumma no 
mimim 43 -4- J42r 3^2 -+ : fit quoque fumma ra- 
dicum 4-+r. 

Dico -f 34ir -4. 3*r2 -+r5 , cfle tertiam potefta- 
tem 4-*r. 

Oportet autem priiis demonftrare, de fumma nominu, 
prxcedentium bafium , vidclicet, fecundae bafis. 

Dico itaque primo 42 -+ tar -+r2 , fecundam cffo 



poteftatem a -+ r. 


> 


Demonflr. 

j _ 


rfc/. 8. 


j»j 4: 4; 42: rj 4r: 4-+rj a% -*ar. 


#•7* 9 ' h 

%y 2« «. 


u j ri ay ari r ) n , a -+ r j »r — *• r*. 


2. fc. 

■ 


■'!#■} 4-*-r: 4-+ r^ 42 -+ 24r -+ r2. 


- p 


42 -+ 24r -+ r2 , eft fecunda poteftas 4 -+ r. 


■ 

- ' 


Quod &c. 


icf. 8. 
C3r 2.^. 

<?;. 


4: 425 43 :'ar$ air: ri ; ari: ai zar 

*+r2$ 43 -+242r-+4T2. 

u; *•: 42 j 42r : <tir;ari in 5 rj : 42 -+ 24r -+ 


2. fc. 


1 *2 ; 42r -+ 24^2 -+/3. " i 
u; 4-+r :ii2 -+ 24r-*- r2 $ 43 -+ %air -+ $art 




-+ r3 . 




4jr^jvi2r^ j4rtr^f3 , eft tcrtia poteftas 
4-+r. Quod&cJ 




| Quare&c. 


V 


W .W 
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Theor. 9. Prop. 9. 

SI trium quantitatum, prima maior fiierit, quam fecun- 
da ; tertia autem maior fuerit exccflu ipfarum : excef- 
fos tertiar, fupra exccflum prima?,& fecundar ; erit excefliis 
fumtna? ex fecunda, & tertia, fupra primam. 

Hypoth. 

E A C B D 

1— — 1 — — 1 1 

Sit prima quantitas A B,maior, quim fecund? BC,qua* 
rum cxceffus CA : fitq; tertia D, maior, quam C A. 

Dicoexcefliim D, fupra CA , efle excefliim fomma?, 
cxD,&BC,fupraBA, 

Prtpar. 

Adponatur pcncs CB,& ipfi CA fuperponatur quanti- 
tas CE, azqualis ipfi D. 

- 'Demonflr. : . 

Quoniam E A, cft cxceflus EC fupra C A ; ideft, excef- 
fus D, fupra CA: necnon eft exceflus EB,fupra BA;ideft, 
fummar ex D, & BC,fupraBA:per fe patet,id quod pro- 
pofitumeft. 

Quare&c. -!••;: 

Theor. 10. Prop. 10. 

INaqualium radicum, pofeftas maioris , vo£ cum alter- 
nis nominibuseiufdem bafis,demptis reIiquis,«queor-* 

dinatarclinquiturpotc(bsdiflfercnti«. 

:■ C Hy- 
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ffypotk. 

Sintradiccs inaeqjiates> nnaior, a mkior: quarumin 
tabula nominura , in bafi tertia , potcftas tcrtia maioris ra- 
dicis t$ , vna cum alcernonominc $tai ,demptis reliquis 
nominibus 3^4, & 43 , rclinquitur quantitas t$—$tia 
^ltax — ai \ fit autcm diffcrentia radicum r— a. 

Dico t$ — stia -+ itax — 43 , poteftatem tcrtiam-r 
cfler— 4. 

Oporcctautem prios demonftrare, in bafibus prarce- 
dentibus , videlicct in fecurfda. 

Dico itaquc primd ti—ita-*- ai , efle iecundam-» 
potcftatem r— 4. 

Demonflr. 
u\t:t$t%:a\ta:t—a\ti — ta. 
u; a: f,ta: a$a%: t-~a$ta—ai. 
\t' y a:tl' y ta: ta$ ai : ti — ta -> ta<—a% . 
cx 14.5 j ta> ^ftfiiaior^quam ai. 

f2-wd* eftmaior,<juam ta~ai. 
ti—ta, dempta ta~ ai , rclinquitur fi — zta 



4tf. 8. 
& 2. h. 



9. h. 



2. h. 



— *- ai . 

u 5 f — 4: f— 4; f2 — ita -4. 42. 



^f. tf. J *2 -r- 2f4 42 fecunda eft poteftas t — 4. 
j Quod 8ic. 

Vtf/. &. 1 kl5 *c /a 5 tl : Mj f*4: 42 ; f42 : ti~it4?+ ar, 
* m u ti — itxa-±tai. 

u' y a:tii tia: taitai: ax \ 43 : t%vsrit*-*a%\ 
tia — itaz -h4j . 

fj 4: 
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** Jrj a: t$ — itia -+taz , tza— ztaz -*a$. 
** i4-5 j tx — zna -f taz , maior eft , quim *24 — 2wx 

i 5 . 5. | t-za -f 43 , maior ,quam ztaz . 
9. flc 1*3 —2*24 taz , dempta tza — 2M2 -h- 43., 
I relinquitur *j — 3*2* -+ 3*42— 43. 

x. b. \»>t<— a:tz— zta-*az 5 *3 — 3 f2 * -»■ 3^^ 
| -43. 

ief. 6. \t$ —itia 3*42—43 , tertiaeftpoteftas ~* — 
,f 4. Quod &c. 
jQuare&c. 




C 5 Pe- 

r 
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Pctrus Mengolus, Adm. R. D. lacobo Vcnrurolo, 
Scholarum Piarum Primario Arithmcticcs 

Pr^ccptori S. D. 




Vos tibi primum ofiendi characferes, (f 
numeros Jtbenter vidtje te fignificafli> 
cum tu& SchoU profcflu muftiplici- 
bus exemplts confirmajiiJmmortales th 
bi ante omhia gratias debeo , qubd mea 
qualiacunque inuenta refpexeris,(f in tux SchoU fru« 
ftum conuerteris . Itaque pro reddittone gratiarurru, 
eamdem rem tibi aliquando gratam,iterum & p/entus 
commmico. Tu ergo libellum hunc in tuos vfus tta 
conuertes . Primum per numerofam indutttonerru 
exemplorum 9 duo theoremata confirmabis pr&eedentts 
ItbelltJS 10. quibusarsproducendtpotcfiatesaduo- 
rum nornmum aggregatis,vel relittis radicibus demon- 
Jiratur . deinde fingula in prafenti Itbello propofita . 
necnon alia p/ura, qua tum indico > tum ipfe tuopte po~ 
teris ingenio adijcere . Val<LJ. 

" J CEO. 
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GEOMETRLE SPECIOSjfc 

ELEMENTVM SECVNDVM. 
VEF IN IT IONES. 

* ■ 

Vantitas vtcunqne diuifa in duas partes, di- 
cetur,Tota,& fignificabit ur,chara&ere t. 
Et partes Totae, dicentur, Abfciffa, & Refi- 
dua : & fignificabitur abfciffa, chara&ere 
rfj&refidua,r. 

3 . Poteftates tot* , dicentur, Tota fecunda, r 2$Tota 
tcrtia, 1 3 ,•& deinceps : & poteftates abfciffe dicentur, Ab- 
fcilfa fecunda,*2 5 AbfcifTatertia,*5 $&deinceps:itcnnu 
poteftates refiduae , dicentur, Refidua fecunda, ri 5 Refi- 
dua tertia,r35 &deinceps. 

4. Si quadam quantitate , diuifa vtcunquc in partes, 
abfciffam , & refiduam ; conciplatur i rationali ,per ipfas 
partes, abfciffam primum, deinde refiduam,ordinata pro- 
portionalium tabula: &eadem quantitate rurfumdiuifa 
vtcumquej concipiatur ab cadcm iationali,altera propor- 

tiona- 
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tionalium tabula : quafttitaffes, quarum in vtrtfquc eaedcm 
appellationcs , & ijdem chara&eres ; dicentur. , inuicenu 

Synonym* . | 

5 . Item fynonymarum «xjucmuIciplices^JiccnturjSy- 
nonymae.. r „ ; . 

6. Ideoq; fi etiam rabuls nominum fuerint ordinat# 
quantitatesjquarum cadem funtnomina ,dicenturSyno- 
mmae. 

7. Vnitas ad omncs numeros, pro rationali femper 
habcbitur. Vndcconuenienterfignificabatur rationalis, 
chara&ere u, 

8. Cuiufque numcri fa&is omnibus integris abfci£ 
fionibus,omnium,totidemque fynonymqrum, fumma, 
dicetur, Maffa:&fignificabitur,Iitteramaiufcula 0,an- 
te fy nonymorum chara&erem fcripta : vt mafla cx omnir 
btis abfciitis > 0. a. & maffa exomnibus triplis biprimis, 

5>. Si cuiufquenumcri,faais partibus , fucrit ordina- 
taqusedam tabuiaproportionalium, vel nominum $&lo- 
co cuiuslibet proportionalium, concipiatur mafla fuorum 
fynonymorum: tr&nsformabitur.tabula proportionalium 
inaliam,quaedicetur, TabulaSpeciofa. 

10. Inquaordinata?quantitates,dicentur,Species, 

11. Tabula ver6nominura,transtb^mab|tur inaliaoi* 
qusedicetur, TabulaSubquadratrix. 

1 2. In qua ordinata: quantitates ^diccntur Subqua- 
dratrices. . : , . ; - , 

13. Si 
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13. Si quarlibet fiibquadratrix quantitas, niultiplicata 
fucrit per numerum vnitatc maiorcm ; quam fit ordo fux 
b*Gs : produ&a quanritas, dicctur, Quadratrix. 

1 4. Quod fi j vctor ex fubquadracricibus , ica ex qua- 
dracridbus, tabiila fuerit ordinata , dicctur Tabula Qqa- 
dratrit. 

15. Si duorum numcrorum dtiae {peciofc tabula? fuc- 
rint ordinatar : maffariquarum in vtriufque func ea?dem ap- 
pelIacioncs,&ijdem chara&ercs,dicentur inuicem Ho- 
monyma?. ^ ^ i/; . .. 

16. Icemhomonymarummaflarum cquemulciplices, 
^licentur, Homonym^. 

17. Ideoqueetiaminduabusfnbquadracricibustabu- 
Ks, auc in duabus quadrarricibus, malfe, dicencur, Homo- 
nyma. < . . 

1 8. Si trcs numeri fuerint deinceps voitace differcn- 
tcs; & medius dicacur , tota : maior quidem , dicccur , Sef- 
quitotaj & fignificabitur, charaSere 7. 

1 9* Minor vero, Semitota: & fignificabicur,chara&e- 
rem. ' * 

20. Ecficutmedij numeri poteftates dicuntur tota?, 
fecunda, tercia,&deinceps: ica maioris numeri poceftaccs, 
diccntur, Scfquitotaf;fccundaf2, tercia^ 3,&deinceps. 

21. Minorisautcm,Scmicocaf5fecundaw2,tertiaw3, 
& deinceps. 

22. Et ficutmcdij numcri dicuntur Maffae,Speciet, 
Subquadratriccs, & C^uadratrices : ita maioris numeri, di- 

•»' , cen- 



Di 



a4 E L E M E N T V M 

ccntur , Sefquimaff* , Sefquifpccics , Scfquifubquadratri- 
ccs, & Sefquiquadratrices. 

2 3 . Et minoris, dicentur, Seraimaffa?,Semifpccies,Se- 
mifubquadratrices, & Semiquadratriccs, 

a 4. Itcm, ficut totse incrementum,e ft vnitas,ad com- 
ponendam fefquitotam 5 & decrcmentum , cft vnitas , ad 
relinquendam fcmitotam: ita cuiushbet totar, dicetur, In- 
crementum , numerus addendus , ad componendam fe£ 
quitotam sequeordinatam. 

2 5 . Et Decrcmentum, fubtrahendus,ad relinqu edam 

femitotam aequeordinatam. 

2 6. Item cuiuslibet ma(& Incrementum, dicetur, fuf- 
ficiens nuraerus, ad componendam homonymam fefqui- 
maffam. 

27. Et Decremcntum , ad relinqucndam homony- 
mam fcmimaffam. 




7> 

Digitized by Google 



i*Sfe ¥Nb VUIi *$ 

Tahla Sfeciofa. 
Om 

l .'WJ^i :' O.* . '•' ' 

■ >>/. > : : v..; iieqr.1 -Ouii ■ Odr Of% • ' / : 
< •• 0.*3 0.4*r 0.r$ 

0.*3r ? 0>*tr% Ojtr$ 0*4 

0.<*5 0.*4r Ouilri OMr% 0.ar$ 0.rf 

1 \*\ 

TaWrf Sdquadratrix. 

0.u K 1 ' J 



O.az 0.24r i 0.r2 
0^3 O.Jrfir 0.34ri 0x3 
0.^4 0.4*3^ O.Miri 0.4^3 0-r4 
Ouij- -■ O.J44T O.Iio*3ri OAoairi O.tar^ 0*% 



Tahula Quadratrixl 
Om 

-! ' 0.2« 0.ir 

0.3*2 O.tfrfr O.3 r2 
0.4*3. 0.l2*2r 0.l2*r2 0.4^3 
0.5*4 0.2O43r o.3°* 2r2 O.loar^ 0.5^4 
0.54J O.soa^r 0.6o* S r20.6oa2r3 O.^oar^ 0.6rf 

Poftuletur, vt maffuri affumere eoncedatur hoftiony- 
mam, & proportionalem ad propofitam quamdam , ficut 
numeri, aut vnitas ad inuicem. 

D Tfoor. 
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Thm.^Prtyx. 

1N tabula fpcciofa, cuiufquc numeri, & in qualibet bafi» 
fpecies;prima, & vk^a>funta^uales; itemfecunda,3t 
pcnultima> tertia AtrituItM»^ fig^nceps: item fefqui- 
fpecies y & fcw%ecit&|^(M?yiri?p : &>/pcierum incrc- 
menta, &<fecreq^* 5^toiubqfa^at»^e%in fua ta- 
bulat&quadcatiices^ialoa* < : , ; 

Hyfoth. i 

Sint in tabula (^wf^^ufc^t^in^ri, Sc in tertiabaff> 
prima fpccies 0.a j , & vltiani Or$ . 
Dico , O. a} , 0. r$#z([t aequjdcs.. 

f N&Buinfq$ numeri^qirot (untaHciflioncs^tot 
ibnt abfciflfe, toridemqj refiduae: & abfeiflse funt> 
.vnitas, birarius* & JeiiK^p^refi^ua^funt^to- 
tidem ordinari; contrario tamen ordine,fed deia- 
ceps, vfque ad Biiiai^kin^&ynitatem-QuarcYna- 
qu#q; abfcifla,. vnwiefiduaeeft aequalis : & abfcif- 
f. p. fatertia y refid^i^tcrtijtj5^dquaseadem rationa- 
lis y triplicatas habet cafdetn rariones : Scomnes 
al?fei(fe tertia^ommbus refidiy s tertrfjs funt f qua- 
± l lcg idefl* O. #}y0.r$ *4mt awpioles* Qired &c* 

Sint deindc, in eade tertiabafi > ftcunda fpecies GUar^ 

Dico^aasr, Q^x^tflcarcjLialcsi. 

# 
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Demonjbr. " • ..' :v 
| Singulsc 4, fingulis r, funt ae<|ualc$: &fin* 
gulac 42 , fmgulis f 2 : item fingula» biprim* 
42r, fibgulis vnifccundis 4>-2 , iunt \sequales; 
ad quas ## , rationcs habct compcfitasex jjfdern 
rationibustxjpare omnesbiprimse.0. 42r, Omni- 
bus vnifecundis O.arz , funt «quales. Quod&c. 
1 ftypoth. 3 . ' - 
Sint fefquifpecics Ouur , O.ari : vel fint &mifpecies. 
Dico , 0.a 2 r , 0.«r 2 , cflc aequales. 

- ' Demonpati: .. r: ; /• ; 
4ef,n.K | Qu^funtvniuscuiufquamnumcrjTcfquii^ 
jty. J cies 5 funt alfus , vnitate maioris nurncf i Ipccies: 
J fcd fpecies O.awjjO.ari^ funt «qualcsi crgo 
■ iMquH^ies^ir^^.^fz.yiunt #<juales. 
[ Quod &c l ^V': - *' -:. ' s-.- : 

Item quae funtvnius cuiufquam numeii fe- 
miipeciesj funt alius, vnitate minoris numcri 
fpccics: fcd fpeciesfuntaequalcs: ergo& femi- 
jfpecies. Quod&c. 
DicoO. 42r,&0.4r2 incrcmenta eiTe aequalia, &dc- 
crementaa?quaua* 

Demonftr* 



def&l. b. 



- J Nnm ab sequalibux fpeciebus 0.4ir , 0*r2, 
^f- ; rr |aequalesdemptae femiipecics homonymae, rc- 
- " i Hn^uiifttaqualiadeCremtDta. Quod&c 
fif. I £t ab arqualibus fcfquifpeciebus , aeqoales 
" D a dcn> 
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dcmptae fpecics homonymg, rplinquunt aequalia incrc- 
mentx Quod &c* j t : . r; . 

Sint in tabula fubquadratrice, in tejtia bafi/ubquadra- 
trices, fecunda (X$air, &penultima 0.$arz. 

10. f . Qgoniam uvtpbula multiplrciu, in tertia bafi> 
fccuridiisnumerus j > & penultimus 5 , ex ijf- 
dem vtrimque vnitatibus^ & numeris aggrega- 
ti,funt aequaks:a?quemultiplicant fpecies #qua- 
tes>0.air >Qay% >&fqbquadratricesproducunt 
a?quaks> Q~$<\zr , 0.$arz. Quod &c. 
Vndepatet >quo^ &fefquifi^quadratricesfunta?qua- 
les> &feraifubquadratrice$Laequate$ ; t & fubquadratricuni 
«qualia funt incrementa; & «qiialia d3cremejitaX?ua» &a 

Hypotk $. : . * v 

Sint deniquc in tabula quadratrkre > ift tertia l)afi , qua- 
dratrices, fecunda <?.i.2d2r>&penuJtHHa O.izarz. : 
Dico, O.izazr > & O.izari » efle squales^ 

Wf/. f Cum fint enim «quafiurp fubquadr#ricqt 
| sequemukipliiees* inter fe sut aequales.Quod &c. 
Vndeconftat, quod&fefquiquadratrices funt sequa- 
Ics 5 & femiquadratrices aequales $ & quadratricum sequa- 
lia funrincTCiKemai & arqudlia decrewentjfc Qli* &c„ 



Quare&c. : 
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Theor. i.Prap.i. 
V N tabula ;!pcciofa>cuiufquenumeri> in duobus quibuf- 
£ que lateribus,vna fpecies,habetproincrcmento,mat 
fas aggregata s, in vrrolibet latcre , fi quse fiint prarceden- 
tes, atque totam vnicarc miniks ordinatam,quim fitipfum 
latus : maffas inquam , mulciplicatas per numeros tabulae 
HQukipliciumyinbafiacccptos, vnitate mirius ordinata^, 
quam fit alterum latus. - 
•-* 4 ; • Hypoth. i. 

Efto in tabula fpeciofa > in primo ,& in quintulcimo la- 
tere, fpecies O.a^: quam in quinculcimo latere primam, 
nulLT fpeciespracedunt : & efto quarta to ta t^. 

Dico 0.*4, incrememum efle t\* 
■ v" , Ttemonflrat. 

< Eaxfem abfciifiones tota?>quibus vnitas,bina. 
rius>& deinceps abfcinduncui jeciam fcfquicoca?, 
funt abfcifliones: & esedem vtrarumque func ab- 
fci(Ta$ nccnon abfcilfe quarcse . Sed praecer ab- 
fciffiones cocae, vna eft vlcerior abfciffio fefqui- 
tocfg , qt*a ipfa tota abfcinditur : &pro qua poft 
abfciftas qaartastot», &fe/quitotf communes, 
aecedit torai quarca , fefquicota? propria: quse 
fpecici O.a^i eft incremeium>ad fcfquifpcciem 
o 1 componpdd&nv Quod &c. : 

r ' t • " . j/ ftypoth.-z. v 
| Efto intabula ipecioia> inquarto>&invIti- 

- )toofetere,^ecro 

quar- 



dcfii&J*.- 
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quartam, fpecics prsecedlint, tcrtia 0. r2,fecun- 
da O. r, prima O. 0: & efto tota vnitaW miniirqr- 
dinata, quam fit iHtimum latus: qu$ profe&d, in 
ordine continue proportionalium totarum , cft 
ipfa rationalis, atqj vnitas u. Et quoniam Ojr$ 9 
eft & in quarto latere,fumatur bafis tabula? mul* 
j tiplicium,vnitate minus ordinata, nempQter- 
I tia,cuiusnumeri 3,3... 
! Dico O. r$ , inercmentum efle , 0. $r% 
f 0.3r-+ O.U -+U. 

Demonfir. 

Esedem abfcifliones , totx lunt , & fefquitota?: pro qui* 
busvnapars incrementi 0.r$ taxabitut. Pmer abfcif- 
fiones totae, vna eft vltcrior abfciflio fefquitota?, proqua 
pars alteraciuflcm incrementi taxabitur . Rurfumpriraa 
pars incrementi ,totex parribus componitur, quotfunt 
abfcifliones, totse, &fefquitot£Communes. 

Eft autem pro vna abfciflionejtota!,^ fe/qui- 
torse, corartiunii eadem quidem abfgifla,fed non 
eadem refidua. Cumquetota?refidua eft r, fef- 
quitotae refiduacft >r±# u : -qaonianh & ipfa fet 
quitotavnitatemaior eftiquam tota. Cum et- 
*• h I g° tot # rcfidoa tertia eft r 3 5 feiquitotae eft , r 3 
j 3r2w^ 3^ U^^Etquomamratiosequa- 
j litatis^quantumlibef hiultiplicata, femper eft ca- 
7* 5- j dcin:j&quantumli$ctcdmpofita^non.variatra- 
J tiones,quibu(cumci)mponitunlhttiufmodi au- 

tcm 
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*fcM* J tem eft u ad 0 , ad *z , ad «3 : eadem ergo 
. j qiianritaseft «3 ,atque «1 &-%n$i ,• qu* -jr : & 
; . I 3*2» , qaae jr* : 8trj? -+ $rl* -+ 3^2 

qusc rj ^ $r 2 jr -+ n > # fefquitota. rcfidua 
tcrtia,eft r5 jr2 -4. ir ^$$. Sed totarrefi- 
dua terria > eft r 3 : crgo cuiufquc rcfidu a? incre- 
raentajm cft 3 r 2 - *. 3 r Et omnium refidua^ 
, tua^ideft, 0.r3>omnia incrsmcnrafunt Q.$rz 
I -+0.jr -+ j0.w : totidem > quotfimtabfcifliones 
I communcs>to»> & fefquito» : Se parsprima 
| incrementi taxanda. 
. $$0 vlteriortabfriflionepropria fcfquitot^tota fitab- 
fciffa, cuius refidua vnicas : & maflar Ox$ , vkcrior refidua 
fit »3 ,ideft u : pars jltera incremcnti taxanda. Qtiibus 
cx pjptibus, totum componitur incremcniu fpcciei O.r 3 > 
quodeft > G.3rz 0.3r 0.0 -* *. Quod&c» 
■ fjyyoth. 3. 

Efto iwrabula fpeciofa, i n quarto 3: in qui ntultimo la- 
tcre, ipecies 0^3 : quaminquintultioiolatere pr_ece- 
dunt fpecics,0.44r2 , 0.*4r, O^i&eftotota *4>vni- 
tate minus ordinata* quam fit latus quintu Itimun? : & efto 
. r ,._-_.-, ^ ' ^vn^ 







tft 





■""^rp" — . 3 — — 1 — — » . " - 

Dico0.44r.j,mam -*o.3*4 r 



.4 • 
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• Demonflr. . 

Procommunibusenim totae, &fefquitotae abfcilfioni- 
bus,vnaeftparsincrementi: & proabic.flione vlteriori, 
propria fefquitotce, eftaltera. Et prioris partis incremen- 
ti , tot funt particufce , quot funt abfcifliones communes; 
nempe,quot abfciffe, quotrcfiduse, quot quadritertia>:& 
fingula? particulae, fingula funt incrcmeta quadritertiarum 
totae> ad componcndas quadritertias fefquitotse. 

Porrototse, & fefquitota?, proeadem abfcifc 
fione,eadem eft abfuffa ; fcd non eadem refidua: 
& eadem cft abfcifla quarta ; fed non eadem refi- 
j dua tertia . cumque refidua tertia totae, cft rs ;rc- 
fif* I fiduatertia fefquitotte , eft r$ -+ jr2 *+ jr -+u\ 
&cumquadritertia totse, eft ay$ j quadntertia 
fefquitota* eft a^r^ ^a^ri ja^r -+ aq. : & 
incrementum quadritcrtise, tota?,ad componen- 
dam quadritcrtiam fcfquitotae,eft ^a^ri ja^r 
a^. Et omnia fimui incremcnta quadntcrtia- 
rum totae, ad componendas omnes quadritertias 
fefquitotf , funt O. ^a^ri -h- 0. $a^r -+ 0. 44, 
priorparsincrementi O.a^ri. 

Pro vlteriori abfcitfione propria fefquitotj, 
abfcfiaeft f,refidua u: &c ab&ifla quarta t^ ,re- 
liduatertia u^ : & quadntertia vltcrior propria 
1 fcfquitotcT,eft t^ui ,vel q^&eftpofteriorpars 
I incrementi O.aqr^. Exqmbuspartibusintegrum 
I componitur inciementum O. aqr$ , quod eft, 
j O.^a^rz 



jfl ffi/:i 
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S.JE C V N D V M. 33 
O. ia<\ri 0.344^0. 44-* 14. Quod&c. 

Hypoth* 4. 

Efto m tabula fpeciofa, in quinto, & in quartukimo la- 
tere, fpeties 0. 43 r^: quam in quinto latere, prg ccdut fpe- 
cies, O. 42 r4> 0. 4^4, 0. r4 : & cfto tota 1 4 , vnitate minfts 
ordinata , quim fit latus quintum : & efto bafis tertia mul- 
tiplicium, vnitate minusordinata, quara fit latus quartultt- 
nium; in quabafi funt numeri 3, 3. 

Dico 0. 43 ^4, incremcntum effe, 0. 3 42r4 0- 3*4» 
-+ C?.r4 /4. 

Demonft. 
I 0.344^: 0.34ir4« 
10.344^:0.3^4. 
O.44: O.r^. 

0. 344^2 -t- 0. 344^ O.44: O. 34ir4 -+ O. 

34r4-f-0.r4. 
Scd 0.44^3 > & 0.43^4 sequaliafiint incremc- 
ta: &cft 0. 44^3 incrcmcntum 0.344^2 -* 
j 0.3 44^ -4. 0.44 -+ t\. Ergo etiam 0. 43 r^ 
incrcmentum eft 0.342^4 ^0.34^4 -+0^4. 
-+/4. Quod&c. 
Quare &c. 

Theor. $.Prof.$. 

IN tabula fpeciofa , cuiufquc numcri , in duobus quibufc 
que lateribus,vna (pecies,habet prodecrcmcnto,maf- 
(as in vnp latere pr*cedcntes , multiplicatas pcr numeros 

E tabu- 



f. h. 



Digitized by 



J4 ELEMENT V, M 

tabula* multipyciupa > in baft acceptos>;vnitate 4iiinus or- 
dinata>quam fitafcerum ktw$:praximam quidem maflam> 
& ^tern^ ag$rcgatas$ reliquas v# fubtra&as . Sed fi 
nulte funt prarcedentes; qu6d fpecics in ipfo latere fit pri- 
ftia: pro decremento, habet femitotam> vnitate minus or- 
dinatam,quamfitalterumlatus. ■* • 

- ftypoth. i. ■ : ; 

Efto in tabula fpcciofa, in quinto* &in quartultimo la- 
tere, fpecies 0.asr^ p quam pracedcntes, in quartultimo 
laterc> funt Ipecies > 0.a$rs > O.asrz , 0*#3r , 0*43: 
quart# autem bafis tabulse mulripliciu fint numeri 4,5,4. 

Dicofpeciei 0.<i3r4,decrementum efle 0.4*3^3 — 
0.6a$ri 0.4^<3r— O.43. „• ;. 

T>emon(lr. 

j E^demabfcifllones, quibus vniias^ binarius> 
def.x 9 h | & deinceps abfcinduntur> etiam fepiitote /unt 
abfcilfiones >• pmer vjism propriam tota? > qu^ 
ipfa abfcinditur fcmitota, & vnitas refcnquitur. 

Quantum a<£ communcs attinct abfcifliones> 
cum caedem fint abfciffe > totae > & femitotae ; non 
ea?dem fimt refiduae : cumque totse refidua fit r; 
femitotse refiduaeft r— 0: 8ccum totse refidua^ 
quarta> fit r^ 5 femitotse refidua quarta eft r^ — 
4/ 3 6V2 ~ 4r -+ 0 : cum deniq; totse triquar- 
ta fit ai r^> femitotae triquarta eft 43 r4 — 4^13 r % 

* Quantunj ad ^non copimimem attinet abfciffionem > fi 

rcfi- 



c ■ 



lo.p 
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S E C V N D V M. 3 5 
refida vnitas , vnitate minuatun, profe&o nthil remanet: 
cpitque r quidem, vnitas}red^M,nihfl:&erit r<j, vni- 
t^s; fed ^4 — 4r 3; tfn — >h\hift & triquarta qui- 

deqi totx, erit az r^; fed femitot» alia viterior quafi tri- 
quarta ^4 — 4*3^3 tf^ri — 4*3?--* 43 , nihil. 
Ideoque perindeeft , proprias computare femitote tri- 
quartas, pro communibus j atque vnam amplius adi/cere 
triquartam nullam, pro non communi abfciflione. Quarc 
omnes triquartj , fcmitotf , funt Q.a$ r$ — 0. 4*3 r? -+ 
0.^3^2— 0.4^3r -+ ; reuera pauciores, quam 
ipfius tota? funt abfcifllones ; fed perinde cequales , atque fi 
totidem riuraerarcntur . Totx autem , triquarts omnes, 
funt 0.43*4; reuera totidem, quot funt eius abfciffiones. 
Et vtrarumquediffercntia, 0.4^3^3—0.^3^2 -+ O, 
4^3 r — O a $ , eft decretnentu ipecrti O.a 3 r4.Quod &c. . 

lifto m tjabula fpeciof3, inlquaito, & in quintultimo Ia- 
tere, fpecies 0.aqr$ : quam praccdentes in ejuaito latere, 
funt/pecies, O a$rs ,0.air$, Oary, O.ry: quartseatr- 
tem bafis tabute multiplicium j numeri funt 4, 6, 4. 

Dico fpeciei O.^rj ,,decranentuto*fle O. 4*3^3 
0.6a*r$^0.$ar$*~0x$. \ >f; 1 4 

.1; \Demonfir. . ::*r?/::i. • ."V:-;- .<* 
/>• | 0.6a$r2 1 0^6air$. ?.:«>.; i' : 

j 0.4^r: 0.4^3. / . 

i \0^ajrsrrC^43^^ c* 

: . E % ' 

1 
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| 443/3 — 0.642r$ ^+ 0.4^3 — O./3. 

f. h. f Scd 0.43^4, & 0.aqr$ , decrementa fiint *- 
fup. 1 qualia : & eft 0.43/4 , decremcntum 0. 443*3 
( ~6a$rz 0.+a$r—0.a3 :ergoetiara 0.44/3, 
decrementumeft O.443/3 —0.6azrj -+0.$ati 
-~Q.r$. Quod&c. 

Hypoth. 3. 

Efto in quarrultimo latere, prima /pccies O.43 : & efto 
femitotatertia 0*3. 

Dico 1 decrementum 0,43 , efle m$. 

Demonfir. 

Pro communibus enim tota? , & femitotar abfciflioni- 
bus, csedem vtrarumqjfunt abfciffe ; & in propofita fpecie 
O.43 , rcfiduanulte.-provlteriori vero abfciffione, tot* 
propria, vltima eftabfciffa, vnitateminor , qu£m tota, id- 
eft, fcmitota w: 8? vltimaabfjziffa tertia, propria tota?, 
eftmj. Quare/pecici 0.43,decremcntu eft w*3.Quod&c. 

Qljare&c. 



t 

Thcor.^. r Prop.^. 

TOta quselibet, eft «qualis, aggregatis omnibus mi- 
niisordinatarum abfciffarum fpeciebus,^ vnitati, 
accep tis fecundum numcros multiplices, in bafi fibi arquc- 
ordinata iacentcs. 

ifypQth. 

Efto tota quinta 1 5 5 qua minus ordinat* abfciffie, 44, 
*$>*2>>*>»i quarum fpecks^ O.44 , 0.43 , 0.42 , 0.4, 

0.m 
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Ojt: &eftobafis quinta multiplicium , cuius numcri, 
10, 10,5. 
Dico f 5 :• O. $d+-*0. ioa$ O. toax 0. 54 

m 

Demonjiratio. 

t . b. | O.45 ,&0.r5 > «qua!iafuntincrcmenta:quo- 
% b \ rum alterum , /5 $ alterum , 0. 5 04 0. 1 0*3* 
\ -+ O.i 042 6.5* -+ O.U -+ 0. . Qudd&c. 

1 Quare&c. ~* 

. . . • 

T 

DEmonftrare , qualiter acceptis totis, quaeque mafla 
eftaequalis. 

Mtthodtts Demonjkathnis . > } v * 
Oportet in demonftrahdo , ^rocedere , aprioribus 
bafibus tabulae fpeciofie, ad pofteriores 5 & in fingulis ba- 
bbus, ab exteiioribusfpeciebus, ad lnterioifcs. 

Porro in fingulis bafibus, pro prima, & vltima 
fpecie,vnaeftdemonftratio$item pro fecunda, 
& penultima 5 pro tertia, & tritukimaw Nam,ver- 
bi gratia, fecunda, qualitcr acccptis totifrdemon- 
ft rabitur a?qualis$ taliter acceptis, #quali$ eritctia 
pcnultima : quia conftat , fccundam , & pcnulti- 
h *■ J mam , efle a?quales. ' ; i 

Sub hoc vno titulo, theoremata conucniunt innumera- 
bilia : cum enim tabula fpeciofa, fit producibilis in infirii- 

habec maffcs innumertSilo$i xdeft, feimte/- plures, 

- - — ... ^ 

quam 
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gtiajn qupt-qnjfque affigtfa«erir. < 

Vnatameneftomniumcommunis raethodus dcmon- 
ftx^pdi i&dua fonf ;argumentai.vnuiii , ab *qua!ibus cu- 
iufdam fpcciei incrementis 5 akcrum ab sequalibus decre* 
mentis. ...... 

ftrp vltcriori methodi ennarratfonc,dabimus triginta 
ffKSheoremtfa ; quee fofficiunt , pro verticc, & bafibus t^- 
bul^ fpcciofe,.vfque ad decimam inclufiue: qusdam de- 
monftrata pcr vtrumque argumcntum^ qu#datr> folum 
pcr akerum ( 5 qusedan^denique-iinc demonftrationc. 



i. O.ui t~ti. 

r 

Demonftt. i. 

Q.h: tr-u. <>uod&C> 

. < / fc ; Demonfir. % m \ : , 

O. decrementa fuat arqualiab .\ 

- ,; , i ; Demonfir* l. > : '.-i .!■;...: ; - j 

* L \:0. ■Qnod.&Ci- , :. : , . J. , u7 
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Demmftr. 2. . - 

; j 0.*2, dccromenu&ar^qualia. 

O. 2*: m* -+ Om* 0 ; 

miz 

\0.za\tz— u Quod&c. - 

mmm ■ ' ■ ■■ ^ 

3. 0.6ai: 2t$ — $n ^+u . 

Pvponflr. i. 

4. fc. 
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def.zl.h 



■ 

■ 

■- 



0. 3*2 -+Om -±ui t$. 

0.5*2 -*0.5*-+0.2*#^ 2: 2fj # 
0.5*2 : 2f3 21*— 1». 

0.5*: 3*2— 3f # . ; : - . 

0.2»: 2f— 2. ; . > v : . 

0.5*2 : 2^3 — 3^2 ^-^r QuodSfo c ; o 
Demonftr^z. 
J 0.*3 , decrcmcntafunta?qualia. 
0.3*2—0,3* -+ 0.«: W3. 
0.5*2~0.5* -+ 0.2*: 2*23,. 
P.5*2 : 2^3 -f 0.5* — 0. 20.. _ w 
2^3:2^3— 5f2 -4-5*—- 2r . 
0.5*: 3f2-~ 3f. - :\ 
/>. ]0.2#: 2f— 2. * / . . 

0.5*2 : 2^3 — 3^2 -* f. Quod&G. 

mmmmmm— 1 i ■ m* ■ i i> ■ i« n m ■ ) i w. 



■ . • 



3. fc. 



icf.^uh 
fup.iL. 



• - ■ * 



.... i 



4. 0. 
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4. 0.6ar: *3 — *. 

Dmonflr. 1. 
I 0.42r , incremcnta luntsequalia* 
3 » ] O.zar -+ 0.r -+ * : 0.az -+ *2^ 

j O. 1 i*r -* 0.5r 1» tf* : O.642 6tz. 
O.uar: 0.6ai ~-0.6r **6tz~-Ce. 
f*P*h 0.6az: 2*3 — 3*2 -**• - 
/ty.x. 1 D.6r: $tz— 3*. 

\ O.izar: 2*3 — 2*. 

1 0.6 ar : t$ — t. Quod &c. 



3. fc. 



Dtmonjbr. 2. 
| 0.42r , dccremcnta funt arqualia. 

0. 1 20r~-0.6r : 0.6az. 
O.izar: 0.6 ai •* O.tfr. 
0.tf4i : 2*3 — 3*2 •* *. 
0.6r: 3*2»-- 3f. 
O.izar: 2*3 — 2*. 
0.6ar:ts~~ u Quod&C. 



P 4.fc 



5, O.443 : *4-^2*3 ■* *2. 

Demonjlr. 



• » - 



O.443 ■* 0.<?42 ■# O.44 ■* 0.» *4. 
O.n: t~> u. 
0.44:2/2 — 2*. 



Af. 3. 1 0.tf42 ; if$ ~ 3*2 *. 

• . — ...... — 
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1 -* xt$ — ti : tq. 

] 0.4*3. .*4- J -2f* -* n. Quod S 
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fitp. 4. 

- 



6** *OiZ2bir-}vt+-H. *DemonJl.z; \ 

— 1 Orfij r r mcfetnenta fimc a?qualia. - 

1 0.3 air -*0*3ar>-*>0 i f'Hpt : Oify -*t}. 
O+liair hh O.nar O^r -* 4f : O.qa; -* 4^3 f 
0.i2dr.4*3~-r2*.> »* - - O.qr: lii^it. 

O.i 242r :f4— f2.Quod&c - ; •• Dihonji.z. 
O.azr, decremcftita funtigquaJto 0 
0.342r--0.3^r^O:r;0^j: ' ' 

O.l 2^2r— O.n^r O.^r: 0.4^: t 1 
0a2*rV2f£~2f.rU 1 — - : 
•0.4r::ite — +~*-c* — «p.c-^i.O | 
O.443 ;f4^2f3 '.V" ; [ 

0.i242r— 2Sf3 -«^'^r?fi4-^i't$ -4fiv j 
0.i2^2r;f4~^^JUod&:e. :, ° 0 4 



3, fc. 
/«p-.iC - 



7, 0.3044:5f5~i5f4-*.ltrr3^-S^ ?i0 l v ^ •<* 
4. O.5rf4^tt;l*a9^0flP^'^ f 5. 

/Vfr, 1 .^ra* f 2>j-. r ^o-a^-oa? 3^f^^>oir. 

/V-5. 



0.I2O42:4Cf3 ~5of 2-*2 QV- r '~*& j 

odp^JtfoffUJdfi; 



:*to*.0 



0.12« 
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0.12«: 1 2r-- I2m 

(9.do44-+3or4-r* ax>f$-f2f ; i2fj.. , o 

0.3 044H: 1 jf4— Ipj^-ff t&£ t 

0.3 oa± : ^5 — 1 $f4-*i cf 5 — r. Quod &c. 



* • . . 



4 r 5 



^15/4 



8, Q£oa$ r: 3/5 — $'3-+2f. 

Demonftr. ... 
1 0^4r, dscrementa iunt «qualia* 
. fc. 0.4^3 r — 0.6air -+p.+ar — Or : O.44. 

0.12043 r— O.180 42r-*- 0*120 ^r-'- O.3 or: 
0*3044. . , ■ . » ! 

/*p.tf. 0.i8o42r: 15^4— 15/2. 

>p-4. O.l204r:20f3 — 2Cf. 

/ V .2. 0.3or:i5f2~ijr. 
/ V . 7 . |o.3044:^f5-..i5f4-nof3~f. 
0.12043^— 15^4-* 20*3 .- jc 
10^3 — f. 

I 1 0.I2O43r: df5 --iof3H:4f. 
0.tf o43r: 3/5 — 5 f 3-*2f. Qupd &c. 
■ 

■ 

» O.J04ir2;f5 ~f.^ 

Dewonflr. 

I Q*lt%> decrementa fiioc «quafia. 
0.j42ri r-O*34n^0^a ;0.243r— 0.4J. 
- 0.i8o42rz~ l8c4r2-f 0.5cr2:0 # i2C43r^ 
0.^043, .... . . ; : ; 

45*M. Io.i8o4r2:i5f4-^iffa. • ; 

i ^ Ojorzt 
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jup. h 0.6cay:iM~3<i$3-*i}tz. 

1 O.i 8o«r2 *Wr+ *°tl — i Jtt -+ ror : tfrj, 
- J — j 544-+ 2 0*3 :— t Jf2-*4f. 

| O.i 8o4ar2 : tff 5 — tff. . : • c ' \ ; 



rXO» -&i245^*fd>^4ff 5^5*4-^x2. 

12. OydFcwjifa:^— f2* 

13. O.^t^^^fy-wiif^-nifjp-ryf^-f^ 

• ; . ; 114.- ftftf 4p J9f*yt$ ^tt. : 

; 15. • 0<tfrl 0441^: wj+^yty* 5 f.^. 

15. 0.42043^3 .-3^7-+ 7f 3 — iof. ■ ' 

1 7. O.2447 : 3f 8 ~ 1 2*7-+ 1 4ftf — 7f4-+2f 2. 

iBm Q.lj6fid6r^$tiL-*r 2lt+ I Of2. 

19. 0.1*845™ :f 8 ~ 7*4-^2. 

20. 0.84044^3 : 3^8^7^4—10^2. 

f 0;jwu4t8: iQf^ w45r8,-+ 017 — 42^5 -^20*3 

— 3f. - : .. '-:-.* 

22. O.3 5047^ ; £f£y-r Jof7-+53f5 — 5of3~H2f. 
„ r.2;3^;0.it2^Q4dr2:5tp— 53^5^-1 QQf5~42f. 
..34. Qia^253s4ST3 : 5*P-* 2 1 f 5 ~r-!M ; o£ 3^ 84;. 

%6. 0.2oa^:it 10 — iofp-+ 1 5^8 — i^ftf * 10^4 

— 3f2. 

«: L \ F 2 27.O.180 
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27. O.i HoaSr : zi^o-^^^w^a^^w^i 

28. 0.36cajri :A£©^2tt6-^*<i>4^5tf j,0 j 

29. O.84o*tfr3~;tfi^0H^rt^ ; .>/ 

31, 0.66aio: ^t^J3W^$f<5N^^7H.k^5 

32. 0.66 oa$r : 6*J8ib^ft^+%it?^^pfy *3 1*3 
?zz$.QL~ Z - 

3 3 • 0.99oa8r%tui f ±t*<ffy-+% hbt$^t jf #3 ^5 1. 

34. (9. 1 3 20*7^3 :aaf+*pff — itootrp*p$f}i$-riioot. 

35. a23io45r4:riiH.5^^2^irj^p7r 5 ti >M 

36. 02772^5 UI Ir-ra«5>4^JI^344k2l6i. , 1 

Etin infinitum > ea<^emnj^hedpifijp^^dlta.^teft 
demo»ftrari, quaJitqaa^pti^totis*^^^ eft 

arqualis. : — tj; • n^uo^f.O .bi 

.* , ; - i • J>'*l\ r&f r.O .^t 

. o : f — fct: sija^i.O . r 

DEmqnftrafe^uaH^^ fifoitati$, qiweque 
mafla eft sequalis . .v c — 

.< i i \ s ; ---- ?>} <ftfgtk>S)em<toftr± * > O . r - 

Opqrtct prarfupppiiere-tbeprctnftt demdnftrata iiu 
prceofcdemixlimicuitifque mcfe;prc>prw:^mdB totas re- 
folucrc in fcmitct^per^ 1 pwfc fequitur. 
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f 9 : m$ •+ pmH -+ 5 6mj -+ 840N? t* £2^5 -h^-i i6m^-+ 

>" f 1 o : w i o-n 0WP-+4 5 m fo jLZ&mj-+2 i.om6-+ 2 5 2 w 5' 

> r^i.o»^^ ±cwit±4$mz?+ iom-+u. . 
^ fll : mu -+ 1 iwio^^jwprK i(55»*8 1313 omj -* 

/1 Vnde , pro triginta fex the^Qinatis: propofeis in prae- 
cefcm 9 & (te^nft&hilihuH aW* triginta fex propone- 
* mus , in prsefenti , demonftraW&b videlicet . 

2. O.iaxmi&rjpi -r n-^vi-. : 

3 * r ^^^r^^^^-^r t ^ ° ' • : * • 
4. 0.^4r;i»3-+3W2H-2w. 
* 5- i0.443 : :7»4-f2«i3^^iaM 
6. O.nazr tm^^ni^^rpz^^m. 

' 8* i oajr ^fflf -* j 5 & 2 5 0*3 I $W2 -* 

* « 
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9. O. 3 o air i : w j 5 W4 ^ 1 o »3 at a o*n' 4**. - 
10. O.i 2*5 :im6-+6mf *-*fyfat±»VAz m P',^; « - 
H. 0.5o/f4r;2;»5Hhf 2«J^ 

«ijwr ©tf 043 rs;»*? h-<W*5 h- j fmfJ*%om% ^iqmz . 

14. 0.8 4* 5 r: 2^7-1. 14^ -+3 50*5 tfm%~*.~jm$ 

15. 0.2 1 o a$rz ; 2?» 7 ^114 fo6 42 fn j 0*700*4-«. 
v" 53/#3-K2S:if02 :2to.- ; ^:; r - ; . • • : : • 

1 6. O.42 wjrjc;. 3^7 + 2 iw&-*6jm$ h- 1*05 0*4 

L7. 0.%w:}to2^vm^^ 

18. 0. 1 5 8 <i<5r; 3 w 8-+ 2 4 W7-* 7 owtf -+ 8 4>»f h* * 1 ;»4~ 
- '. r: i 2&fo?~x ti<mxwiimi • : ;; y- n : : : i 1 - 7 , .?.V 
X9.;ta;iffi^ 

20. O, 840*4^3 ; 3m8^2^j^84m6 -+ i 68m$ 4 

2 1 7/7*4-*-! 9^3-H 1**12-1- j^m. . ■«.; : 

»1. O.9048; iowpn- 4 5^8 ^^7—4^^20?^ 

22. 0.%6 oajr:im9-+tfm8 + 15 omj-ht itimG-*6 3 

— l t o5»>4^- jowajrf 3 o>»*H.ijiw. v 

23. O.t*6oa6r^ 5109* h- 45^8 h- r8o>«i7-f4 2 ow^> 
*~ " 5^70x5 ^3 1 5 »14-^ i j 07*3 -~ 13 ow* 

24. 0.2520^5^3; 5W9 -+ 45^8 -+ 180^7-* 4*0 wtf-+ 
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d"5 IW5-+73 $m^^zqm$ -+6omi — $6m. 

% y. 0.6 3 0*4^4.^9 -+90* 8-^3 6mj H^m6 j 2 6m$ 
»+ j*<5>#4-* 104*03 -*$6m%^^%m. 

*6. 0.* oag : 2«i 1 0-+ 1 owjh- 1 5 /»8 — 1 $m6 I 00*4 

27. O.i 8o*8r: 2 w 10-+ ^omp^j 5 ;»8 + 1 2 o«i7^4*j*tf 

— 84^5 — 5ow4-+4om$-*2iwa — 6m. 

28. 0.35047^2:1010-* 100*9 -1-45*08-+ izomj^ 

I$$m6-*ii6mi — 5 5^4 — IOowjr+24^ 

29. 0.840^3 ; «no-+ 100*9-+ 45 0*8 t+ 12 0*07-* : _, 

2 1 7/0*-* 2 941» 5 -+ a tf 5 w4-*5pw3 ~ 1 o 9jn% — 
6yn. 

30* Oji6oa%r^ : 'mig-h 100*9.71-450*8-+ 1200*7-+ 
2100** -12520*5 -+2300*4-+ 2 oom$ -+ 144*02 •+ 
48». 

31. 0.66aio: 6mi\ *+ 330*1 0-+5 j;0S> — 66mT~* 

66m<) — 33m$-r*}m. - 
3» 0.66 oagr : 6mii 66mio -* tjiw* 495P*%-+ 
\ 1^80*7 — 4^2^^ — 33 00*5 -+3 3 00*4-+* 3 1^3 

— 990*2 — 50«^ > 

33. O.P9o^8r2 : 2^1 l-+2 20*io-+l 100*9 + 3 309*8.-+ 

5 949917 -+ 4620*6 — 242*05 — 55 0014 — 1 10*$ » 
-+2ji »»2^421». j • 

34. 0.i32047r3; wi l-+iiwio-+55W9-^ 165*08-* 

5410*7-+ 5*90*6-+ 583*0$-+ 1650*4— 3 S a ^J 

35. 0.2iiO^r 4 ; .^^^ja^i»*^ 165*08 *+ 

■ 
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3$omj-+46im6-*fl7mi-+6o$mq.-+ 4840*3 — 

f °|3o^7rf4fr2Wtf444^ ' 
528W2-+384W. •* " 

^Sfcttt autem poffibile cft , vltra decimam liafim fpecio- 
& tabula* , in demonftrando prdcedere, in prarcecfenti,- & 
oftfcndfcrc, qualiter accepis totis qt&que mafla eft #qua- 
lis : ita poflibile cft-in prfcfenti procedere^S <tembnftrare, 
quaHter aceeptfe feni irotis/qtf seqtfe triafla ctt^quata.' 

Tbecr. 7. Prop> 7. •'*•'•'' 

DEmonftrarc, quatoer accepci* fefquitotifc ; ^u&que 1 
. maffacftfcqualisi. — l r ' ^ < - - °; 

Meth. Demonftr. 

Oportet prefuptportttte * tBctrrfcttStiy tffeta^fttaci^ 
fub titulo prop. 5 . fc. fua cuiufi^ai^oprrardeiri^Ptotas 
rcfoluere infefquitotasp#f«&/Jr8.^ ^p^Y^pM fe- 
quituri • • - 1 c • c < - ; "" * ^ * 

t^:<[%~4 t <\l-*64p. — 4^-+w. «*f4-£wi ? w- 

f 8 ; ^H^s^^p^ 5 ey^^b^ s^2 
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tto: $10 — 10^4578 — 120^7^210^— 25275 

-+ 2 1 074 — 120^3-45^2 — 1 o^-ta. 
n 1 :?i 1 — 1 lfio-t 5 5^9 — 1 * 5? 8 "*3 S°<17*- ^ 6l i 6 
■+4**f5 "3 3 oj4-*itf 5f 3 -~5 5?*-+* *f T* . 
Vtyle , pro triginta fcx theorematis , propofitis in 5 A 
alia tnginta fcx proponemus, in pra>fenti,demonftrabilia, 
videlicet. 

1. 0.»:^— 2. 

2. O.iaiqz — iq-+%. 

3. 0.^2:2^3—9^2-4.13^^. , . 

4. 0.6ar :<i$ — $q2-+2q. 

5. 0.4*3 : <ft — *?3 ~* 1 3 — 1 2fl -+ 4- 
tf. 0.l242r:</4~4<73 H '5?*-- 2 S>- 

7; 0.3 0*4: ^5 — 4394-* 1 3 0 ?3 — 1 80 tf 2 ^ 1 1 H 
— 30. 

8. 0.6oasn 375 — 15^25^3 — I5fa-+*f 
0.3oairt:qj ~ 5 74-+ 1073 — 1072-+47. 

10. O.1245 c ^6-- 1875 65^4—120^3 -+11^2— 

11. O.5o44r. ?^--i^5^ 8 5f4~ 2 °f3^3? 2 ^^ 

I 3. 0.424* : 6cfl—6%<{$ ^*73qf^t3W* & 3 3?3 

— 63oq*-+2l3<l- L 4*. 
14. 0.844 5 r; ifi- 1^6 3 W ~ 3 5?4 ^ 7?*^ 

G 15. 0. 
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1 j. O.zioaqri : 277 — 1475-+4275 — 7074^53 73 

—-2172 — 27. 
15. 0.42043^3 ; 3f7 — 2 175^5375 — 10574-H1273 

— 8472-4-327. 

17. O.2447; 378 — 3577+11 8275— 50475^83374 

— 84073-+5 0572 — 1 587-4-24. 

18. 0.l5845r;378 — 2477-47075— 8475-4-2174-*. 

2873 — 1072^-47. f 

19. 0.15845^2:78 — 877-1.2875 — 5575-1-5374 — 

2873 — 872-+ 87. 

20. 0.84044/3:378— 2477 -+-8475— 15875 -+21774 
— 19573 -+ 11572—327. 

21. O.9048: 1079—13578 -* 78077- -2 52075 -+ 
499875—53 0074 -+ 5 05073 — 2 5 2 072 -+ 7 1 77 

£2. O.35047r; 579—4578 Hh 15077 — 21075 -+ 
5375-^10574 — 5073^-3072-1-127. 

23. O f l25o45r2; J79— 4578-+ 18077— 42075-* 

5 *7? 5 3 1 5 ? 4 — 1 1 °? 3 -* * 5 — 1 

24. 0.252045^ .-579— 4578 18077—42075-4- 

^5 1 ?5 — 73 J ?4^- 5 ^ 073 — 5072 — 957. 

25. 0.5 3 044^4 .-79^9? 8 -+3 577— 4875-*. 1 2*75— 

1 2574 1 0473 -r- 9572 -+487. 
%6. 0.2 049; 271 0—3 079 -4. 1 9578—72 077^ 1 666q6 
~2 5 2 075-4- 2 5 3 074- 1 58 073 h- 7 r 772 — 1 8 07-+ % o 
27. O*i8o48r; 2.710 — 2079 7578 — 12077 Hf* 
4275«+ 8475 ~ 5 074— 4073 -1. % 172 -4-57. 

^ 28. O. 
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28. 0%36oajri:<j\o-~ 1079-+4 5 78—12077-+ 18976 

— f 267 5 — 5 574H. 1 007 3 ~ 247. 

29. 0.84046^:710 — 1 079-f 45^8 — UOfj-+n 776 

— 2 9475 -+26574 — 6073 — 10872-+647. 

30» 0.126045**4 .-710 — 1079 -+4578 — 12077 -+ 
2 1 075—2 5 275 -+ 2 3 oy4*-2 007 j 1 4472 —487. 

31. O.66416: 6711--99710-+ 71579 — 297078-+ 

7854^7 — 1386076-+ 1669875-- 138^674.* 
788773 —297072 -+6657— 66. 

32. 0.66oapr: 6<ji I —667*0 27.579 — 49^78-+ 

19877H-45276 — 33075 ~ 3 3°f4*+2 3i?3 ** 
9971—507. j 

33. 0.99oa8r* /271 1 — 22710 -1- 11079 — 33078 -+ 
59477 ™ 46276— 24275 -+ 55074-— 1173 
23 172-+427. 

34. 0.i$2oayr$ : 711 — 11710-+ 5579 — 16^78^+. 

34i?7--53P?^583f5'~ I ^5?4— 35*?3~* 

22072-+327. : - ' ' 

35. O.23 I046r4: 71 I — I I7IO-H+ 5579^-16578 -r+ 

3 3 077—46276-+.5 1 775*^60 5 74+48473 -+ 8 872 

— 2327. v, : ; 
3^. 0.277245^5 ^71 1-- 1 1710-+ 5,579— 15578 t+ 

33077 — 46276 -+44075 — 22074-U7673 — 

5 2 872^+3 847. V 

Sicutautem poffibile eftjvltradeciniatn bafimlpecioff 
rabula? demonftrare, qualitcr acceptis totis quarquc tnafla 
cft xqualis, iuxta mcthoduiti 5 .fc. itapoffibite eft , eriam in 

G 2 pne- 
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prjefentiproccdcrciniofinitutn, & demonftrare , etianL, 
vltraderimaml>afim > qualiteY acceptis feiquitotis , qua»- 
quc maffa cft aequalis . 



The&r.S.Prop.S. 

DEmonftrare, qualiter acccptis primi latcris fpccie- 
bus,qua^uemaflacft*qualis. - • v 

Metk Demonjir. 
Sub hoc vno tkulo , innuraerabilia theoremata cenferi 
poflcnt > quorum vna communis eft methodis demon- 
ftrandi,pcr 5 . b. refoluendo ma(Tas,in totas fibiaequales; 
& per 4. k rcfolucndo totas , in (pecies primi lateris fibi 
aequalcs . 

Pro vlteriori methodi cnarratione , proponemus vi- 
ginti quinquc theorernata, vnum cum demonftratione, S* 
reliqua fine dcmonftrationc : qua; poftunt facile demon- 
ftrari, fccundum methodum affignatam . 



I. Oiar:0.ai-*Out. 

Demonfir. 

5 .\ 0.6ar : t 3 —f. , , . 

4. *. W 1 0,$a%-+0.ia-+OM-*m 
t:Oj*-n4. 

0.zar:OM-*0*. Quod,&c. 
i. 0.6air\0aa$-+0.ia^-+0.a+ 
3« 0. 4*3 r: 0.44^.2*3 +O.42. 

4. O. 
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4. 0.6a2,ri:O i a4*0.ia$ -+Q.iai-*0.a. 

5. O.3 oaqr :0.6a$ -»0.i 544+O.I 043 — OJ. 

6. O.5043 r2 ;0.545-*0. 15 44 -i-O.i 043 ~+0.i$ai 

-+O.44. 

7. 0,i zay:0.za6^0.6a$-^O.^a^ — O.ai. 

8. 0.3 044^ :0.ia6 O.545-+ O.i 044-*- 0. i 043 -+ 

O.342—O.4. 
5. 0.2043^ .0.45-+0. 745 -+O.544-+O J43-+O.442 

10. 0.42a6r.'0.6aj-*0.2ia6-¥Q.2ial — O.ja^-tO.a. 

11. 0.8^a$r2 ; 0.447-^0. 1445-4-0.2 845-^0.3544-«. 
O.1443 — O.742 — O.4.4. 

12. 0.42044^ ;O.r247-+O.4245-*0.8445-+0.l 05 44 

-+O.9843 -+0.53 42-fO. 1 60. 

13. 0.2447^ 0*348 -+0.1247-+ Q.1445---O.744-+ 

0.242. 

14. 0.8^a6ri: 0.348-^0.1 247-+O.2845-+O.4245-+ 

0.2 I44~ O.I443 — O.I042-+O.24._ 

15. 0. l68afr$ ; 0.348-»- 0. 1247-1-0.2 845-+ O.4245 

O„49d4-*0.4243-t0.44* — O.I24. 
I tf. 0. * 1 044^4 ; 0.3 *8 + 0. 1 247+ O.a 845^0.4245 -+ 
O.4244+P. ^ 843-1-0.3 242-+O.I34.: 

17. 0.p048r . O.1049-1-O.4548 -+0.5047^0.4245-* 

O.2043 —O34. 

18. 0 35047^2: O.1049 .* 0.45*8 -* O.12047 -* 

0.21645 -* O.11545— Oi 05 44"-C>i 0643 «* 

' ' 0.3 042 -*0.24*^ V 

19. 0. 
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1 9. O. 8404^3 : 0. 1 ca$ ~* 0.4 548-+ O. r 2 047 

0.21045^0,2*445 0.3-15-44 *■+ 0.60*3 

20. 0. 1 250^5^ ; 0. 1 049 -+ O.4 548 -f O.I 2047 -* 

0.2lCrf<J-f0.2J24S -f O.2IO44-fO.2004J -* 

0.i(?542-t0.484. 

2 1 . O.ioayr: O.ia 1 o -+ 0. 1 049-f 0« 1 5*8 ~ 0. 1 445 

-fcO. I 944 -~ 0*3 4». ; . • / i , 

2 2. 0.9C^l8r2 ; 0.241 0-*0. I 04p-f O.3 048-f Otf 0*7 

-K9.4246-— 0.424^0 5044-1.0.2 043-^0.2 141 
— O.34. 

23. O.uoajr$ :0.<no-*0.5^-i-0.r5d8-K0.3orf7H- 

O.494tf-*0,^^5 -*0. 1 5 44^0. J 04^—0.1 otf » 

-+O.I2*. 

24. .0.21 046>4; 0.41 o-fO,549^0;i 548^0.3 047-* 

0.424^0.42^15-0.5 5^0.^543,^0.842— 

25. 0.25245^ :0.4io-f 0. 549^0.1 5 48 -+0. 3 047-f 

0.4^45^0.42^1 j-tO.2044 — O.543 -+0.4842^ 
O.544. 

Aliaqtie poflun* 10 Hifitvrtmi proponi theoremata ^fif 
ckmonftrarijquibus pategt* qualit^r acceptis prifiii Jatcris 
fpeciebus/jufquemafla cft «jualis. r , 



Theor.%Prop 9 . 0 

DEmonftrare, qu#,& qqalite/ sfGepc? tqtaefpecies 
ineadem bafi vicinas^aliqmliteracjcepM^atquales 
ficiant. c . E X 
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Ex fnnumerabilibustheorematis,qu* funthuius tituli, 
proponimus vigintiquinquc: &ex hisquatuor folumodo 
demonftramusj qua» fufficiunt,ad oftendenda methodum. 

Detnonftr. * 
5-fe. \ 0.6*2 :^t$—lti-*t. 



%. h. 



0.5*2-+ 3^2 —/; 2x3. 1 • \ 

0.6ar:t3 — t. 0.\2ar:iti — ^t. 

0.l2ar-+2t:zt$. 
.0.6ai-+in—t:0.l2AM2t. 
\0.6ai-¥it2:0.l2ar-*su * 
I -+*» :0.44r-»/. Quod&c. 



2. 0.ia$-*t$ :0.6a*r-ttK 

1 r Danonflr. 
O.443 :/4~ 2fj-H2. 0.443^2/3— /2 ./4. 
0.ia42r:r4— f2. 0,i2«r-+f 2 ;f4. 

0.443-+2/3 — t2:0.i2air-ttz. 
0,4*3-*2t} :0.i24ir-+2f2. 
0.243^3.;0.d42r-+r2. Qqod&c. 



5. fc. 



♦ > * 



3. 0.544-+f4^ft 0.2443^4/3. 

Demonflr. 

j.b. | 0.3044:^5 — 15^4-+ jof3— r. 

j O.3 044-+ 1 5/4 — 1 0*3 -+f ; 6t 5 , 

5.** J.O.d043r;3f5 Jf3-?2r. 
J 0.^043r-+5f3— 2f;3fj 

> O.l!io43r 
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5 .b? | O.i zoasr^ j.0/3 -r-4 / : 5/5. 

1 O. 3 044-+ 1 5 /4 -~ i ot$'-*t : O. 1 2 043 r-f 1 o / 3 ~* 

*' . 4/. " ' M : . "i i- 

0.3044-* 15/4-^5/: O.iiotfjr-fcZofj.- • .1 
O.544 -+3 /4-+*: 0.2443^-1-4/3. Quod&c. 



- • 



5. b. 



I 



0.i243r-+/3 : 0. 1 Sam -*/ . 

Demonflr. 
5.*. | 0.5043^3*5 — 5*3 -+j/. 

0.5o43r-4-.5t3— 2/;3/5. ; 
0.3oairi:ti~~t. * : . . 
0.$oair%~+t:t$ . . * v *. 
0.po42r2^+3/: 3/5^ - - 
0.6oa3r-+$t3 — ^/.O.po^ar&jH-j/. 
0.5043^-^5/3:0^04^^5/. 
j 0.1243^-+/$ : 0.184^2'-*/. Quod,&c. 
5. 0.545-+3f5-^lf2:0.3O44r-v5/4.. - 

5. 0.1244^/4 .-0.2443^2-^2. 

7. 06 45-+ 3 /5-1-4*3 :0.3545r-+5/5-+/. ' 

8. 0.i245r-^/5-*-/;0.3044r2^2f3. 

9. 0.i844r2-+/3 :0.244}r3-f/. 

10. 0.6aj-* 3/7^+7*4 :0.4245r-*7Z5-fjf 2. ^ 
H . 0. 1 245r-+/5-+ 2f 2 : O.3 5*5 r2H 3 /4 . 

12. 0. 1 845^2-^/4 :0. 3 044^3 -+/2. , 

1 3 . 0. 3 048H. 1 5 /8h 5 5/5 -+pr : 0.8o47th4o/7-+4o/3 

14. 0.5o47r-+5fpn2 5/3 :0^2TO45r2-+2i/5-+5>/. 
15» O.3045r2H-2/5-4v3/:0.5<>45r3H5r3 . 

16. 0. 
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lf* 0.1 2 0*57-3-+ 10*3 : 0.15044^4^5-*.^ 

17. 0. 1 oap-* 5 f s>-+2 8rtf 1 2n:0.9oa8r-* 1 5/8-tj 0*4« 

1 8. 0.5o*8r-+5r8-t-5of4:0.2 4O47r2-+28/5-+27r2, 

19. O.^o^^ra-^ftf-nS^Oaio^tfrj-^^. 

20. O.i2o*5r3-+ior4:0.i8o45r4-+f5-f 9f2 . 

21. 0.6dio-+3fioH-24f7H- 24*3 : O.5o49r-+ 10*9 

-+3<Sf5-+5^ . •■ j 

22. O.5od9r-t-5f0-+9o*5-*2 5f : 0.27048^2 -+ 36*7 

-+84*3. 

23. 0.9048^2-+ 8*7-+ 5 7*3 : 0.24047^3 -+40*5-* 2 5 r. 

24. O.i 2047^3 -+i 5 ^-+25* :0.2io4<5>4-+r 7^3 9*3. 

25. 0.304^4^6*3 :0.3tf*5r5-+*5-+5r. 

Et alia huiufmodi proponi poflunt mnumcrabilia:: qui • 
bus in fmgulisdemonftrari poterit, quae , & qualiter acce- 
pt£ totae, ipecies in cadera bafi vicinas , aliqualitcr acce- 
ptas, «quales faciant . 



Theor.1o.Pr0p io* 

■* 

r 

DEmonftrare 3 qu#>&qualiter acccpta? femitGtce,fpe- 
cics in eadem bafi vicinas,aliqualiter acceptas, 
aequales facianr. 

Pro mnumerabilibusthcorematis huius tituli , viginti- 
qumquc proponimus, &vrlum dcmonftramus,adoft«v- 
fionem methodi . 

!• O.242-+W2-*-W;0.44T* " 

H T>t- 
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Demonftr. 
0.6*% : %m$-±ltM*m. 
0.6az — $mz — m:zm$. 
$. h. ^ 0.6 ar :mi-*imi-+im. 

0.i2ar:2ms-+6mi-*qm. 
O. I iar — 6mi — \m ; imj • 
0.6ai—~3 mi-~m:0.i zar — 6mi ~ 
0.6ai:O.i20r — $W2— r$m. 
O.iai :0.qar — mi — m. 
< 0.iai-±mi-±m : O.qar Quod &c 

2. 0*i*i-*mi-*zmi-*m :Q.6a*r. 

3. 0.6a$-t$m^-+8mi-*6mi-+mi0.i$air. 

4. 0.iia3r-*-m3-+$m*-+2m :0. 1 Sain . 

5 . 0.6 a^ h- 3 m 5 h- I omq-+ 1 oml-+im* :0.$ oa^r-vm* 

6. 0.iia^r-±m^-+^m$-*$mi-±*miQ.i^a$ri. 

7. 0.5*6"^3?»tf-+l2W5-+l 5W4-+4W3 :0.3545r-t» 

8. 0.i2a$r-+m t )-*5m^-*$m3-+4mi :0.3oa^n . 

9. 0.i8^4r2-f^3-+3w2-+2/»;0.24^3r3 . 

10. 0.6aj-t$mj 414^2 1^5 -+7^4 w; 0.4246V 
-±jmi-+3mi. 

11. 0.iia6r-±m6-±6m')-*iim$-*%mi:0.s6a$r*-±mi 

-+2m. 

1 2. 0: 1 Sa^rx^m^^r^mi -+$mi-t.im: 0.} 0441*3. 
13» ' 0.30*8 15^8 -*• 80^7 140095 -+ 56mf -+ 

lomi^^miO.x^oajr^jom^^-^oms. 
14. 0.6oajr -* 5^7 -* 3*0*5 -* 840*5 -* 700*4: 

0.2io*5/» 
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1 5.O.3 orf*»-a -+ zm $ -Ki ow4-. x$mw»i-V-6gn?f$ 

' . . .'*■ >, »- 

-♦5^4. 

_, l2?W 2: 0.9O<*8r-+42W5 30^4-^3^- 
18. 0.5O4«r-+ 5^8-^40^7^- II2W*-* 1120*5.* 

1 8w ; 0.240*7^2 -H-20W4 -+80 7» 3 -+ 7W2. 
15). O.voajn-* -jm6** 4^5 -* 8ow*4 -* 4°^3 • 

O.noa6rs -+27W2 -+a2w. 
20. a12045r3-H.20wj-1.3tf» 1 *-*' 16w:0.iSoay^ 

-+m6-*-6m5-+im4. 

-♦.34023 ;0.5o/Jpr-+42w6*^3 5m5-+^2-+5w. 

22. 0.6oa9r-+5m9-*4im2-*lWmj-+t6% m 6'+7 2m * 

-+ 1 <Sw : 0.27 oaSr 2^-3 6m<> -+ 1 80^4^ 2 4;» 3- 

23. 0.90*Sri-+Sm7-*56m6-* 128705-* 8ow^ 2»>; 

0.24o^7r3-+53W3'+6'lW2. 

24. 0.i2c^7r3-+40W4-*- 7^3^ umi: 0.%io*6r4 

-+w7-+7^5-f-5w5 -+24W* , 

25. O.3O45r4^8wa-+8i»;0.3tf45r5-nii5^-SW4 . 

Et omnino in qualibetbafi fpecjofetabute, propom, 
& demonftrari poteft,qu*,&qualtfer3Ccept« femitot f , 
fpecieswidnas, aUqualiter acceptas , «qualesfaciant. - 

~ J "~ * H 2 Theor. 
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Tbcr.ii.Prop.il. 
Emonftrare, qu* , Si qualitcr accep r* fefquicote, 
fpecics in eadem bafi vicinas, aliqdalicer accepcas, 
sequalesfaciant. 

Sub hoc titulo vigintiquinque proponimus theore- 
mata,ex quibusvnum demonftramus, ad oftenfioneau 
methodi . 

1. 0.iai-*qi-¥ii0.l*r-+iq 9 

Demonjlr. 

7*b. 1 0.6a%\iqi — 9,72-+ 137— tf, 

0.6ai-*lql-*6 : iqi — 6qi+l$q. 
0.6ar ;^3~3^ 2 -f2,^ 
0. 1 iar : 2q$ — 672 -+47. 
0.l24r-^; 273 — Gqi-Hty 
0.6ai-*3q2-+6 : O.iiar-tyq* 
0.2*2-+^2-+2 :0.4*r-+3^.Quod&c. 

2. 0.2*3 -+^3 -+5^; 0.5*2^472-+ 2. 

3. 0.5*4-1-3^4-+ 3 of2-*5 \0.l<\air-±\6qi-*2iq m 

4. 0.i2*3r-+^3H.2^:0.i842rx-+3^2 . 

5* 0.5*5^-3^5^.50^3-+ 31^; 0.30*4^-^20^4-+ 5872 
h-5. 

<?. O. 1 2*4r^4-f y^2; 0.24*3^2-^4^3 -+ 2fl. 

7. 0.5*5-r3^-+75^4-H.^3^2 -•■ ;0.35*jr-+ 24^5 

-Ul5?3-+37f. 

8. O.i 2*5r-*^-f 8^3 ; 0.3 o*4r2-+5^4-v 4^2 J 
% 0.i8a^ri^q^iqio.i^a$r^$qi. 

10. O. 
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10. 0.6aj-*. 377 -+ 10575 21773 -f 417 : O.4246V 

-+ 2 8<j6-+ 2 o 3 74-4. 1 2 97*-+ 5. 

11. O.imtfr-f 7# h- 1274-+ 27 .0.3545^2 -+ $7$ -+ 873 

-72. 

12. 0.1845^-^.74-*. 572 :0. 3 0*4^3 -+473 -+27. 

13. O.3 048-+ 1 578 -+70076'-+ 2 17074 -«.82 072 -+ 30; 

0. 1 4047^ -+ 1 5077 -^1^2475^.172 073 -+ 2 3 1 7. 

14. 0.^047^577-^8475-4-3072 :0.2lo*6r2-*3 57<5 

.+7074-+. 1 073 -4.47. 

15. 0.9045r2-+(>75-fr4573:0.i8o45r3 -+3074-4- 1572 

-* ^7. 

l£. 0.12045^3 -+574-4. I<?7 ;0.1 5 0^4-^75 -+2072. 

17. 0. 1049 -+579^.3 0077 -+l 30275-^82073-+ 937: 

0.9048r -♦- 6078 -+ 8 1275 -+ 129074 -+ 34872 

-4lO. 

18. 0.5o48r-#. 578 -+ 1 127^ -4- 8073 : 0. 24047^2 

-+.4077-4. 1 1 275 -+ 2074-^772 -+- 1 87. 

19. 0.18047^-+ 1475 -+ 10 574-+- 447: O.42046V3 

^.8475^8073^5472. 

20. 0.i2046r3H-^75 -+3 672 .-0.18045^4 -+75 -+574 

-4-2073 -+157. 
ZI. 0.6a lo-+ 3710 -+ 22578 -+ l$02q6 ~* 123074 

94*-*6 : 0.6 oapr-t-q.oqg-*. 69607-+ 1 54875« 
22. 0.6oa?r + 5 79 +1 4477-+ 1 8 074-n 67: 0.27048^ 

«+ 9 5 7 8 ■+ 1 5 8 7 5 -t- 3 6*7 5 -+ 2 47 3 -+ 7 2 7 2 . 
23.0.9048^2 -+ 877-+ 12875 -+6172 -+27:0.24047^ 

^4. 0. 
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Pofiunt haec, & alia huiufmodi, fub hoc titulo demon- 
ftrari, in infinitum, iuxta tradiram methodum : vt omnino 
pateat,qua?,&qualiter acceptag fclquitor^ , fpccies Ja, 
cadem bafivicinas, aliqu^iteracceptas^qualesfacianr. 

Theor. n.Prop. 12. 

DEmonftrare, qua?,&qualiter acceptae primilate- 
ris fpecies,binas quafquc fpecies in eadcm bafi W- 
cinas, aliqualiter acccptas, «quales faciant . 

Sub hoc ctiam tkulo , vigintiquinque proponimus 
theoremata,cx quibus vnum demonftramus,ad often- 
fionem methodi. 

1. 0.ai-+O.a:O.2ar. Demonftratumeftin8.fc. 

2. O.ia- -+O.~a2-+O.a:0.6air. Demonftr. ibidem. 

3. O. a ^0.2a$-+O.ai lO.^a^r. Demonftr. ibidem. 
4» 0^asr^0.ai^0.a;0.6a^r2 . 

T>emcnflr. 
y0.wr:O.a+-+O.243-*O.a2. 
O.443 r-\0.ai -*0.a : 0.a^0.2a^0.iai-+0.a. 
8 - h * 0.6air2 :0.a^0,ia^0.ia2-i 0a. 

0.4 t air-*0.a2-*0.a\0.6air- . Quod&c. 

5. O.i 5*4-1-0.10*3 :0.$ca^0.a. 

6. 0.6aqr-±0.iai-±0.iai-tOia:0.i2airX. c 

7. 0.2^-fO.d45-+0.j44;0.i2^5rrfO^2. , 

8. O. 



Digitiz&d byj^OOgle 



S E C V N D V* M. 6 } 

8. O.tZ4$r-+O.<)d^0.L0a3 -+0.$*z :0.loaqr% 

Oja. 

9. O.$oa^ri -* 0.8*5 0.5*2.0.40*3^ -+O.3*. 

10. 0.6aj -+0.zia6 -+ 0.21*5 -+ 0.*:0.42*5r 

•* 0.7*3. 

H. 0.i2*5r-*0.5*5 -+0.15*4-4.0.8*3 : 0.}6a$rz 
-♦0.3*2 -*0.2*. 

1 2. O.pairi -+0.2*3 -+0.3*2 -fO.* : 0. 1 5 44^3. 

13. 0.3*8 -».0.12*7 -+0.14*5 .-* 0.2*2: O.i^ajr 

*- 0.7*4. 

14. 0.l2*7r-+ 0.7*5-+ O.2 1*5 -* 0.14*4 -+O.*; 

0.^ia6n -+ 0.7*3 -+ 0.5*2/ 

15. 0.5*5r2-f 0.2*4-*. 0.4*3 -+0.*2; 0.i 2 *5r3 

-* O.*. 

15. 024^5^^0.4*2 -*0.5*:O.3o*4r + H^O.*4 
— 1-0.2*3 • 

17. 0.10*9 -*0.45*8-*0.5o*7-f0.2o*3 :0.s>o*8r 

Hh0.42*5 Hh O.3*. 

18. O.3 o*8r-+0.2o*7-*0.7o*5-M9.5 5*5 -+0.io* 3 -+ 

0. 9* ; 0. 1 2 o*7r2-f 0.3 5 *4-fO,4o* 3 . 

19. 0.90*7^2 -* 0.42*5 0.105*4 -+ 0.40*3. 

O2 \oa6r$ H-O.ao*2-+0.2 2*. 

30. 0. 120*5^3 -+ 0.20*3 -+0.45*2 -* 0. 15*; 

0. 1 8 o* 5 r 4-+0. 5*5 -f 0. 1 5 *4. 

ai. 0. 2 * r o -+ 0. 1 0*9-+ 0. 1 5 * 8 -f 0. 1 0*4 ; 0. 2 oa 97-1 
0.14*5-^0.3*2. 

32. O.2o*pr-f O.i 5 <*8-* 0.50*7-+ O.5 5*5 -+ 0.20*3 

-^0.24*2: 
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•+0.24*2 : O.9oa8r2~+O.42a$ -*Q.6oa^+Q.ia. 

23. O.9oa8rz-+O.$6a6-+O.i68a^ 0.8oa^O.zja: 
. 0.24Qayr3-+0.i20A$-+0.6ia2. 

24. 0. 1 2 oajr 3 h- 0. 40*4 -+ Q. 115*3 -+0. 1242.- 

0.2 1 oa6r4-+0.ya6-*0.i ia<$ -+O.49*. 

25. 0.3 oa6r^-+ O.842-+O. 1 3 4 ;0,3 ^5^5 0.544 

-+0.10*3. 

Etalia deinceps proponi poflunt, &deraonftrari: & 
vniuerfaliter poffibile eft dcmonftrare, qua», & qualicer ac- 
cepta? primilaterisfpecics, binas qualquc fpecies , in ea- 
dcm bafi vicinas , aliqualiter acceptas^qualcs faciaot . 



Thecr. 1 3 . Prop. 13. 

1N tabula fubquadratrice cuiufque numeri,& in qualibet 
baO , fubquadratrices>& seque ordmata tota, totain^ 
componunr, vnitate plus ordinatam , 

Hypoth. 

In tabulafubquadratrice , in fccunda bafi > fmtfubqua- 
dratrices 0.*2 , O.243 , 0.r 2 : fitque tota fecunda, t% >• tota 
tertia, ^3. 

Dico 0*a2-*0.zar-*0 rz-*t% :t}. 

r D£Wonftr. 

def.6.p. h • t ; t2 5 ^3, 

n\ f — h: tZ ;t$ — t2 + 

Ergo *3 — ti ,eft toties t2 > quotiescft f—*;ideft* 
qiiotiesrelinquituripfcnumerus t, vnitate dempta . Sed 
cuiufquenumerirot funt abfciifionea , quotus ipfe rcliiv- 

quitur, 
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quitur, vnitate 'dempta : Aarii binarij > vna taotum eftab- 
fciflio, qua vnitas abfcinditur; ternari/,du*,qaibus vnitas» 
& binarius abfcinduntur ; &fic deinceps: ergo t$ —tz, 
cft toties n , quot funt ipfius t abfciffiones . 

Pro fingulis autem abfcilfionibus . 
<• h a%-± zar-*rzjt%. . . .. . 

Ergo pro omnibus • 

j 0.ai-+0.iar-+0.r2 :t$ — tz. f~\ 
I Ergo communiter addendo n» : ^ >■ 

\0«ai-*0.zar-*0jrz-+t2:tj. Quod&c. 

Quare &c. 



Theorema i 4. Prop. 1 4. 

TOta quselibet , eft sequalis quadratrici , in primp h- 
tere, inbafi proxime minus ordinata i*centi,VDa 
cum ali js maffis , in primo latere , in bafibus inferiorjbus, 
&vcrtice, acccptisaliqualiter,&vnitate. ; 

Hypoth. 

Efto tota tertia ts . , 
Dicof3 , efie^qualemquadratriciinprirnplatere,in ... 

fecunda bafi , vna cum aljjs, &c. 

' Demonfir. 
4- h. f j . o.sat, vna cumali|s, &c. 
def. 8.p. 42 eft in primo latcre in fecunda bafi tabute pro- 

! portionaiium. : : . 

dcf.ti f I 42 eiVibidemintabulanominum. ■ ■ . 
<fcf.p.». } <?.42 eit ibitlem in tabplafpepiofa. 

I 0.«2. 
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itf.(\d. \ 0J>% eft ibidem in tabula fiibquadratricc . 
14*3* °*l a% c ^ foMfan m tabula quadratricc . 

1 3 eft sequalis quadratrici,in primo latere, in fe- 
cunda bafi>vna cum alijs>&c„ Qupd&c» 
Quare&c 

Theorema i $.Prop. 1 5. 

QVselibet fubquadratrix>in primolaterc> vna cunu 
tota xque ordinat3>atque fua bafisj eft ajqualis fub- 
quadratricf,in fecundo latere > in fua bafi iacenti> 
yna cum maffis> in fecundolatere> in bafibus inferioribus> 
acceptis afiqualiter > & tota » 

Hypoth. 

Efto fubquadratrix 0.a 3 , in primo Iatere>tn tertia bafi. 

Dico 0.43 r vnicum tora tercia , «qualem e(Te fub- 
quadratrici > in (ecundolatere > in tertia bafi iacenti > vnsu 
cumalijs,&c. 

Prtpar* 

Aflumatur fpecies, in fecundo Iaterc> in quarta bafi> (c* 
cunda, & quartultima, O.a 3 r. 

Demonjlr. 

\0.a$r incrementa funt j qualia . 
2. h. 1 0.a$ , vna cum &c: 0. 3 azr, vna cum ali/s &c. 
7. p. I *zr eft fecunda in tertia bafi tabula? proportio- 
I nalium. 
itf.w.p. $axr eft ibidem in tabula nominum. 
dcf.n.i. aj^ircftibidem in tabula fubquadratricc» 
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\0.a$y vna &c. eft aequalis fubquadratrici , in fe- 
I cundohtcrc, in tcrtiabafi , vna cum alijs f &c. 
I Quod&c 
Quarc &c, 

Theor.i6.Prop.i6. 

SI aliquotquantitatum, fecunda ad tcrtiam,fuerit ficut 
prima cum vltima ad fcamdam dempta vltima$& 
tertia ad quartam, ficutprima cum dupla vltima ad fecun- 
dam dempta dupJa vltimaj&quartaad quintam ficut pri- 
ma cum tripla vltima ad fecundam dempta tripla vltimaj 
& fic deinceps vfque ad vltimam : erit prima cum fecunda 
ad fccundam cum rertia, ficutprimasum vltimaad fecun- 
dam^&fccunda cumtcrtia adtertiam «cumquarra, ficut 
prima cum dupla yftima- ad fecundara dempta vJrima ; & 
tertiacumquarraad quartamcum quinta* ficutprima^ 
cumtripla vlmnaad fecundam demptaJupla vltima^& 
ficdeinceps* r ; 

Hypoth. 

Sintaliquot quantitates a, b, c, d, c. 
hyCia-teyb*- — el 1 
c\d:a^e\% — 

DkX>d-+&; t^c:^eyk 

Demonflr. 
bypetb. \**+*r t>~e\ c. 

j conuertendo , componendo, & permutando. 

1 2 a-+b 
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> p. l<*-+£$£-+': Quod&c. 
Dicp b-+cy c-+di a^zc; k—t. 

Demonjbr. 
bypotb. |£. c; a -+e, b~-c. 

hypoth 



• - . ... 



c; d: a-+2Cy b~±*M • 



c; c-±dx Ar+ie; atvb. 
b-+Cy c-±d: A-ir-zc 5 b~- %l* Qupd &C 
Dico c^dy d+e\ ar*lt\ b--ie. . 

Dcmonfbr. 



f ;,; t 



hypolb. 

2. p. 



c-+d;,d: Or+b; b—^ie. 



hypotb. \d; e: a-\$e\ b--%e. 



a.jp 



^/-f^; a-*2e$_a-*b. 
c-+d y d-*c: a-+$ci b~~2e. : Quod&C 



Quarc &c 



1 7. ^r^. 1 7. 

SI aliquot quantitatum, fecunda ad tcrtiam fuerit/icuc 
primacum vltima ad fecundam dempta vltimajS* 
tercia ad quartam, ficut prima cum dupla vltima ad fecun- 
damdemptadupla vltima; &ficdeincep$ vfquc advlti- 
mamtfuerit autem &prima£qualis vltima?: crunt totidem 
quantitates & vna amplius , pripia feorfim * prima cum (o- 
cunda, fccunda cum tcrtia, tertia cum auarta ,& deinccps 
bine aggrcgatie, & demum fcorfim vftima 5 quarum fe- 
cunda ad tertiaffi > cft vt primacura vfcima. ad fccundatn 

dempta 
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dempta vltima ; & tertia ad quartam , vt prima cum dupla 
vltima ad fecundam dempta dupla vltima ; Sa fic deinccps. 
vfquc ad vltimam. 

fiypoth. 

Sinttresquantitates a, b } c,quarum 

b$ c:a"^c\b — c. 
a:c. 

Dico quatuor quantitates efle a,a-*b,b -+c c> quarum 
a-*-b 9 > b-+c:a-+c;a-+b~c. 



t6.h. 
hypoth 



Demonftt. 
a-*>bib-+c:a-*-c}b. 
a:c. 

a-*b~~c:b. 

a-±b\b-+c:a-+c\a-*b—c Quod&c. 
jyico b-*-cic:a-*ic$a-*-b - 



2C. 

hypoth. b$c :a-4-Cib — c. 
2 *P> b-+c\c:a-+b\b~-c. 
hypotb. b-*c:a-*k 
c:b~+-c* 

tc:b. ' 
a-+2c:a-*L ~ ' ' 

_a-+b—zc:b~-c. 

] b-+cic:a-+2c- > a-*b—2c. Quod&cJ 
Quare&c. 



; ' Theot. 
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Tkeor. iS.Prop. iH. 

IN vnaquaque bafi tabulae multiplicium,prior quantitas 
ad poftcriorem vicinam , cft vt ordo prioris a prima* 
ad ordincm poftcrioris ab vltinia, 

Dewonftr. 

Quoniam in fecunda bafi tabulae multiplicrum, 
funt tres quantitates,quarum fecunda ad tcrtiam, 
i cft vt prima cum tertia ad fecundam dcmpta ter- 
**f-«>t \ r,a $ & prima eft a:qualis tertix;& in tcrtia bafi,funt 
ordinata? quatuor quaqtitatcs exiccunda bafi de- 
fumpt£, prima fcorfim, prima &iccunda, fecun- 
17- h. 1 da&tcrtia,&tertia(corfim:crgoctiamintertia> 
bafi,fccunda quatitas ad tcrtiam,eft vt prima cum 
quartaad fecundam dempta quarta$& tcrtia ad 
quattam,eft vt primacum duplaquarta,ad /ccun- 
dam dcmpta dupla quarta : & fic deinceps often- 
detur in fingulis bafibus, 

Eftautemin vnaqtiaquc bafi tabute multipli- 
cium , prima quantitas vnitas , & vltima vnitas : & 
fccunda quantitas cftordo bafis,idcmqueordo 
ipfiusquantitatis ab vltima* £rgoi»quartabafi, 
prima quantitas,qua> eft quintultima,ad fecfidam, 
quae eft quartukima , eft vt vnitas adquateriiariu : 
fecundacrgo ad triukim^m^eft wJ>marius ad ter- 
nariuni jtertia ad penulctmam , vttemaridsadbi- 
narium ; quarta ad vltimam, vtquaternariusadv- 
nitatem. Similiter o jtepdemr in fingulisbafibus. 
Quare &c. Theor. 



ief.\OJp 
def.p.p 
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Theor.19.Prop.19* 

PRoportionalium> & multipficium tabulis congrucnti- 
bus , quseque proportionalis > habet numeros deno- 
minatores , rcciproc£proportionales > vt in fiiis cornibus 
mukiplices. 

Demonflr. 

Proportionalium affumatur bitcrtia > cuius denomina- 
7. p. I tores binarius, & ternarius . Eft autcm bicerria in 
quinta bafi quarta tritultima rcuius cornua func in 
quarta bafi> alterum in quarto, alterum in tritulti- 
mo latcre: ideft aiterum cornu eft > in quarta bafi> 
quarta quantitasjalterum, tritultima.Sed in quar- 
ta bafi > quarta eft penul tima > & tritultima elt ter- 
tia : & in tabula multiplicium>tertia ad penultima, 
eft vt ternariusad binarium: ergo cumbitertiae 
denominatores fint>prior binarius,&pofterior 
ternarius, eiufdem in cornibus multiphces rcci- 
proce funt proportionales>prior ad poftcriorem, 
vt ternarius ad binarium. Quod &c. 
Quare &c 



dcfipf. 



def.pf. 



18. b. 



Tbeor* 2 o. Prop. 2 o. 

IN tabula fpecierum>in eadem bafi^vicina? fpecies, mul- 
ciplicatae per numeros fuorum ordinum> prioris a pri- 
ma> & poftenoris ab vltirna, funt squalesi additis tamea, 
vrrimquc raaflis, in mferions ordinis bafibns > & in earum- 

dem 
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dcm lateribus , verfus tabulae verticem diuergentibus , ali- 
qualiter acccptis, atque totis minus ordinatis,quam fit ip- 
fabafis. 

ffypotb* 

Sint ipecies in quintabafi, fecunda quintultima, & 
tertiaquartultima. 

Dico duplam fecundam quintultimam , sequalcm efle 
quadrupte tertix quartultima? , additis tamcn vtrimque^ 

alijs&c. 

. Prtpar. 

j Aflumatur, in fexta bafi, fpecies tertia quintul- 
^ P« ! tima, cuius denominatores numeri, quaterna- 
j rius , & binarius . - 

T)emonftr. 

Tertise & quintultimae fpeciei aequalia funt incrementa: 
2 • I alterum ex maffis compofitum in tertio latert/, 
multiplicatisper numerps quartae bafis multipli- 
cium , quaternarium , &reliquos$quarum vnaeft 
in quiritabafiquartultima,perquaternarium mul- 
tiplicata : alterum ex maflis in quintultimo latere, 
| multiplicatis per numeros fecunda? bafis muki- 
plicium , nempe binarium 5 quarum vna efl: , iiu 
quinta bafi, fecunda , multiplicataper binarium:& 
; reliquaamaflfe , in viroqueincrementa,funtinfe- . 
. ] riores, & demum totaainferiores, qudm quinuu 
| Ergo duplafecundaquintultima,eft asqualisqua- 

dru- 



2. b. 
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druplat terti* quartultim*>addifcis vtrimque alijs&c 
Qood&c 

. :Quan&&c. . ; v .0 ., ■ •> j J . . * 

1N tabula fitoquadraticum,in cadeftl bafi, fiibquadratri- 
ces vicioae funt xquales, additis tamen vtrimquc maf- 
Gs y in inferioris ordinis bafibus, & in carumdem lateribus 9 
verfus cabuk veiticcm <&iergcntibus,aliqualiccr acceptis, 
arquetQtis, min&sordinatis,qa&m ficipfabafis. Similiter 
& vicina? quadratrices funtjequale*, additistamcn&a 

ffypoth. 

Sint fubquadratriccs, in quinta bafi , vicins , produ&u 
ex fecunda quintultima fpecie per fecundum quintulti- 
mum multiphcem , & produ&a ex tertia quartultima fpc- 
cic , per tcrtium quartultiauim.-multipliccm ,- O. %aqr >■ & 

Dico O.fa+r >additis&cr 0. i*a$ri, additis &<vO 

Pr*par. - 

Aflbmatur, in fexta bafi, (pecies tertia quintultima,cu- 
| ius denominatorcs,quaternarius,&binarius,ncn>' 
tf . b. 1 pe O. a\r i : quibufcuth ?iifflteH*> rcciproci pto- 

t*ft.**: jicornibiifeiafcehtcsj ; yad i o.Rarik^ue, vt ^ ad 5, 
J ita 0.%aqr, vnacum alijs&c. ^l Oi%a^r y vria cum 
I alij$&c. itemvt4ad io,ito6/443ry, Vnicum> 

; | alijs&c.ad0.xo^rs,Vna^ ; 

K Dtmonfr. 
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..Demonftr*. 

10. b. I O.idqrm* cum alijs StaO^d} n >vtu cu; afyV&c. 
1 0.244r, yna cum alijs 8ficj 0. 4*3 r 2 fca*um &cr 
, 44r^m£um.8a^a 1 , vna cum Sa:. 
0.544^, vna wm &c:&i 0*3^2, vna cum &c 

_ Dico a ^o^ynaamia&icr0#£o4$r2, vna cum &a 

^(J.w v I o^d^r^&cum&Ci&^^ curii &c* 

■ , fe^plicctur, &fi^nt 03 o^pvviia cumi&e l & 
^ Q^p43r?.^na&c. . , . 

Dermnftt. 

0.j*4r,vna&a0.ro<*3r2,vna8ie. - 
0.3 o44r.vna &c; 0.tfo43r2> vha8*c. Quod&c. 



9*1- 

Quarc&c. 



; ... .... 



- . * i ' 



Tbeor. 2 2. Prop. 22. 
ordinaca?, dempcis,addicifque aliqual 



.. .. r 

1 1 ' ( li ■ r mm 



:r acceptis 

.. T ; totis,iK)npJuaordinati^ 

.Dtnumfir. [ 
~u tet indu#ipfle. per 5 .ta : 1 ( I .4 v- 

ij.*, j DcindcfKrwC^libetquadi^ra 
c ? q ^adwrricifc fibi ine^dem taftVirih&, adliittt* 
trimqiicalijs inferiorum bafium fpeciebus^ iqua* 
* literjacccptisi& totis. Ijt quadratrix vidna, alte- 
1 r iAMcio?e cft «qualis > additis vcrimquelali^s infe- 

rio- 



. ■ » « 
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iji rioru m bahum fpeeicbus, & cotis : & demum prt- 
14, b> : : t oisequadratrjci eiafiJcm hafis: &prina<juadra- 



. 0 ; 1 frix vnacumali/sprimiJateris quadratrieibus in- 
•m . I fcriorum bafium, & vnitate, cft aequalis totae,vni- 
1 *ate plu$ prdinat^ <ju4m & jpfahafts .-1 J>imiliter 



| aliae infcriorumbafiumfpccies > alijsfpcciebus,& 
dcmum totis^funL^quales^ non plus ordinati% 
5. f quam fitbafisquadratriasprimo fumptar.Quare 
•sa (djsmum quadratrix prkndi fompta, cft aequalii ^Jjf 
. i * vnita te plus ordinatse,quatn fit cius bafis,dcnw 
j ptis,additifque aliqualiter acccptis totis, non plus 
.... I ordinatis,qudm Gt ciusbafis.^ : *xa\c, rOH 
— — _ — > 

INtabuIa niultiplicium, fumma numcrorum.cuiufquo 
bafis^elhotapotethsbinarijjquotuscft ordo bafis. 

Natn in tabula proportionulium,G rationalis^&s radices * 
dtf.Sf. j fucrint jequales inrcr fc: ctiam frcliquae oifcnes* 
quantiratcs , & rationali, & radicibus^ &ad U*ui- 
ccra a>qualeseiunt, quia*ra tio sequaltfatis,quan- 
tumlibet mukipltcata , & fecum ipfacocapofita, 
fempcr cft aequalkas . Quarc fi rationaJjs* # ra ^*" 
ccs fucrint vnitatcs:^nup:spcoporfionafcse«ttt^ 
dtf.u. f. Vnitatcs . critqhe tafoiib npm uaum , cadcni , qua: 
def. icp tabula reujtjfdjtium : quia viritas aon piulciplicac 
ct cuiufquc bafis ncminum futrima ^eadcjn 'cric 

K 2 quae 



Digitized by Google 



75 E L E M B N K4 



t f. 



jfiimma eiufdem bafe itiultiplicium 



\l t \ \ ijufque bafis nominum fumttt a cft potott j s ag^rD- 



Igati radicum^aequeordinata cu r» baii . Ergo cu- 
iafquebafismultiplicium fumma, eft poteftasag- 
gregati vaifacuta , ujcft bfnaiij > «qoeordinatau 
cumbafi. ?;>j. 'Ut : : I 




Qteftas bmari/ roulnphcata per fuum ordmis pumc- 
runi, minor eftatqueordinata poceftate ternarij • 

Efto binarius b, telmariusi. Cotiftat rainorcnL» 
efte y quam r • * - . — . — — ~. 

Dico 2^2 , minorem e(Te , quim ri . 
3^3 , minorem ,^uim ^3. T 
4^4 , minorem qudm r^. Et deinceps . - ' - 

TDemtnflr. 

fj £; Mj.-rf: tb$ bl : tl—tb;tb~>Tbz*>>\ 

t* b, funt numeri inter fe primi . » 

r, funt mihimi in fua ratione. 

tz—tb, non eft minor , quim t. 

j tb—bz , non eft minor, quam 

j f 2 rr—bx , non eft minor qu&m r-+£. 

! i , ieft minor, quam r. 

j i A f jrifc^ eft minor, xjuilm r^. » / t t . . , 

urjt! Jraiy eft minor quam Pi^bz • [ ^ 

j a, cft & : . 'U'i ,»T ' "/>- "■• 

• '1 
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1$ B Q V N D.Vt M.* 
a£> eft A2. 

£2, cft minor, qu£m^2<**-JaJ : 
2^2, eft minof iv^uiifiva . Qtjod&c, 

f| > tcft: mipor» qudm : . 
IS^J^ ^ft^or,^t»irii.3rar.> ; » : fiu >' 

r . ' ^ j: 3 f 3 v €ft nwnor^uim '^V.^od&c.t 

• 3^4> eft minor, qu3m zt^ : v> . 
■^V . ! h y eft minor , quam t%. 



77 



* t 



byvotb. 

- ••• 



. . • - ; . • 



quam 

^> e ft miqorxqtiam . V 
4^4 > gft mindn? quapj :$r?d 



EcvQonttaor dwnccps oltetidctur iitiafin&um 
Quare&c. 



. F 

• - < • . . 



4. 



Thecrema l$*Prop.2j. 

1N |4bula mufepjif i^ra * xjuifque ouanrrus mtiltipHans 
nuraerun vmtace maiorem,qui n ficordo (ux bafis,fe v 
cic numerum minwm.coi!apotcftitejcrnarg'jqudcu^cft 
Bumerusmultiplicatus. . r V ' 4 

Btypotb* 

fiftpii<lumcrus : - a jr j : i n tabufai- <niiilii|ilicuifxi j in qwKv 
bafn§?,e^o tftrnariqs r., r i •;«./;>! 

• : . ; Pr<epar. 
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Pr*j>ar. • -0, j!o c As ' 
Accipiatur binkri&szirV < ^ fij , -\ ; 

^t. fr. | Numcrus^& alijquinta^ba^wmpohdnt £j. 

j Ergo 4, minorcft , qqain A5 v ^cd 4* i |minor 

j eft,quam terJBrjp^ 
^4. />. j^tf. Ergo tf*, minor eft qu£n> -<6fcvSeid 6l>6, 

I nu»dieff/tju^frrf; j^iigo mmcfrfcftqudm 

| k>. Quod !: r •'• > j ^ r , . 
Quare&c. , . s • <: » . : 4 



QVdibet quadnsrp y pr^ radice biterie , ifritjor eft, 
quam fefquitota j maior ^quaii^WtQtSV.vpitatc/ 
pluaofdingte ><joam Ufjt dci frafis ^ Porrk qua- 
^dratrMae^invtrriceial^ar^dft ^MfeMotx. 

Hypoth. - 

. Efto^pro radkcbinario^^aelibet^^ratrix 4 > in» 
quarta baii. . ... » r > > Y 

^ Dito i inaioreni cfic 

i/fc-j ; Ppn6 confta^qtrod 
dice, eft sequalis ipfi 

Prtpar* 

bfXkA: , RmwdicebinaHo , vnicatawtttffi^ab0io >e 
j qua vnitas abfcinditur,& tmitas tdinquitu* V&* 

projporiionaJifi, in qUadrtri^pb- 

por : 



. - ■ • • i 
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4e f s *' I pprtionalcs funt vhitaecsi & fynbnyma propor* 
I xmfaMw& ^lidctabttldfpccijgmmNe^ 

.jdc ynjca eft tabula abmtnur^eadem^qflie multfo 
, 1 Ffiswgft ? Eflde ^^«abi^i^iiudratrwura^iidei^ 
] eft,qu*nominum,&multipUcium. Accipiatur 

Itrici^jfynenxm^ v. :/n -\r 

,-:• i: : ..... : - ..^ t ;.fliwf«^fe:"'r.' o^S^v ^r^ 

pmpar. <&#KV^^^ 

pro binario, eft vnitas. 
def&p: ^5^ftyni^S. r;^ ::;-orr >c 
dtfaip ] 5 ^eftmaiorvoitarci-::-- /cl c; ;!u :c: : ?u?;r: .: 
1 cft maior,*Jqjb(i m$ • .Qapd&aiin i 5 
rfef.i8.fe J p r0 binario, q, effcie^arius. 

| ^eftminooquam q$.<<hod8tals i <;.'. ,■>• 
Quare&c. 

Theor. 2 J. Prop* t 7. ; : ; ;» j & * ; . ^ i 

QVxlibet poteftas £ binario , maior eftfnuwero fui 
ordinis. mf/jp ^oior.-ra t * i 

■ ,y/ ]...:/> %p*tk;> /'u u <*> j 
Efto binarius .^-ulP 

« . -Tfempnfk.-* ^ — — ~. 

Vnit^eftminQr,quim^ ergo binarius, minoreft, 
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• 8o E L E M E N T^XI 
<juam 2 fe fed ifeeft £z: ergo binarius, mihor cft, [qji&it! 
Ergb vnitas,raukomtooreft, quam Erg^tCfharM 
mihorcf^quam aia v Scd tia, eft ijj £rgb ternarni^ 
mihor eft^qaim ^^&ficdeineep8bftcndetur,qu6d po- 
teftas a binario, maior cft, huarii fui ordinishumerus. 



. . . • 4 



Tbeor.2$ .Frip 9 $8; i 

QVslibet quadrattix primi Iateris^pro radice binario, 
nhiriot eft , quim pot!efta$ biflari^ vmtate plus or- 
dinata,quimfiteiusbafis. v 

Efto, in primo latere, in quarta bafi, qaadnatrix 4, pro 
radice binario : & efto binarius k ^ ^ 
Dico 4 minotcm efle qu&m $5* * 

♦. Prtpar. ■ ; 
Acripiatur in primo btere, in quartt' bafi > bquadrtk» 
trix o pro radicc binario. 

Demonjbr. 



ex%6Jb 



•7«*- |y, minoreft, quim £j. ^m^-q 
I <i > minor eft, qu&nij. Quod&c. 
Quare&c. * r Y : - ;•.";> 
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S E C VN D V M. *i 

Thetr.2s;JPr«p,Z9. 

CViuslibet quadrarricis,primi vel vltiroi latpris,in-, 
c rementum , minus eft incremento tota;, ypitata»! 
plus ordinat£e,quam iit eiusbafis: &quajliber quadratrix, 
primi vel vltimilate«s, minor eft , qu£pj tota* vnitjjr^ 

plus ordinata : & fefquiquaifrairir,;roiflor eft quamfef- 
quitota. ; • , • . 

Mtth. T)emonftr. 

Triapropofita, opQrtet'prim&rodcmonftr3re,in prio- 
ribus bafibus tabula;, dcinde in pofte/ipribus * 

Dicp 0.24 incrementum,minusefle jncremcnto n: 
& tf.a^ jninorem efle, quam ra : .& fefqui-O.a*, 
qoremefle,quaro ? a, 

. : . T^emenfir. 
h j Oi* incrementum eft O.x^i . 
8 V tt% mcrcmentum eft 

b. 1 O 2 • 1/ * # 

0.2-+ 2: 2f. 

G.2-+2 , minor eft, quam 2t-+u. 
O.ia incrementum , minu$> eft incrcmento 

0.2* , pro binario , minor eft , quam f 2. . 
0.2a y proternario, minoreftjquam ti. 

Simjliter , pro quaternario, &pro fingulis nu- 
mcris donibnftrabitur, quod 0.2a minor eft, 
quam ti : & feiqui-O^a, minor^ eftj, quam 
|f2, Qu^&c,, : I , . . 

L Dico 



28. b. 
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S% ELEMENTVM 

Dico 0.342 incrementum, minus efle incremento 
ty.B*0.$ai> minoremefle, quam ti : 8* fcfqui-O.342, 
minorem effe, qulm f 3 . \.^\ 

Demonflr. 

%.b. ja^x irtcrementun, eft O.(^4^aj-+j, 
9. p. 1 t$ inctementum V^ft st%-*$t-M • 
juf. 0.6 '4, minor cft, quim i . 
e*yty. 0.3-1.3 , minor eft, quam jt-m. 

0.3 42 incremeiituin, minus ; eft incremento > 3* 
Qqod&c. 

18. fr. O.342 ,pro binario, mirtoreft, qtfam t$. 

0.$a% y pro ternario, minor cft quim f 3 : necnon 
proalio quolibet numcro: & lefqui-O.342, 
minoreft,quam^3. Quae&c: 
Dico O.443 incrementum, minus cfle incremertto 
*4 :& 0.4*3, minorem efle,quim t<p. & fefqui-^O.^j^ 
minorcm,quam <fi. 

Ttenionftr. 

s. b. | O.443 incrementum> eft 0.1242^0.124 

?• I Incrementum £4, eft 413 -> 6t 2 -*4f-+*#. 
M JO;i242, minoreft, quam 4/3. 
M I 0.124, minoreft,quam 5*2. 
exfup. O.4-+4, minorcft, quam 4t-*i#. 

Incrementum O.443, minus eft incremento t£ 
Qyod &c, 

*8.fo 0.443 > pro binario , minor eft , quam t$. 

0.^h 
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SECVNDVM. 83 
0.4*3, pro ternario , minor cft , qulm /4: necnoa* 

pro quaternario , & pro ali js deinceps numeris : & fcfqui* 

0.443 , minoreft,quam 74. Qu#Scc. 

Similiter oftendetur de oninibus primi^ vltimi latcris 

quadratricibus. 
Quarc &c 



. Tfeor. 3 o, /V*p. 3 o. 

CViuslibet quadratricis incrementum , maius cft in- 
i crementpfemitotse, vnitateplus ordinatar, quinu 
fit eius bafis ; & minus eft incremento fefquitotar , pariter 
plusordinatac • Deinde quaelibec quadratrix, maior eft, 
quam prsedidla femitota i Sc minor,quam prardiSa fe£ 

quitota. ' .\ . 

M&h. TDemonJhr. 
Quatuor propofita primum demonftrare oportct , ku 
prioribus balibus tabuke, deinde in pofterioribus . 

Dicoincrcmcntum 0.2*$ maiuseiTe^ncremento »2; 
&minus e(Te, incremcnto ^2 : St 0.2* , maiorcm efle, 
quam mz 5 mkioiqm , quam ^2 . . 

Ttenwnflr. 

2. fc. I Incrementum 0.2*, eft 02-**. 
8. >. 4 Incrementum mi , eft 2 
8. f. 1 Increraentum 72 , eft 2^0. , 
7. b* * 0.2 : 

O.z -+2, eftmaior,quam 2«*-^ 
Incr<^ncntum 0.2*, eft maius incremehto m%. 
Quod&c. L 2 * 0.2 
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* 0.2^2, efc minor, quim 27. 

0.2s-2, cfe minor, quam i^h. j 
Incrementum 0.20, eft miaus incrcm6nco f 2 . 
Quod&c. 

. j 0. 2 * , pro binario , eft maior , quara ym\ rainor, 



r quam 72, 

J 0.2d, 



, praiernarib^t fnaior,quam w2 3 mi- 

1 nor, quam 72 : item pro quacernario , & pro 
| reliquis numeris . Quod&c. 
Dico 0$a% incremencum, maius efle incremenro 
ini $ minus incremenco 73: & 0.3*2, maioreiii eflb, 
quam 1*3 5 minorem , quam f3* , . 

Demonflr. 

| Incrementum 0.3**, eft 0.tf<i-+0.3-+3 . 
S. Incremencum w3, eft 3w 2 -+3wh-«. 

3. ?. Incremencum ^3, eft sq^sq-*-» • 
/^. 054, etl maior,qiiam3w2. 

/»/>. 0.3 : 3^» 

O.3-+3 , maior eft.quam im-+u. 
Incremcncum 0.$ ai , eft maius incremenco m$ 
Quod&c. :■ 
Jup. ] O.6V1, eftminor,quam 37*. 
/«/>. O.3-+3 , eft minor, quam -$q-*u. 

Incremencum 0.342, eft minus incremenco q$. 
Quod&c. 

i*. h. I o # 342,probinario,eftmaior,qudm 0*3; minor, 
quam q$. 0.$a*> 
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0.$ai , pro ternario , eft maior, quim mi ; tninorj 
quam^j :necnon pro quaternario, & rcfaqws deinceps 
numen^ Quod&c. r . : 

Dico D.6ar incremcntum , raaius cffeincremento m 3 ; 
minus incremcnto qy :&&0.6dr> x maioreBnlcfle, quam* 
m 3 ; minorem , quam.^3 



Dcmonfbr. 



» » 

■ .■ 



■ ^ - . 



3. | rncrementum 06ar y eft Q:drr£cft<- 
8. p. 1 incrcmcatum ws, eft-3wa-+5^-i.tt: ^ 
8. />. Incrementum q 3, c£fc$ tfi-*iq-*i*-L 
O.tfr, maior eft, quam imx. 
6t, maior cft, quam ;'im*+m*- 
lncretaentum O.$^maiuseftincremeato m}. 
Quod &c. 



■1 

- 

n 1 



*9<b. 1 02r-*ar, minor eft, qnitri q? . - ...... 

* 0$r-*5r, minor eft, quam s^i^jy-t-w. 
IncremcnnimO.tf^r, ramus efc incrcmento ^3. 

;*«&od &c* ; f 
0.54r^ probinario, eft maior, quaift my> mi- 

nor, qjam ^3 - ^ 
O.6or, pro ternario, &pro reliquis numeris, efc 
maior,quim m 3 , mmor,qja n q\ . QuoJ &c. 
Dico O.443 incrememuin ,tnaius eife mcremcco 0*4; 
minua infcrcmenco^; & 0.4* $ > mararefnreifeiqiim Mf y 
minoreai, qaaai 

De- 
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'Demonflr. 

*~h. I incrcmcntu 0*443,cft O.i 242-+O.1 24+O.4-+4. 
Incrementum tn^, eft ^m^Crm-^^m^u. 
] Incrancntum^4,cft4^3-+5^a^4^^. 
Ap* i O. i xai , otaior eft, quim 3 • 
/V* J 0. 1 24, maior, quam 6m%. 
0.4:41». 
4maior,quim u. 

Incrementum 0.443 , maius incrcmento m^. 
Quod&c. 
fup, . o.i24z,minoreft,quclm4f3. 
fup. 0. 1 24^ minor, quam 6qi. 
fif. 0.4-^4 :4w-+4;4f. 

O.4H-4, minor eft, quim 4^-w. 
Incrcmentum 0.443, minus incremento ^4. 
Quod&c. 

16. h. 0.4a$ > pro binario, maior eft,quam rn^i minor, 
quim^. 

0.443 , pro ternario > & pro iaJio quolibe t numero, 
maioreft, quam w^minorqua^ Quod &a 
Dico Q.i iair incrementum, maius cffe incremento 
^4; minus incremento 74; & O. i242r,maiorem dfe, 
quam^jminoicm^quam^. > 

m 

Demonflr. t 
*• ] Incrcmcntum 0. 1 2 42r,:eft 0.2 44^0.1 2r-* 1 zu 
*>P* f I Incrcmentum W4, eft 4*03 -+#»2»-*4w-+#fc> 

I». 
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SECVNDVM. 87 
| Incrementum 74, eft 473 -*6qi-*4q-*u. 
f*p* |0.24<ir>maioreft,qudin4w3. 
M 0. 1 2r, maior, quam 5^2. 
1 2f , maior, quam 4*0-+». 
Incrementum 0. 1 242r,maiuscft mcremeco;*^. 
QuoJ&c. 
Tty. J 0.244^ minor eft, quim 47 3 . 

O.i 2r-+ 1 2f, minor, quam 6qz^^q-¥u. 

Incrementum O.i 2 4 2 r, minus incremento 74. 
Quod&c. t 

O.i 242r, pro binario, maior, quam m$\ minor 

eftyquam^. : 
0. 1 2 4 2 r, pro ternario, maior eft, qi&m m 4; mi- 
nor,quim 74, necrion quo afio quolibetnu- 
mero. Qued Stci 
Dico O.544, incrementum, maius efle incrertieto my> 
minus incre.nento 75 : &O. 5 44, maiorem efle,quara m\ j 
minorem, quam 75. 

T>c?nonfb\ 



26. L 



■ 



/ifp. 



Incrementum p.544, efc 0.2043^.0.3042 

-*0.*o4-*0.5-*5. * / 

Incrementutn m% , efc 5*04-+ 16703 10^2 

Incrementum^ ,efc 5 74-+ 1 073 -+10^2-^5^0. 
O.2043, raaior efr,quam 50*4. 
O.3 04 2 maioreft,q?ian iow$. 
0.2o4,maior elt, quam 1 om*\ 
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0. j -+ j > maior eft, quam 5 w-+w. 
Incrementum O. j<*4,maius eft incremento »5 . 

Quod &c. j 
O.2o*3,minoreft,quam 5^4. 
I 0.3 042, minor eft, qudm 1 073. 
" 0.2 o*, minor eft, quam 1 0^2. 
O, 5 -+ j minor eft, quam 5 f-+tf . 
lncrementum 0. 5 44, minus eft incremento q$. 

Quod&c> 

2*5./?. I 0.5^4, probinario, maior eft, quam#*5> minor, 
quam ^5. 

O. 5 /14, pro ternario , & reliquis numeris , maior 
| eft, quam rhy> minor, quam 75 . QuocJ &c. 
Dico O.2o*3r,incrementum,maius _ effc incretaento 
m% jminus incremento 75 :& 0/2 o^jr,maiorem cfle,quam 
wj$ minorem,quam ^5 . 



2. fr. 



8. p. 



Demonflr. . .1 •;/ ?? t: . 

0. 2o/i3r incrementum , eft 0.6oair -* 0.6oar-+ 
0.2or-+2cf. 

Incrementtira»*5, eft 5^4-+ 1 owj**to»>i-+ 5» 



I 



8. 1 Incremcn tum <j j , eft 5^4-+ 1 073 7* jd^Xt* 5 fl-+». ■ 
jup. \ 0.5o^2r,maioreft,quam 5^4. 
/*p. ; O.tfo4r,roaioreft,qiiim iom$. 



/ty. 1 0.2cr,maioreft, quam iow2* ( 
" 2 ot> maiQr eft, quam jw^». 
Incrementum 0.2 0*3 r,maius eftincremento m$ . 
Quod &c. k O.60 
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S E C V N D V M; *9 
j*P* J0.6pA2r>muiQre& 9 quam 5^4^. ^ 

J 0.5o*r,minoreft,quaw i©fl3* ? 
*^ b. I O.2or^2of,min6reft,quaiii Jo^t-t5^-+^ 

lj Incrementum 0.204jr,dainuscftincrcmcnto ^5, 

QuOlf&C. -,;// ? 



*6.. b. 



0.2 043 r> pro binario , maior eft , quim 5 jmi- 

nor,quam yj, 
0:2o^3r> pro ternario, & reliquis numeris, maior 
eft, qu£m m%\ miner, quam 75 . -Qued 8<c. 
Dico O joairz jacremcntum, cnraius efle incremen- 
to wy ; minus incremcnto f j : & 0.30*2^2, mamrpnu 
cGe, quam 0*5 5 minorem , quam ^ 5 • 

Demonjlr. . 

Incrementum a3o*2r2,eft 0.6odr2-+0.jor2 

—i- 3 Of 2 . 

Incremcntum m$ , eft 5^4 10*03 iom 

-+ ym-+t$* . ' \\. ■ *** p » 

Incrcmentum ^5, ett 5^4-+ 10^3-+ 10^2-+ J 
0.6oarz> maior cft , quam 5^4. . 0 

0*30/2 , iqaior $ft, quam 10^3 . : 
0.30/2, maior eft, qu£m iomz-+$m-+u. 
Incrcmentum 0. 3 0*2^2 , maius cttincremento 



2. fc. 

fuf. 

J»p. 



I 



f my. Quod&c. v . 
\ 0.6can , minor eft., quaai 574. 



fif- | 

A. I 0.$cn-t$cti , minor cft, quam 10^3 
I IncremcnturpO.304.1r2 t minuseft incremento. 

I - 35 • Qljod&c», . 

. .. v M O.30 
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%6. h. \ O.ioairz y pro binario , maior eft , quatn »15 j 
minor, quam f 
O.3 oain , pro ternario , aliouc quolibet nutnc- 
>ro,maior eft, quim 0*5 $ minor,quim qf. 
Quod &c. 

Similitcr oftcndetur de omnibus quadratricibus in infc- 
nitum , hac fcmpcr mcthodo feruata • 
Quare&c. 

Thear.2i.Prop4$l4 v 

QVaelibet quadratrix eft ?qualis ftmitotsc vnitate plus 
ordinara? , additts , demptifque fcmitotis , aliqua- 
liter acceptis, non plus ordinatis, quam fit cius 
bafis. ' Tkmonjir. 

Patet indu&ione per 6h. 
**-b. I Dckidcfic, Qu*Kbct quadratrix, eft a?quar 
listotae, vnitate plus ordinata?, dcmptis , additifq; 
aliqualiter acceptistons,non j>lus ordinatis,quacn 
*• fit cius bafis . TQta vcro vnitate plus ordinata,eft 
sequalisfemitotepariter ordinat*,vna cum ferai- 
totis non plus ordinatis, aliqualiter acccptis, Sc 
vnitatet&reliqifcetotae non plus ordinatae, funt 
squales femitotis, non plus ordinatis , aliqualiter 
acceptis,&vnitati. 
Quare quadibet quadratrixeftafqualisfemitotevnita; 
tte plus ordmats additis &c. 

1 1 1 tmfuui 11 ni 11» f 

' Theor. 
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SBCV NiD.VM, 

. Thm^l^Pfop.^ \ ; S\ \ rf » 

QVaelibet quadratrix efta?qualis fcfqufcota^vnitatc^ 
plus ordinata?, demptisiadditifqucftftjoitotis, ali- 
qualiter acceptis, non plus ordinaiis, quam fit cius 

bafis. 

Dewonjlr. 

Patet induftioae per 7^.1 ui;.; : 
as. b. J Deinde fic . Quslibct quadratrix,eft a?qualis 
t o r x , vnitate plus ordinatas, dcmptis , additifque 
aliqualiter acceptis totis , non plusordinatis, qua 
fiteiusbafis. Tota vcro, vnitate plus ordinatau* 
sequalis eft fefquitota?, pariter ordinatae,demptis, 
| additifque alijs, acceptis aliqualiter fefquitotis 
j non plus ordmatis:& reliquae tdta» non plus ordi- 

non 

plus ordinatis sequales. Ergo quselibet quadra- 
trix ,cft aequalislefquitotse vnitate plus ordir^tfv 
demptis , additifque ali js , acceptis aliqualiter j fe& 
quitotis , non plus ordinatis, quaai fit eius bafis, 
. — — — — — ■ 

Q:V#libet quadratrix medij , eft £ qualis quadratrki, 
ineadembafi, primar, vna curii alijs primi lateris 
fpeaebus,aliquahtcracceptis. Et iubquadratrix, 
fiibquadratrici . '*.V. - 

:::::i6 :i\: ^y.iWmmfiak rViVH • *•> 
^?Paw«fd»aiancper'aik- ?iJ0J c:7 r i>* w j 

M z De- 



Digitized by 



9* 

S*. b. 

* • 0 »0 m l • 

14* Jb„ 



»• • » ; 



H • - 



2. p. 



E L E M E N T V. M 

Deindefie. Qwelibee 





1 • 


• 













demftfi.*, sdditifuc alijs cotis, aliqualiter aceepti& 
non plus ordinatis, quam fit cius balis . Tota aute 
vnitate plus ordinat a , cft sequaiis quadratricj pri- 
mse,in#queordinata bafiiacenti, vna cumalijs 
fpeciebus, inprimo latere,ininfcrioribus bafibus, 
ahquahter 



refcquae infeKores 
fimiliter infcrioribus quadratncibus y Sc fpeciebus 
funt aequales, aliqualiter acceptis . Quare qujeli- 
bet quadratrix medi a 3 eft arqualis pri mx, in cadem 
bafi,iacentiquadratrici,vnacuni alijs primilate- 
ris fpeciebus, aliqualiter acceptis. Ec fubqua- 
dratrix,fiibquadratrici. ; : t « 



— 



Theor. 3 4. Prop. 34. 

QVariibet qaadratrix , eft sequalis quadratrici , in ca- 
dembafi, vicinae, additis vtrimque totis , non plus 
ordinatis , quam fit ipfa bafis . Et fubquadratrix, 
fubquadratrici. * Dcmonftr. 

Patet indu&ione per $±h. 
%\. h | Deinde fic . Qsiarlibet quadratrix , eft ^qziafis 
* ' '■' $ quadratrici , in eadern bafi, fibi vicinse, additis 
:> • 1 U. . ! vtrimque alijs inferiorum bafiu fpeciebus, ahljua- 

(I liter acceptis , & totis non plus ordinatis, quam fic 
ipfa bafis. Sunt aut^m aliae inferiorum bafium fpe- 
cies, sequales totis , non plus ordinatis, guam] fit 
-M< ■ c i . .*. " ipfa 
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| ipfa bafis,atiqualiter acceptis. Ergo quariibet qua- 
I dTatrix, eft aequalis quaJratrici, in eadem bafi, fibi 
I viciil? ad ditte vtrimq; totis , n5 plus otxlinatis qua 
*. p. I fit ipfa bafis . Etfubquadratrixfubquadratrici. . 



i » ' 

— » «• 




iVxlfcet qifcdfatrix , ell «qualis quadratrici, in ca- 
dembafi,iibivicin«, additis vtrimque fermtotis, 
nonpluso*dinatts,quamficipfabafis. Ecfubqua- 

dratrix, fubquadratrici. , . ; 

Demonfir. ' 

Patec indu&ione per io^. 

j4i. J Deindefic. Quxlibct quadratrix cft aqualis 
quadratrici,in cade bafi,fibi vicin?,adti itis vtnmq; 
totis non plusordinatis,quam fic ipfa bafis . Tofct 
autem non plus ordinatar , femitotis non plus or- 
| dinatis, acceptis aliqualiter , funt sequales . Ergo 
qucelibet quadratrixcft squalis quadratrici in ea- 
dcm bafi fibi vicina? , additis vtrimque femitotis, : 
hon olus ordinatis, quam fit ipfa bafis . 4 Ec fub • 
quauratrix , fubquadratrici . • 



6. b. 



i. p 



Th0r.i6.Pr0p.36. 

Qi VseKbet quadratrix,eft aequalis quadratrici,in eadetn 
' bafi,fibivicina:,additis vtrimque fefquicotis,non* 
plus.ordinatis, quam fit ipfabafis . Et fubquadratrix , fubr 
quadratrici . ' 



De- 
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- > - ■ > • , • Dcmonfk. . . v 

i P $fcet indu&Qne pcr 1 1 • /?. 



?4- *• 



7. fc. 



2. p. 



Deinde fic. Qaaiibet quadratri* eft aequalis 
quadratrici , m eadem bafi,fibi vicinae, additis 
v trimque totis , non plus ordinatis, quim fit ipfa 
bafis . Totar autera, non plus ordinata?,fefquito- 
tis,nonpJus ordinatis, acceptisaliqualiter,fiint 
a?qualcs. Ergo quaelibet quadratrix, eft a^qfeali» 
quadratrici, in cade bafi,fibi vicinavadditis vtrim- 
quc totis, non plus ordinatis,quam fit ipfabafis. 
Et fubquadratrix , fubquadratnci . 



Theor. 3 7 .Prop. 37. 

QVxlibet quadratrix , eft aequalis quadi^atrjjzi , fibi, iru 
cadembafi,viciu#,additis vtritflque primi lateris 
fpeciebus,, infcriorum bafium. Et fubquadratrix , fubqua- 
dratrici . Vemonjlr. 
Patet indudionc per n.k 



34. b. 



14. b, 



Deinde fic . Quaelibet, quadratrix , eft aequalis 
quadratricr>fibi,m eadqbafi vicinfcaddikis ytrimq; 
totis, noplus ordinati$,cpam |jt ipfab^i$,iliquar 
literacccptis.qua*.tot^ v fuac «quales fp<&i$usxn- 
fcrioru bafium, primj Jate» is , aliqualiter acceptis. 
Ergoqu«eIibctqua^ratnx, eiVaequalsquadratrici 
fibi in cadem bafi vkina:,addms vtrimqj pwrnr l^- 
teris fpqciebus , , infenoj um bafium,. ftt fuhquar • 
1 dratr.ix,(ubquadr^trici. n ; ^ 
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Petrus Mengbliis , Illuftrifllmo D.Fabio Alamach 
* dino,NobiIi Bononienil, Domino fuo maxime 

recolendo, beate viucre, 

t . _ . * ■ * « • 



\» • 4 



V. 



» •» l Iv». 




E quafi proporfionibus , inauditum* 
hucufijue Geometricum elcwentum, 
ad theoremata , cateroqui difficitti» 
ma,facili negotio foluenda,cum in- 
fiituerim : ex ijs> qui meam fcholam 
frcquentarunt,pr&tcr te y lUutnts lllujirifsime , w* 
mtnem habeo fatis dtfpofitum\ qui rem fubtilifsi- 
mam valeat mtelltgere. Cumcjue verear , fi forte 
pofsit intelligi , quod iegendum omntbus propono\ 
ntfi prius tpfi oretenus 3 altcui eius doftrtm fatis 
capaci, meam fententiam expltcuetim: apud t^J 
precatoraccefsis <vt Atgnareris (dtcet vacattonut/u 
tempore admodum weejf*rt&>) ruraltbus parttm 
deltcijs , partim negotijs quidcjuam detrahere,pri- 
uatifque meis lucubrationtbus audttor interuentre. 
Pro tua benigmtate fiatim > quod pofiulabam , im- 

*ple- 



Dftjitized b 
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pleuifti : & * conceflum tihi diuirittus Mtelleftunu 
fubttltfstmum , iriptntis mcis , ta inttnttone adbi* 
buifti vt & mt tpfum inuentorcm 9 pr&lc8<* 
rcm 9 in plurimis ctiam pr&uenircs* Pluriynas ita* 
quc ttbt primum gratiat ^profiteor iquod r tam humi- 
liter, & ftbera/ttcr, me de ftudijs meis prtuatis 
tecum patiaris communicare. Dcinde illas eafdcm 
lucubrationes >vna cum alijs pracedentium elemen- 
forum , p/enius traftatas , prdegendas offero 9 firi* 
« r ptis > pr&fenttbus j antecjuam totum opus pu~ 
blici iuris ejfe incipiat: non cjuafi gra- 
tiam redditurus; fed in mei erga 
U obfequij moritmenturn. 
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GEt>METRUE SPEGiQS^E 





ELEMENTVM tertivm. 

'D EF IW ITIO 9t£S. 

Atio indetcrminata determinabilis, qUcC in^ 
tfitoSfr, {Jotpft effe maior, quam dat<u, 
^t^t^quatehus ita detcrminabilis, di- 
^UrQuaiiinfifliw. . ^ 

2. Et qu* f|*cft effe minor, quim i data qu£libet,qua- 
tenusitadetermlnabilis^diceturjQuaGnulIa- 

3 . Ec qu# pojeft effe minor, quaji data quadibct ma- 
ior inxqualitas5S?iTiaic>rVqLia^ minor ina>- 
qua!itas,quatenu> ita Jeterminabilis,dicetur,Quafi *qua- 
litas. Vdahter. qua? poteft cffe propior arqualitati, 
quam data quaelibet non squalitas,quatenus talis , dice- 

tur, Quafi aequalitas . 

4. Etqua? poteft cffe minor,quam data qucelibet ma- 
ior, propofita quadam ratione; & maior, quam data qus- 
fibet minor, propoftta cadcm ratione, quatenus ita deter- 
* mXK N mina- 
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m 


• 


S 


m 



pdtcft effe propior cuidain propofit* r3tionr>(|Liim da-. 
ta quxlibet alia n on cadem > quatenus talis, dieet ur > Qiafi 
cadem-». 

5» Et rationumquafi carundem interfe, termini di- 
centur^Quafi proportionales. 

<T. Et quafi arqualitatum, dicent ur,Qu a fi xquales. 




• .* • 
* 

■ 



1.1 4 , 

I 



Thttti 
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Thear+i.Prcp.lm 



1 itemcomj 



1 




c 




• 



TDcwcnflr* 

*f>tj$.^~~ Maioriscpm xationis apteccdcns, maioreft, 
i quam proportionalis, cum reliquis terminis: & 
I deropta quantitate,vt proportionalis rclinquatur; 
»• h | p^rmutando , &componc^0,&diuidendo,pro- 
S. j. I port ibnalis erir , & antecedens : e*demq reftituta 

iquahribt%eat antecedcns maior ^quam proper- 
tionalis,permutat#, aut compofitfe, autdiuilse 

j proportionalitatis. Quod&c ... 

Quare&c 



i 



# Theorcma iz.Prop. a. / 
Naequalium rationum maior, conucrtcndo, cft mi- 
nor. 

Dcmonftr. 



Nam maioris rationis confequens eft minor, 
quam proportionalis, cum rcliquistcrminis: fa- 
dufqueconuertendo antecedens, adhuceft mi- 
nor 3 quam proportionalis , cum idiquis tenninis. 
Quod &c. 
Quare&c. 



I 



7tw. i.Prop. 

Ngqualium rationum maicr , pcr conucrfionem ratio* 
nis>cltminor. N i f/y- 



ioo E t'EM ENTT.M 

a$ b: mafor^ qUtttl di d.t <>> 'zrct -nimo.ir- *rn: f - : ;tj?> j/— . §' 

r; maior, quam .y\ £ 
Dico nSfttorcm effe, q % * 

: Demonft. 
byf. lay h : maior , quim ( c\ d. 
p . b. a—P? b: ftiaiorf qastm cr~dy<L ? .-■ 
2. fc. 4—*: rrtinory quara?tf$ ^ac-^ii :i i 
^ & . 4— minory^ar^ rW. Qaod&c. 
" Quare &c. < x: JJ:f;T. ■ ; >i? 5 

' ' ' /''''■ 



■ 



Tbeor. 4. 4. 

EX maioribu* rationibus, cx ^quali,.maioreftrario^ 
compofita : &ex minoribusi minbr. • 

4; £:.maior, quam c; d. . a.^ 

#5 /• maior, quam^; fc. >r 

Dico 4 3 : jf : maiorem efle, quam c\ d>-+i> h •'- 

Pr<tfar< > ; 
4; £: /3 </. . ' - / | 

^5 /. • j \'> >.'{<* i\> j 

/?: rf$ - ' 

Demonflr. . } 

conjlr. ia$ b: a. 

hypctb. \ a $ b : maior, quam c $ d> 

1^ 5. \i\ d: maior,quam cj ' r 
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coftffrv 
hypotb 



V • «J 



!& maior, quam r, , ; : c : 

f$.;p </$!>/< : ifi;'.j:> , j •. >fc ; r. > ; 

*;/^: maior, quim fc. . ;.> 

\rf> h maior,quita </j 
xo. 5. jirominor, quam w. 
5. * r: /: maior , quim c, 

45 h f: iy dr+4\ l: i> /• 

c ; fc: r; */>-*</; *> »*\ 

i,H-rj /.maior^qu&ro c> d>-+n h. Quod&c. 

Quarc &c. ; • : • = 



1 ■ . .■ . 



1 



M 



Theor.^.Prop.^. 
Aioris in^qualitatis plus multiplicata rati6,maior 
eft , quam minus : & minorie, minor • 




ja;maior>quimk 
3. />. | *i ; £3 : triplicata a\ b. 
3. />• laiy hi: duplicata 4$ b. 

Dico ai > b$: maiorem, quam 425 b%. 

Yixb%\ ax: minorem ,quam bi . ai. 

" ~~~~ /i ' 




4tf.6.f. \L$i bx: b$ u. 

8. j. ! 45 »; m.ior,quam by u. 



"3 5 
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p. b. | 43 j £3: maior,quam iift j Quod&c. " 
x. b. 43 : minbr, quam hiyat. Quod&c» ' 
Quare&c. : , * ? ' 

■ ■ " » ^ f *' " > r - 1 I T. - " ! , ■ ' I »' * • 

Thecr.6.Prop.6% 

SI prima ad fecundam , maiotfem feabuerk rationem^ 
quam tertia ad quartamsctmm Squepropoitionales 
cum prima, & tertia, ad a?quepMporttonales cum fecun- : 
da , &quarta, maiotttah&bebunc rationera,fi prout fibi • 
reipondcnt , itafuitiamur. 

ffypelh. 
a\ b: maior,qu£mrj d. 



h gy h. 

Dico*3 g: mak>rcmefle,qu£m/$ b* 

Demonjk. ; * r - 

bypcth. j 45 h: maior, quatn t\ d. 
t* h. j4} c: maior^ quam %'i A* ' ' 
»3- 5- \*> f: maior, quam g> h. 
p.b. maior,quam/$ h. Quod &c. 

Quare&c 



7heor.-J.Prdp.']. 

RAtio quafi infinj t a, eonuer teiido, eft quafi nulla* " 
' hypoth. 
Efto ratio A ad 2, quali infinita. 
Dico conuerrendo, # ad A> cflfe quafi nuflairt. i *" ' 

Pr*- 
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• : ; *?fapdr+ - V. • 

Aflumatur quarfibet r.^to c ad ' JL 

Tknmfir* 

ief.iJb. \ Ratio A ad3>iT7aior pot^elfoqu&fti*/ ad/; 

\ Ergo conuertcado > » ad A > minor po^eftiiflfe^ 
«fcfa-M quam c ad^.ErgoSad^eftiatioqiairi nulla. 
iQijpd&c. 
Quare&c. 

— 1 1 ' 1 ■ 1 1 ■■■ 1 - ■ 

: • - 

Theor.%»Propt£%> 

RAtio quafi infinita >componcndo, eft cpafi infigjtat 
item diuidendo>eft quafi infinita. 

Hypotb. 

Eftoratio ad <B* quafi infinita. 
Dicocomponendo » ad 2? , eflequafi infioitatn. 

Pr*par. 

Aflumator quaelibet ratio c ad rf: (Juod fi r> eft ma- 
ior>quim rf> fitexceflus e . 

Dmonjfr. 

| Siquidem e eft apqualis^vefmiooriquam <£pa~ 
*• 5^ I ter>quod;4-*#ad $>raak>r poteftefle >quiiiw 
Jtf» £ c c ad Qidd li * eft maior >quam rf;quoniam> 
I -rf ad B > niaior popeft eflfe> quim rad </: ergo 
I componendoji*-* » ad S?> maior poteft eflc 3 quafn 
frofarA e^d ad </: fed eft c: ergo ^-eSad 2> ma- 
Wr/; 1. 1 ior poteft efle,quam c ad d. Ergo i4+3 ad 2, 
. 1 ratipeft quafiinfiaiia. Quod &c. 

Dico 
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Dicodiuidendo A—S ad 37, rationecn elTe quafi in- 
finitam. - tbmonftry t A 

| Ratio^adS,potpfteflemaior,quam c-*rfad */: 
p. fr. I Ergodiuidendo 4-~_? ad^»,poteft"cflemaior, 

* ___ _ _ J f ■ 7 . __. ># c #» _ J cTi __ . _ _ II 1 



infiijita 
Quare&c. 



Quod&c. 



Theor. 9.Pro. 9. 

RAtio quafiinfinita>perconuerfioncm rationis, eft 
quafi sequalitas. r - . . 

Hypoth. J 
Efto ratio -4 ad 2?, quafi infinita. 
Dico, per conucrfionem raeionis, A ad -4— 2?, efle 
quafi asqualitatem. . i. : 

Aflumatur qu^Iibet ratio tton a!qualicas,<Hiusmator 
terminus c , minor d. 

Demonflr. 

*#.i f iu Ratio 4 ad'2?,poteft maiot efle, quam r ad 
3. c -^^:^rgo,'per contierfionem ra<ioni$, A zi 
i potefttminor effe, quSm x&ldi, 82 <fcft 

c iriaror squalitattei ergo 4 ad ';*_<--- 2 ;eft propk* 
«qualitatiiqu^m fit propofita ratio c ad j/: ergo 
ratia 4 ad 4— 2, eft qttafiasqualfcaSr-Quod^c.^ 

. Quare.&£. T-. *- j rmj:r.v-^- i.:<!<v; iOj i tl ,y> 

■r t£j>V ^irri, ^;,;^ i^rin [ ■< 

Tkeor. 
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i Theor.lo.Prpp.io. 

RAtio qiiafi nulla, conucrtendo,cftquaG infinita. 

MEftoratio A.A&fh qqafinulla, ; ^ 

Dicoconuertefldbjrationepa ?ad eflequafiinfi- 

nitatn. Prtpar. 
-Aflumatw quselibet ratio c ad 

• " ^Demohfir. 

ikfii.b. l Ratio A ad % , mmor poteft efle, qu&n ad 
h. \c : ergo conucrtendo, rapio $iidA, raaior potcft 

4/c/.i.^ I efle,quam cad <fcergoratio # ad A> eft quafi 
linfinita: QuodKc/ 

' Quare &c. 



9 



Theor.t+.Php.il. 

RAtio quafi nulla, componefcdo, eft quafi fcquafiras. 
♦ ffypmk 

Eftoratio ^ad», quafi nulla. « ; 
Dico componcndo , rationem ad 3 , efle quafi 
aequalitatem, v 

' ' Pt<&p&r. k> ►uj^ •' « . ^ 

Afliimitur qiidrbet ririo nort-£tjuaJ*Ca$ jcuius 
maipr tcrminus r ; tftinor •] j ; 7 j .? 

. i - : Den&Hjir'.' "• 1 . ' 

I Ratio ad » , potefttainof eflfe, quam c— ^ 
a. ! ad d : ergo conuertendo, S ad A ,.poteft roiior 

O ad 
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3. h. niA, poteft maior efle , quim c ad c ~ d : ergo 
perconaeriionem rationis ^-+2 ad^ poteft injr 
nor efle,qu£m cad</:&cftraaior£q4alitatcre£- 
go ^f^-S aq ^eft propior *quafitati,quim c ad </: 
ergo ij-t2 ad 2, eftquafixqualicas. Quod&c. 
Quarc&c. 



Thear. ii* Prop. 12. 
T7 Xrationibusquafi infinitis>ex2tquali>quafi infinitx 
jLZ* funt rationes compofit*. 

. . «• " fiyfoth* 
A ad 2> & C ad D > funto rationes quafi infinita?. 
Dico cx arquali >ex A ad 2 , & C ad £> compofitam» 
effe quafi infinitara. n 

Pr<epar. 

Aflumatur * ad /. ratio qudibet. 

Demonflr. 

Quoniam A ad 2> & C ad Z>> fimt rationcs 
*f.i.fr. quafiinfinit«:pofuntefse -4 ad 2,maior>quam 
+ b* c ad /5 & C ad £)> maior «equalitate. Quare> 
&vtrifque <4 ad 2> & C ad Z>> compofita ra- 
tio > poteft cflc maior > quam ex * ad /, & ex 
7.7. «qualitate,compofita>^deft>qu£raipfa * ad / 
\ub. ratio. Quarccx vtrifque -4 ad & C ad 
compofita ratio cft quafi infinita. Qsjod &c 



Quarc &c. 

■ . M ■ ■ J «j | , l »JJ„ J_ 
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Theor. 13.Prop.i3. 

EX rationibus quafi nullis , ex asquak' , quafi nulte fimt 
rationes compofita?. 

Hypoth. 

A ad & C ad D , funto rationes quafi nulls • 
Dico ex arquali, ex Aad2,Sc Cad D rationemcom- - 
pofitam, effc quafi nullam 

Aflumatur qudibet ratio t ad f, 

Oemenjlr. . . ' 

J Quoniam AzdV, & C ad D funt ratjonet 
«fc/.i.fc. 1 quafi nullx, poflunt efle, A ad$, minor,quanu 
U ad /: & Cad D, minor «qualitatc. Quare 
\ ex vtrifque ^4 ad 2?> & C ad D> coropofira ra- 
' no,poteftefleminor,quamex vtrifqw e ad / # 
& ex aequalitatc compofita; ideft, quam ipfa e ad 
/. Quare ex vtrifque A ad 2 , & C ad Z> , con*- 
pofita ratio elt quafi nulla . Quod &c. 



7- 



def.l.h. 



Quare&c. 



Theor. 1 4. /V<?p. 14. 

RAtio quafi a?qualitas,conuertendo, r eftquafia?q 

Hypoth. 

Efto ratio A ad 2»quafi sequalitas. 

Dico conuer tendo , # ad A , quafi «q«alitatcm cfle. 



■ 



■ 
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■ ; Pr<epar. 

Affuttiantur duae quselibet rationes, c ad d, maior 
*qua!itate:& c ad f> minor. 

Demonflr. 

I Quoniam rario c ad d> cft maior a»quaIitatoj 
• *: b. l ergo conuertenda , d ad c, cft minor a?qualit3te: 
a. &quoniam * ad /V cftminor aequalitate; ergd 
fcypoffr. conucrtendo / ad c> feft maior sequalitate . Et 
defa.h. quoniam ^ad 2?, eft quafi «qualitas : ergo po- 
teft A ad 2, maiofcfle, quam d ad r, &minor, 
quam /ad * : crgo conuertcndo potcft % ad 4 
j mindreffe,quam c ad & maior,quam <?ad / 
«fcf 3 . fc. j Ergo 2 ad A> eft quafi aqualitas . Quod &c. 
Quare&c. ' * • * 

, r . • . 

. t * 

» I - T II , ■ , . i 

*' 

; ; - * ; Theer. 1 5 . Prop. 1 5 . 




Efto ratio A ad 9, quafi aequalitas . 

Dico £6mponendo A -* 2 ad 2?, effe quafi duplam . 

• Pr*p<mr. - 

Affomatur dua? quaelibet rationes c add, mator,quam 
dupla: & e ad/, maiorquidem «qualitate> fcd minor, 
quim dupta . 

Dtmonflr.. v - 

«o*j!r. 1 Quoniam r ad -rf, eft maior, quam dupfeu, 
*• *• 1 diuidendo, d ad </, cft maior *qualitatc:& 

* ,,J ' - quo- 

Digitized by Google 



'■i T E R : t l V M. iop 
«>»/&•. I quoniam - jr fcd / > eft ^maior «qualitate , fcd mi- 
p.fc. ( nor, <juinb dupldj diuidcdo, e — /ad f, eft nrioor 
defj.h. | sequalitatc . Etquoniamyf ad 3, ; eft quafiaHjui- 
litasjpoteft ^ a<J 2> minor efle,quam c— ad 
& triaior, qudm > — /ad /. Ergo compo- 
, ncndo,potcft A-+H ad 2?, minor efle, quam c ad 
j#4.U ei; & fifaior,^^^^/^ &go >*t+ 2? ad 2?, 
1 eft quafi dupla . Quod&c. 
Qljare&c. 



Thtor. 1 6. Prop. 16. 

RAtio quafi xqualitas , diuidendo , cft quafi nulla. 
4 ? Hypoth.' • < 
Etto ratio i< ad »qUafi iequalitas: & efto ^ maior, 

Dico diuidendo 3' ad ef& quafi nuflam . 

Pr*var m 

Afliimatur qudibet ratio c add. 

Dcmonftr. 



. . . , . 



Quoniam A ad 2, eftquafi#qualitas;&eft^ 
maior,quam % & c-*d mator, quim di crgo 
defo.h. j poteft A adB ratio, minor efle, quam ad 
/>. i: ergodiuidendopoteft^ — » ad 2? ratio ,mf* 
^.3^ norefle,quim c ad ergo ad 5?, ratio 

eftquafmulla. Quod&c. 
Quare&c. 



- - 



Thor. 
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Tkeor* 1 7». /typj 1 7» 

RAtioquafi asqualitos^pcr coxjiierfioncm rationiscft 
quafi infinita. 

. Eflo ratioquafi sequalitas ^ ad 2: & cfto ^ maior, 
quam £. . > 

Dico , per conuerfjoncm «tionis f Aad4 — ratio? 
nem efle quafi infinitam. 

Prtpar. . 

Affumaturqu^libetratip^maiorisin^qualitatis c ad L 

"Demonfbrm 

| Quoniam /i ad 2, eft quafi #quali tas > & eft A 
defa.h. maior,quam itemt maior, quam c — ^etr 
3. k go ratio A ad poteft minorcflc, quam r ad 
c—d: crgo per conucifionem rationis, ad 
,4 — S ratio, poteft maioreffe,qtiam r ad rf: & 
eft maior omnibu », tum ^equalitatis , tum minoris 
dcf.pJ>. insequalitatisrationibus: crgo A zdA^X ratio 
eft quafi infinita • Qupd&c. 



Quare &c. 



■ - ~- » 



- 



Thtor* j8. Prop. l 8. . 

QVa» eidem funt qpafi aqualia, intcr funt quafi 
squalia. 

Hypoth, 

Sunt A y % quafi squaha :item S> C, quafi fequalia. 
Dico 4> C, quafi a^ualia efl*. - — 

Pr*- 
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Atlumawr qiralibctratio // ad a noi «qaalitas: cuius 
nutor teraiiaus ^ mfaor r . 8e incer i , >, mc dia fu- 
matur £ 7 Demonflr. 

dfajb. I Quontam A> 2t> funt quafi aqtialia, poteft 

Ijad minuseflfe ,quam */ ad /: Stmaius, quitn 
, 1 / ad A* item 2 ad C poceft minus cfle,quim / 
4. *• j ad e, & maius> quam ad /. Ergo ex aequa- 
J Ii,poteft A ad C minus efle, quim </ ad & 
rfcfo-k J maius* qulm * ad ^> ergo ad C, quafieft 
| squalis. Quod&c» 
Quaceatc. \t •■'•:•« ^q-? *\ ^\ 

TW. i ^Propofi 1 9. 

QVaeldeaifunjr qitafi ejdem rationes, inter fcfiinc 
quafiejdem. ."'1 
Hypoth. 

A ad 2, quafieademeft^qux C ad D: & C ad Z), 
quall eadem , qua? £ ad /\ -v 1 ■ * 

Dico Aad 2 , quafi eamdem efie qux £ ad 

• ' : ■ h f . ' Pnepar*-* > ' . :";-": - •■' 

AlTumatur quaelibet ratio £ ad &> maior, quim cui 
propiorpoteftefle £ ad F: & qua&hec i ad /, minor. 

TJlemonJk. 

4*f+h. Quoniam C ad Z>, quafi eadem cft, quae iS ad 
f i poteft.C ad D, minorefle,quim g ad fcj & 
#r>. maior,quam 1 ad /. Ergo^ ad h % maior eft, 

^jttatu 
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quam cuipropiorpoteft eflc C ad D$ & i ad l } 
4tf+.h.\ minor. Et nqpdniam ^ ad ^ ^ qifafl^ft ^denL , 
\ i " qua? t C t ad Bi ergo -4 ad#/potcft cflemirioif, 
conflr. quam ^ ad fc; & maior, quam / ad /. Scd^ ad 
h eft quarlibet aflumpta > maior, quam cui pro- 
piorpoteft efle £ ad F«j & i ad eft^<juadibec 
raflumpta,niiaor: crgo A*d$, eft quafi eadem, 
-rv [quar£ ad/fa Quodi&a: i ^ r U | + 



1 — f 



Tfoflr. 20.j>H)p. 20.' . Lu »• j. • | 

QVafi proportionales , conuertendo , fiffit quaffjfro- 
portionafcr. ~" * 

•Q i \ Hypfith*. - * * ; 
J Sint quafi proportionales >rf i ad vt «C r i& Z>. ✓~\ 
Dicoconuertendo, quafi proportionales efle SS !d,4 
vtDadC .V''\ ^ 

/I U v- ; f : :C. U 0 * Prtfat. Fli.f . r '\ ! i. > 
| Sumatur quadibet ad /> maior , quam cui 
j propior pptcft efle' D zd Cz^&t quselibet^ ad h 9 
». h. ! minor: &erkconuercendo, fumpta/ ad t 9 mi- 
n :[tior^&m<^iprop!ori^ 
nj^ maiot^i*i--» : p •."i Lfc ^ilcji^»! ; . 

kypoth. i .Quoniam -4 ad » v quafi cft eadcm , quoe C 
def.^h. | ad 2?;ic;rgd -4ad ^ , .pot^ efleiiiinor , guam h 
f<<\ $d fikimgior.^ quahi f a&npigOtaMucvtQfr 
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do, 55 ad A> poteft efle maior , quam g ad h\ & 
defob. minor, qulm e ad/: ergo 3 ad ^> quafi cadem 
eft, quarDadC. Quod&c. 
Quare &c. 



Theor. zi.Prop.n. 

EX quafi ijfdem rationibus, ex xquali, quafi cjdcm 
funt rationcs compofit* . 

Hypoth. 

A % C T> 

£ F G H 

i n r f k 

l 4 $ m 

A ad 2 , quafieadcm ratioeft,quae C ad T> : & £ ad 
/^, quafi eadcm , quae G adH. 

Dico exsequali,ex >4 ad 2, &-£ ad compofitam, 
quaficamdem efle, qu« ex C ad D, & (? ad H compo- 
fitsu. 

Aflumatur i ad quselibet ^atio maior, quim cui 
propiorpoteftcfle,ex C ad D % & (? ad H compofita^: 
itcm afliimatur qusehbet / ad m 9 minor . Deinde fiant 
i ad n> & / ad o y ficut cui propior potcft efle C ad Di 
item /> ad ^ & ? ad w , ficut cui propior poteft eflc G 
ad H. Denique fumatur inter », />, media quadibet quan- 
titas r : & intcr <?, 7, media quselibct j. 

P T>e- 
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Demonfbr. ^ . * r 

eonjlr. j Quoniam i ad kj maior eft, quam cui propipr 
poteftefle,ex C aJ D, & G ad /7 compofica^ 
&eft i ad cui propior poteft efle C ad 
p ad cui propior poteft eflfc G ad #: ergo i 
ad k maioreft,quam,qu£Cx i ad», & ex />ad 
k, compofita* Ergoa, maiOreft,quin p. Si 
?• enim »,cflecsequalis ipli/>: ex i ad », <Sfi exjqua- 
litate,&cx/> ad b copofita ratio i ad effet ca- 
dem , qu * ex ca, cui propior potcft eiTe C ad D, 
exsequalitate, & exea, cui propiorpotcft efle G 
+ b. ad ft> compofitaefti contra affumptum . Quod 
fi », eflent minor, quam p : ex i ad », & minori 
9 inarqualitate, & /> ad k> compofita ratio / ad k, 
cflctroinor, quamqu#exea,cuipropiorpotcrte/fe C ad 
2>, cx a>q lalitate , & ex ea, cui propior poteft efle G ad H, 
compotitaeft^ contra idem aflumptum . 
conHr. J Ergo », maioreft,quim p: & r, minor,quam 
S. 5. j & maiorquam /7: habetque i ad r, maiorem 
j rationem, quam i ad ideft maiorem,quaixu, 
8. 5. j cuipropiorpotefteflc C ad D : babet quoque r 
ad k , maiorem, quam p ad k ; ideft > maiorcm , quanu, 
cuipropiorpotefteflc G ad H. 
conftr. Similiter, quoniam / ad m , minor eft, quanu 
. cui propior poceft efle cx C ad D, & ad H 
\ compofita : & eft / ad 0 , eadcm, cm propior po- 
4 . k | teftefle C ad V: & ? ad m> cadcm , cui pro- 

pior 
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4. b. 

^onflr. 
%. 5. 



T E R T I V M. 11.5 
A B C D 

F G B 

i n r f k 

l 1 s <f rh 

4* b. | pipr poteft ctfe G ad H: ergo / ad m, minor 
| eft^quamquaeeftex / ad *> & q z&m compo- 
| fita. Ergo o y minor cft , quara <\. dcmonftrari 
enim potcft vt fupra , quod (1 o> cflet sequalis, vei 
maior, quim fi effet 7 ad m ntio non minor, 
quamcuipropiorpot«ftcfle,cx C ad Z>,& G ad 
// compofita 3 coutra aflumptum . 

Cumitaqueo,fitminor,quim qi erit ma- 
ior, quam 0; minor,quam m babctque /ad s> 
minoremrationcm>quam / ad o\ ideft,mmorem, 
quam,cui propior poteft efle C ad D. habetquo- 
que s ad m> minorem rationem , quam <j ad m: 
ideft , minorem , quam , cui propior poteft efib 
G ad H. 

Iraque i ad r, maier eft,quam, cui propior 
poteft efle C ad T> : & / ad minor . Sed A ad 

quaficademeft,quse C ad D: ergo -4 ad 
poteft eflc minor, quam # ad r s $1 maior, quam 
/ ad s. Similttcr r ad k maioreft > qoam ) cuipr(>- 



/up. 

defa.b. 
Jup. 



\yypctb. pi or poceft efle C7 ad //; & j ad m> minor: & eft 
4*M*y* £ ad quafieadem>qu* G ad //: ergo £ ad 
F potcft effc minor > quam r ad k; & maior, 
4- | quam j ad m. Ergoex*quali,poteltex A ad C B> 

P 2 
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A » C D 

B F G H 

i * r j> k 

l o f q m 

8i E ad F compofita,minor effe, quam, qu* 
cx i ad r, & r ad k, componitur, ; ad k; & 
maior^quim, quceex / ad /, & s ad m y compo- 
nitur, / ad m. Eft autem # ad k, fumpra quar- 
libetmaior,quam cui propior poteft effe compo- 
fitacx C ad 2?, & G ad /7; & / ad w, minor. 
Ergocompofitaex -4 ad », & £ ad F, quafi 
eadem eft, quae compofita exCad £>, & (7ad/X 
|Quod&c. 
Qmre &c 



■ 



• Theor.iz.Prop. 22. 

QVafi proportionalcs , permutando , funt quafi pro- 
portionales. ^y/wrfc. 
Sint quafi proportionales A ad 2?, vt C ad D. 
Dico pcrmutando , quafi proportionales effe ^ ad C, 
Vt 2 ad D . T>emonflr. 
bypotb. Suntenimquafie^dcmrationes^ ad 2, & 2 
21. ad C; quse 2 ad C, & C ad D: ergo ex aequali, 
^adC,& 3 ad D, rationescompoiit? funtqua- 
dcfifj>. fieaedem : ErgOj4 ad C, & 2 ad D> fiint quafi 
proportionales . Quod&c 
Quare &c. 
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Tbear.zi.Prop.tS. 

R- Ationes quaG caedcm , componcndo , /iint quafi 
eaedem . 

A ad 2, quafieademcfto,qu* C ad D . 
Dicocomponendo A-t^B zd », quafi candcm eflcr, 
quxC-+DadD. 

Prtpar. 

Afliimatur e ad quslibet ratio maior , quim cui 
propiorpoteftefle C-+D ad D: iteg ad /?, quadibct ma- 
ions inseqUalitatis , fed minor . 

Demonflr. 

ionfir. I Quoniam <? ad/i maioreft,quim,cuipropior 
/>• k poteftefle C-t-D ad D: diuidendo, * — f ad /J 
maioreft, qu&m cui propior poteft efle C ad D. 
c<w#r. [ tem (^uoniam g ad fc, minor cft , quarn cui pro- 
f. b. piorpotcftefle C-* D ad D: diuidendo ^ — fcad 
h minoreU,qu£mcuipropiorpoteftefle Cad D. 
otb. Sed «4 ad 2 , quafi eadem eft , quse C ad D : er- 
def+b. go A ad 2, poteftefleminor, quam e-—fal f Sz 
f- b. maior,quam g~ h ad h. Ergo componendo 
A-*>V ad 2 poteftefle mingr, qua n e ad f\ & 
maior,quam£ ad/>. Ergo ad quafi 
eademcft,qu# C-»-D ad D. Quod&c. 
Quarc&c. 

Theor. 
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Theor. 14. Prop. 24. 

RAtioncs quafi eatdem, diuidcodo , funt 4 quafi c*- 
dcm . 

tiypow. 

Sint rationes quafi cdedem -4 ad $ , & C ad D. 
Dico diuidendo , quafi cafdcra efle rationes A — » ad 
2,&C— DadD. 

Pr<*par. 

Aflumatur * ad f y qujlibec ratio maior,quam cui pro- 
piorpotcftefle C — D ad Dt&aflumatur^ ad/?, quar- 
libet minor. 

Demonjlr. 

Quoniam e xlf, maioreftjquam^cuipropior 
poteft effc C — D ad D ; & ^ ad h> minor: ergo 
componendo e -+f ad/Jmaioreft,quamcwpn> 
piorpotcftefle C ad D; & g-+h ad h, minor. 
Sed A ad 3 , quafieademeft, quse C ad D^. er- 
go A ad » poteftminorefle, quam e-hfadf y & 
? maior,quim ad /?. Ergodiuidcndo A — 2 
j ad 2! , poteft minor eflc, quam e ad /5 & maior, 
^/.4^7. quam £ ad Ergo 2 ad », quafi eadcm 
I efc,qu* C— D ad D. Quod &c. 
Quarc&c 



tonflr. 
b. 



f. h. 



R 



7"W; 2 ^.Propjz 5 . 

Ationes quafi efdem , pcr conucrfioncm rationis, 
fuatquafi efdeaw * ' - 

• • Hypoth. 
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^ Hyfotb. 

Sinc rationes quafi easJem, A ad », & C ad D . 

Dicoperconuerfioneti racioiis,quafi eafdem eflera- 
tiones A ad A & C ad C— D. " 

Demonfir. , 
| quafi C: Z>. 

H iii— »j S: quafi C--D; 7>. 
20. fc. ] S5 ,4 — 3?: quafi D; C— D. 
*i. A. \a\A~ 2:quafi C; C~D. QuoJ&c. 

Quare &c. 



TW. 26. Propof.z6,. 

SI quotcunque quancitates fuerint quafi proportiona- 
les, colligendo , quafi proportionales erunt , omnes 
antecedentes , ad omnes confequentcs . 

Hypoth. 

A; 2: quafi C; D: v '. - * 

Dico ^-hC; »-+ D: quafi Cj D. 

Demonji. 
-bypotb. \ A>7i: quafi C$ D. 
21. *. JjC: quafi 2; D. 
33. k ,d-*C; C: quafi £-+D$D. 
12.*. |^-*-C;S-+D: quafi C:D. QqodStt, 
Quare &c. — 



s 



Theor. 27. Pro. 27. 
I prima ad fecundam quafi proportionalis fuerit, ficut 
tertia ad quartam ; & quinta ad fecuadam , quafi ficu t 

fexta 
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fexta ad quartam: eritprima cumquinta ad fecundamj» 
quafi ficut tertia cum fextaad quartam . 

nypow. 

A\TS: quafi Cj D. 
quafiFadD. 
Dico^-+£; »:quafiC-*FjD. 

| A' y 2: quafi Cj D. - 
2t. b. | .4$ CrquafiS; D. 
. bypotb. E\ 2:quafiFjD. 

21. />. 
ip. fc. 

22. fr. 

1$. h, 
bypotb. 
21. h. 



Quare &c. 



^j/^quafiSjD. ' , - 

C* quafi E\ F. 
A\ £ : quafi C$ F. 
A-+ E> Eicpufii C-*F,F. 
E-> 2: quafi fj D# 

A-+E-, 2: quafi C-+F; D. Quod&c 



TW. iS.Prop. x8> 

QVafi partes, cum quafi asquemultiplicibus , in quafi 
eadcm funt ratione , fi prout fibi mutuo relpon- 
dent,itafuraantur. 

Hypotk 

A- y %: quafi tripla. 
Cj D: quafi tripla. 

Dico Ai C: quafi 2j D. 

D#- 
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'Demonjbr. 
18. b. \A y 2: quafi C;D. 
ix. h. | A; C: quafi 3 $ T>. Quod&c. 
Quare&c. 



Theor. 29. Prop. 2 9. 

SI totam ad totam quafi proportionalis fuerit , vt abla- 
ta ad ablatam: & reliqua ad reliquam , quafi propor- 
tionaliserit, vttotaadtotam. 

IJypoth. 

-4; 2: quafi C:T>. 

Dico A~Cy $— D: quafi A\ ». 

Dernonflr. 
bypotb. j A\ *B: quafi C$ D. 
%2.b. j A' y C: quafi 

j -4; C: quafi 2; 2f— 2>. 
32 | C$ » — D: quafi 4 } 2. Quod&c. / 
Quarc&c. 1 

-- 

Theor. 3 o. />ro/>. 3 o. 

QVantitatcs quafi proportionales , & per homologi- 
am , funt quafi proportionales . 

Demonflr. 

Nam conucrtendo , quafi proportionales fiunt , 2 oh 
& <:olligehdo , 2 6 , & 2 7. fc: & aequcmokiplicando , & 
«quepartiendo , 28. fc &perrautando, 22.M &diuidcn- 
do, 24./?: &componcndo, * 3./?: & homologas ab ho- 

Q mologis 
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mologis auferendo , 2 9. k & per conuerfionem rationis, 
2j.fc: &exafquali,2i.fc &coniunvais omnifanam ar r 
gumentis huiuftnodi, quocuoque ordine, per homolo 
giam , quafi proportionales fiunt. 



Theor.3t.Prop.3i. 

QVafi aeqaales, ad quafi arquales, rationes habenr, vel 
quafiinfinitasvtrafquc, vdquafi nullas, vel quafi 
eafdem inter & . 

Hypotlo. ctmm. 
A> 3 funt quafi sequales. 
C, D funt quafi (equales. 

Hypoth.p. cafus. 
Ay C : cft quafi infinita . 
Dico »5 D : efle quafi infinitam . 

Pr<epar. 

Aflumatur e ad/, quxhbet ratio ; vnde fit corapo- 
nendo e-*fadf : deindeper conuerfioncmratioms e+f 
ad c: & conuertendo e ad 

r Denwnjir. 

&<f+h. J z- A . poteftmaiorefle,quam e ; e-+ f. 
defp.b. I A% C: poteft maior eflc , quim e -+/$ /. 

4*b. j » 5 C : poteft maior effe ,quam e 5 f 
defoh. ISyC: ratio eftquafiinfimta. 
def.p.b. 2; C:poteftmaiorefle,quim *-+/;/. 
defo.b. C ; poteft maior cfle , quam e$ e-+f 

4. b. HiD: potcft maior cfle , quam e j /. 
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def.p. b. \ 7$i D : ratio eft quaii rafinita » Quod Sec. 

Bypoth* 2. cajus. 
A\ C: eft quafi nulla. 

Dico 2j D : efle quafi nullam. • ' 

.Demtnftu \ • 

io. fc. j C 5 ^ : quafi infinita. 
/«/>• l Dj 2f; quafi infinita. 
7» 1 28 j D : quafi nulla. Qnod&C* 

Hypoth. cafus. 
A; C: ncq; quafi infintta,ncq: quafi nuOa eft. 
Dico 2} D: quafi efle A\ C. 

Demnftr* 

*B ad D, nequeeft quafi infinita* neque quafi nulLu 
| alioquin A ad C cflct quafi infinita, vcl quafi nuk 
j la,contrahypothefim. 

ip. *. J A\ 2: quaii C; D. 

%ub. j C; quali 2} D. Quod&C. 

Quare&c. 



Theorema 3 t.Prop. 32. i 

SI prima ad fecundam, rationem habuerit quafi infini* ; 
tam; icem ad tertiam, rationem quali mfinkam : ha* 
bebit&ad vtriufquefummam ,& ad vtriufque difteren- 
tiam, rationem quali infinitaoi . • — 

Hyptih. 

^j#:quafi infinita. • > 

A\ C: quafi infiaita. .•;-',..» 

Q^ 2 Dico 
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Dico A\ B-+ C: quafi infinitam efle. 
Ec<4$ »— C: quafi infiniuai efle . 

Demonftr. 
hypotb. S: quafi infinica. 
8 - A -+%$%: quafiinfinita . 
9*k A-±B\A: quafi a?qualis . 
bypoth. A y C: quafi infinita . 
31. h. J A-+2ti Ctxjuafi ijnfinita . 

A -+ S -+ C ; C : quafi infinita . 
A-+2}-+CiA-+ t Bi quafiajqualis. 
i4 -+ B 5 -4 : quafi^qualis .. . 
\A-+ C B-*C\A: quafi sequalis . 
2? C 5 : quafi nulla • 
A ; # -+ C : quafi infinita . Quod &c. 
^ -+ Z?$ C: quafi infinita. 
A-*$—C)C: quafi infinita . 
C ; ^ -+ S -r C : quali nulla . 
A-+B\A-±B — C: quafi sequalis . 
/4; A -*- jB: quafiasqualis. 
A-v^B—C^ A : quafi f qualis . 
# _ C^ »— C: quafi infinita . 

8. h. \a^B — C: quafi infinita . Quod &c. 
Quare &c. 



8. Jb. 

fup. 

18. fr. 
14$. fc. 

io. fc. 
8.fc. 

7. h. 
II. 

18. fc. 
17. 



S 



Tbeor.ii.Profof.il. 
I fucrinttresterminijprimus indcterminatus , reliqui 
duo dctcrminati j fuerit autcm primus ad fecundqiiu 

quafi 
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quafisqualis:habebitfecundusad tertium candem ratio- 
nem,quamquafihabetprimus. 

:• , v . Hypotk ; . * ' 

Tres termini funt , primus indeterminacu* A\ reliqui 
duo dcterminati , & a &eft-4ad b y quafisequalis • 

Dico b ad c eandcm efle rationem , quara quafi ha- 
bct A ad c. . 

Pr<epar. m ; 

Aflumatur d> arqualis ipfi c . 

Dtmonjl. 
hyfoth. Ai b: quafi a?qualis. 
conflr. c-yd: nequalis. 
def.+.h. A\b: quafi c ; d . 
21. h. , -4$ c: quafi £j </. 

8. 5 

i*. h 



^: ^ c. 
A$ c : quafi £5 c * Quod&c. 



Quare&c. 



T 



^ 7^w. J 4. /Vfjp. 3 4. 

Ota ad vnitatem , quaii eit lntinita, 

Nam tota > cum non dicatur , cuiusnumeri tota fit ; eft 
indcterminata: idcoque tot£ ad vmtarem., ratioeft inde- 
terminata . Cumque poffir dici , cuius numeri tota fit 5 cifc 
dctermmabilis ; ideoque torac ad vnitatem , ratio eft detcr- 
minabilis. Cum deniquepoflitdicieius numeritota,qui 
muioriit,quamvt advnitatem, habeat quamlibct ratio- 



.'I 



nem 



- 
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| netp datam 5 qui numerus , ip(a fiit ipfius eft tota^ 
j erit ratio totae ad vnitatem , maior , quimdata, 
</f/./>.fr. I quaelibet. Ergo tota ad vnitatem, quafi eftin- 
I finit» . + 

SEfquitota ad vnitatem , quafi eft infinita . Item lcmi- 
tota. 

Demonflr. 

34. h. I Tota ad vnitatem,quafi eft infinita: erg9 com- 
8. b. j ponendo , fefquitota ad vnitatem, quafi Sftinfi- 

8. h. I nita . Item diuidcndo, femitota ad vnitatem,qua- 

j fi eft infinita . 

Theor. $6. Prop. 35. 

TOta, fcfquitota, &femitota, quafi funt aequales 
intcr fe . Demonftr. 
3$.^ J Sefi^eotaadvnitatem,quaficftinfinita:ergo 

9. h. | per conuerfionem rationis , fefquitota ad totaro, 
quafi eft gqualis . Rurfum tota ad vnitatem quafi 
fit infinita : ergo per conuerfionem rationis , tota 
ad femitotam , quafi eft arq&alis. Ergo fcfquito- 
ta ad femitotam , quafi eft aqualis . x 



34* ^ 
p. h. 

18. h. 



Theor. 3 7. Prop* 37. 

TOtt quanturahbct ordinata ad vnitatem , quafi eft 
infinita * Itcm fefquitota , & femi to ta . 

Dico 



■ 
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Dico tiiui quaft infirtitum • 

Demonfa 

_?4. fc. | 0: quafi infinita. » . 

~ *3 $ «: triplicata #. 
tl ; «: quafi infinita. Quod&c. 

Similiter oftendetur y 3 5 0 : qttafi infinita . 
I Item ms ; 0: qu3fi infinlca * 
Quarc &c. ' - 



def.6.p. 

12« fc. 



Tfoor. $9*Prop. 38. 

TOtarum inaequaliter ordinatarum , magis Ordinata, 
ad minus ordmatam, quafi cfHnfinrra. ItCffi fefqui- 
totarum , &femitotarum . 

Hypoth. ' 

*5 magis eft ordinata,qu4m t$ 
Dico 15 5 1 $ : quafrinfinkan~w 

Demonftr. 
34. h. ]t; u: quafiinfinita. 

• i€f.<5.p.i f4; £3 : f$ 
13. ^5 , 14: quafiinfinita. 
13. 5* *4> '3 2 quafi idfimta* ' . • 

12. '5 > '3 : quafi infinita. Quod &c. 

Similiceroftendetur ^5 ; qi : quafiinfinita. 

Et mj } m$ : quafiinfinitat 

Quare&c. 
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Theor. 39.Prop. 

2C Qucordinata?, tota, femitota, & fefquitota > funt 
*^ quafi ajquales . 

Dico tittfymi) quafi «qualeseffc. 
[ Demonjir* 
t> q : quafi aequalis . 
'3 5 ?3 : triplicata /; 7» . 
I '3 > 1$ : quafijqualis. Quod &c. ■ 
I (\iym$ : quafiaequalis. Quod &c. 
18. fc. j r3 $ : quafi squalis. Quod&c. 
Quare&c. ' 



3- 

xi. /?. 



•t • r 

s 



Theor.40.prop.40. 

TOta magis ordinata, ad aggregatum cx totis miniis 
ordinatis , quaii eft infinita . Item femitora, zd *g- 
gregatum ex femitotis : & fefquitota , ad aggregatum cx 
fcfquitotis. . . 

Hypotk 

Efto tota magis ordinata ts : qua minis ordinatar. 
ix> t y &rationa!is u: quarum aggregatum 5*2 -+3* 

Dico r 3 5 5 f x -f 3 1 -+ 40 : quafi effe infinitam . 

v' * Demonflr. ^ < *! ; / : 

38. b. | *3 ; /2 : quafiinfinita . ; ■ 
j». *- j '3 $ 5^2 : quafiinfinita. : . ; 

38. ! f3 > / • quaii infinita . 
3*. | '3 S 3'-* quafiinfinita . 

'35 
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37.fr. ' 11 ; u : quafi infinita. 
52. *3 ; 40: quafi infinita. 
3 1. fr. ( r 3 ; 5 r 2 -+ 3 t -+ 40 : quafi infigita . Quod &c. 

Similiter oftendetur , wjj jwa-+jw-+4« : quafi ifr- 
finita . Quod &c. 

Itcm , ^3 ; 5 72 -+ 3 7 -* 4« : quafi infinita . Quo<f &c 

Quare&c. - 



Theor.41.Prop.41. 

TOta magis brdinata, fibi ipfi,&alijs minus ordlhatis, 
addit s, vel fubtra&is , quafi eft sequalis. Itcat fe- 
m i tota : & fcfquitota . 

ffypoth* 

Tora vel femitota , vel fefquitota magis ordinata cfto 
-^rquacumadditce minus ordinatae,(unto & fubtra- 

ftg C. . 1 # 

■ 

Dico A, A^ c £> A~C, A-+$-~C > quafi a:quales 
eflTo . 

Demonjlr. 
40..*. j A?%: quafi infinita. 

8. fr. *4-+2; »: quafiinfirrita. 

p. /?. Ar+TS\ A: quafi xequahs. Quod&c. 
40.*. i4; C: quafi infinita. 

$>. K .4 ; A — C : quafi aequalis . Quod &C. 
31. ^; #«C: quafi infirtita . 2 - 

8. h. >A-+ t S- r Ci 3— C: quafi:infini»a. t | ^ ? 

9. /,. I ^hS—C; ^: quafisqualis. Qutfi&e/^ 
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A-tT—Cy 4-^2, A~-C> quafifuntaequalei. 
Quod &c. 
Quare &c. 



Thcor. 42. Prop. 42, 

QVadibetqqadratrixquafi eftarqualis ad totam vni- 
tate plus ordinatam ,quam fit eius bafis, itcm ad 
fcaiitotami&adfefquitotam. 

ffypQtk. 

Eftoquadratri* J; & eftotota 2, vnitatcplus ordt* 
nata > qqam bafis quadratrieis A . 
Dico -4 ad 2, quafi «qualem efle. 

Dmonjbr. 

22. ». j 4 eft squalis ipii 2, demptis, additifque alh 
qudHter acccptts totis^non plus ordinatis , quanu 
k bafis A . Sed 2, eft tota vnitatc plus ordmata^ 
quaro bafis A s idedque totae, non plus ordinat?, 
quambafis A y funt miniis ordinatar, quam 2. 
E;go A; eft aequalis ipfi 2,denptis, additifquo 
aliqualiter acceptis totis, minus ordinatis , quaiu 
2. Sed & 2, dctaptis, additifque aliqualiter ao- 
ccptis totis, minus oixfoatis , quaui 2 , quafi eft 
#qualisipfi2 . Ergo A> quafi eft a?quahs ipft 8. 
Quod &c r 
31.2. I ldem , & eodem modo deroonftraretur , .6 $ 
3 *• 2. eflet femKQta:necn6 fi2 cffet Iefquitota*QBc.§2c. 



41 «fc. 



18. fc. 



Quus8ta 
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Thtor. 43. Prop. 43. 

QVaelibet quadratrix , ad totas noo pfus ordiflatas, 
quaoi fit eiusbafis, quomodolibet acteptas , quafi 
eft infinita . itcm ad femitotos: necnon ad fcC- 
quitotas. 

fypoth. . 
Efto quadratrix A : St m 3 ftnt fumpta totae quo- 
modolibet, vel (etnitota?, vel fefquitotor. 
Dico -4 ad 2 quafi infinitamcfle. 

Pr<epar. 

Sumatur C, tota, vnitate plus ordinata , quam bails 
quadratricis ^ : vel fcmitota , vel fefquitota . 

Demonjtr. 
41. b. j C5 »: quafi infinita. 
41. k. \a$C: quafi aequalis . 
lub. quafi infinita. Quod&c. 

Quarc &c. 



Tta>r. 44. Pk^* 44. x 

RAtionisquafi inftnits diuifo antecedente per datum 
numerum, ratio eft quafi itffinita . 

Bypoth. 
^adS,quafieftinfinita> 
. Dico fobtdplam A ad » , quafi infiftitam eflc * 

AiTumatur qualibet ratiatad rf. ^ 
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Demonfir. 
bjpotb. [ A\ 2?: quafiinfinita . 
dtff.b. Aj 2: poteftmaiorefle, quam 3^ d. 
f. h. A} sc: potcft maior efle , quam 2 5 d. 

i5*f- -^5 3c; fubtripla ^5 f . 1 
13. Subtripla -4, c .• poteft maior efle, quam 5% 
p. b.' Subtripla A\ 3: poteftmaiorefle,quain c\ d. 
iefp.b. ( Subtripla A y 2: quafi eft infinita. Quod &c. 
Quarc &c. 



Thcor. 45.^^.4$. : . : 

RAtionis quafi infinitae multiplicato confequcnte^ 
ratio cft quafi infinita . 

Hypotb. u . . 

i< ad 2,quaficftinfinita. : 
Dico -4 ad duplam » , quafi cfle infinitam , 

Pr*epar. 

Aflu.natur quxlibet ratio c ad d. 

Demonflr. 
bypotb. A;7i: quaG infinita. 
def.pjj. AyH: poteft maior efle, quara 2c ; d. 
p. h. \A^ic: poteft maior cfle , quam 2f$ d. . 
15.5. »; 2»; id. 

13. 5. <4$ 2c: potcft maiorefle, quam 22 5 2*/. 

h. Ay 2$: poteft maior efle,quam %c\ %dv 
i*. 5. 2c$ '5 ^ 

13.5. \M 22:poteftmaiorefle,quam </. 
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ieff.b. \A\%3: quafi eftinfinita. Qued 5>tc. 
Quare&c. 



Theorema 46. Prop. 46. 

RAtio compofitaexduabusrationibus , altera ,quafi 
quadam propofita> altera> quafi infioitaj quafieft 
infinita^ ^ 

Hypoih. 

A$ $: quafi quasdaoi propofita . 

C: quafi infiuita . : , % • 

Dico isJ-y C: quafi efle infinitam. 

Pxtpau..- — - - - 
Aflumatur qu$libet ratio., d ad c: item aflumatur 
qu*libet d ad/,aunor, qu}m> cui quafi eadeffi efle di* 
citur ^ad ». - .? .!.-./*. -■ - 

Demonftr. 



hypoth. 

def.p.h. 



3; C: quafi ett infinita 
Jj C: poteft rnaior efle> qu£mv/$ e+ 
defoj). ! A\ S: potert rqaior efle, qudm /\ 
4. h~ | ^ C: poteft miior : efle, quaro <f j 
itf.pb. \A\ C: quafi eftinfinita. Quod&c 
Quare&c U 



Q 



■ 

Theor.4y.Profi.4j. 

Vadratricesin eadem bafi iacccjces>inter fc fiint quc 



fijequales* / 
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Hypvth* 

Sint in cadem bafi quadratrices c^, » . 
Dico quafiaajuales eflfe, 

fr*fdr> 

r-r Sumawx C> tota, vnitatcplus ordinata> quirafitbih 
fisipfarum zA t 2. 

Dcmonftr* 
41- h. C\ quafi xqualis . 

«• l »j C: quafiaqualis. • 
18. fc. cx/j C: quafiaqualis.. Quod 
Quare&c. ^ . , 

■ 



SVb quadratnccs in «adem bafi iaceiites, funt quafi 
arquales. 

ffyptih* 

Sint in cadem bafi fubquadf atriees ut, $ . - • 
Dico ff, quafi a>quales cfle« 

Sumantur homonyma quadtttffcxs C, Z). 

ad c^, «quemultiplex cft, vtZ> ad !S# 
Cj c^; /)• 2. 

Cj D. # ~ 

47.*. *Cj D: quafifqualis* 
19. h. \ A\ Sr quaa ^qualis. Quod8& 
Quare&c. 



«fe/.lJ.X 

15. j. 
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Thcor.^Q.Prop. 49. 

1N diuerfis bafibus , quaJracrtx in magis ordinata > ad 
quadratricem in minus ordinata, quafi cft infinita . 

Hypoth. 

Sint quadratrices Ayliy , in diuerfis bafibus : A , in ma- 
gis ordinata bafi , quam 59 . 

Dico A ad 3> quafieffeinfinitam. 

' Pr*/w, 

Aflumaturtota C, vnitateplusordinata>quam fit ba- 
fis quadratricis, A : & toca Z>, vaicate plus ordinata^, 
quamfit bafisqpadratrkis 2. 

Demonflr* 

hypoth. | Quqniam _4 eft in bafi inagw ordinata, qu^ru 
38. 6. | S : ergo etiam C cft magi$ ordioara toca , quam_, 
42. h. \D: ergo C ad D,quaficftinfinica. Sed C, -4, 
31. b. I funcquafi£quaIes:St D> 2>quafia_quales. Er- 
( go A ad _9, quafi cft infinica. Qnod &c. 
Quare&c. ... 



' 7Wt 5 P. 5 q, 

IN diuerfisbafibus, quflibe* mafla in magisordinata, ad 
quamlibet maflam,in minusordinaca^quafi cft iafinita. 

Hypoth* . ; 

Sint mafla? _4, 3, in diueriis bafibus : A inmagisor- 
dinatabafi, quam 2?. «••: 
Dico ^ ad 2, quafi efle iufinicam. 

Pr*~ 

♦ » 

* 

* 

V 
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Pr<tp#r. 

-dffumantur quadratrices C, D : C quidcm homony- 
maipfi Ai & £,ipfi». • 

Demonflr. 

bypotb* J Quoniam A, eft in baffmagis ordinata , quam 
1 2? : ctiam C, eft in bafi magis ordinata,qu£mb 
^p. D.&C ad £>, quafieftinfinita. Eft autenira- 
tio -4 ad C, quaedam propofita, quam habent 
propofiti numeri mukiplicantes homonymairb 
4 6 ' h - (peciem : ergo ex seqtfali , A ad D , ratio eft quafi 
infinita. Item D ad ratio eft quaedampro- 
j pofita, qulm habentpropofiti numeri multipli- 
46 j). I cantcs hononymam fpcciem :ergo ex sequali , A 
j ad 2 , ratio eft quali infinita . Quod &c. 
Quarc &c. 



. • . 



- Theor. 1 1 * Prop. 5 1 i * 

SPeciesin eadem bafi iaccntes/unt rcciproci quafi pro- 
portionales, vt numeri , in tabula mukipliaum , fimi- 
literiaccntesv - •♦•♦ — —ftyfohu — - - - 

Sint in eadem bafi fpccics A; & fint numeri fimi- 
litcr iacentes, intabula mukiplickim, c fimiluei-, atque 
A\ & d, fimiliter, atque 2 
Dico A 5 2> : quafi d\ e. lV * 

w - ■ Pfxepari - - - - • 1 

Sumantur fubquadratrices £, F: E quiderti hoiiio- 
nyroa ipfi A\ & F*, ipfi 2. ' - 1 
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4eff.ll. 
p. &2. 

4*. 

ieff. 1 1 . 
p.cJr 2. 
xi. fr. 
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T>emonftr. - 

Ay E: u\ c. 

E\ F: quafiaequalis. 

F, 2: d> u. 

A, 2: quafirf; Qpod&c. Quare &c. 



Theor.i2.PrQp.l2. 

MAffa? in cadetn bafi iaccnces , quafi eamdem babent 
rationem compofitam,cx dire&a fuorum nume- 
rorum,&rcciprocanumcrorum intabula muItipliciunL* 
fimiliteriaccntiom* 

. . f; - Hypoth. . ' 

: Sintineadembafi,mafla? A> S: quarum numeri c, d: c 
quidem,quimultiplicanshoroonymam (pcciem A> facit 
maflam w.j & d, qui multiplicanshomanymamfpeciem 
facit malfam 2 . Etfint numeri r, /, fimilitcr iacen~ 
tes in tabula multipliciumi e quidem, iicut A> & f ficut 2. 
Dico »: quafi c$ dy+fi e. 

. i Pr<epar. 

Sumantur fpccics homonymse G> H: G quideiiL»* 
ipfi A\UH, ipfi S 



Demcnjbr. :\ :\ '•. • > » 

hypotbl IA ; ,&t,ti t i : ; 

51. k C7$ /7: quafi/j .'. : . - 

typof*. #f »: »5 d. v . \. . . . .: 

xuk. :\.Ai S: $utftciifef r &. .Qoodifisc. Quare &c. 



„ ...5 - *Tjq» - 
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Proplemaprimum Prop. 5 3. 

D\ta rationej datoquc numero paritcr pari : fubto- 
tuplicatam rationcm inuenirc, quotus clt datus nu~ 

merus . 

Hypoth. - - : 

Sitdata ratio a ad b: datufque numerus c, pariter 
par. 

Oportct rationcm inuenire , fubtotuplicatam ratiwis, 
a ad b y quojus eft c . ' <- • ; 

Conftr. 

Subdiuidatur numcrus c y vfquead vniMtemrS* fit c ad 
d y duplus : & d ad f y duplus: & f ad vnitatcm , duplus. 
Deindefuniatur,inter a y b y mcdia proportionalis g: & 
inter a y g y media proportionalis h: &inter*, h> mcdia 
proportionalis 1: vt fiant fumptioncs totidem, quoc 
iunt, nutneri c diuilionesbifariam, vfquead vmtatem. 

Dico a$ i: fubtotuplicatam a$ b y quotus eft c. 

Demonflr. 

conflr. 4j b: duplicata a$ gy ficut c; duplus, 
* o»/?r. g duplicata 45 h y fictut d- y f: % duplus. 
conftr. a\ h: duplicata 4$ 1, ficut /5.« dupkis. 
j>. f. 45 b: multiplicata ar. i r ficut c y u: multiplus. 
4; i: fubtotuplicata 4$ b, quotuscit c. Quoderat 
facicndum. 

Qyaredata ratione, datoque numero paritcr part, 
fubtotuplicatam rationem inueniraus, quotus eft dacus 
numerus. — . 



r— « «— -m 
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ProU.z.Prop.^ ; 

DAta rattoneinjequalitatisj &f ropofico numero or- 
diois potcftarum: oumcrum inuenirc, pro quo 
fciquitota , & femitota squeordina» , funtad inuiceiiL. 
propiores a qualitati . . . - 

Efypoth* . 

Sit data ratio insqualitatis a y ad h\ & fit maior, 
quam £ : fitque datusnumcrus quinarius . 

Oportct numcrum inucnirc , quo quo fcfquitota quin- 
M>ad/emirotamquintam,minorcft,quanavt 4 ad£: & 
fem/fota quinta, ad fefquitotam quintam , maior , quinu 
vtiad*. 

Conftr. ' *' 
Sumaturnumeruspariter par,n5 minor,quim 
5;» ' darus quinarius : & fit fumpcus odonarius.St fub- 
odhiplicataratioinueniatur,ration;s a ad qu? 
fir a ad c : Scfumaturnumerus </, maior ad bi- 
narium ,quam vt 4 ad *— r: qui,dempto bina- 
rio , rchnquatur e : & intcr fumacur nume- 
<fcjf.i8. 1 rus/: proquo,vtradicetotajfcmitotacft fef- 
^ 1 ^* 2 j quicota d. '* ■ 

Dico ^55 *j: minoremefle,quam <i; 
Et ^55 ^5: maiorem,quam 4. 

Demohjk* 

nndr. ' d\ 2: maior, qa&m «5 *^-c„ 

3. <t$ ei TDinor,quaa Hf f. 

4. b. dy, ey. niinor,quiim ay tj. 

. — •■ 



1. . 

. ■ 
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S»*. 4jj cy. minor,quara 485 cS. 

cotfr. *8$ c$: 0$ k 

*• minor,quam a$ k Quod&c. 

z.b. \ey, dy. maior, quim b> a. Quod&c. 
Quare&c. 



Probl. 3. Prop. 55. 

DAta ratione; & propofitis ordinibus poteftatunu 
inaequalibus: numerum inucnirc, pro quo, plusor- 
dinata poteftas, ad minus ordinatam , maior eft , quam in, 
data ratidne . ■ ? 

Hypoth. : 
Sitdataratio, * ad h: iintpropofitiordines potefta- 
tum inaequalcs, quinarius, & binarius . 

Oportct numcrum inuenirc pro quo, poteftas quinta 
ad fccundam , maior eft , quim vt a ad b . 

Conftr- 

Sumatur numcrus r, in feric tertiarum poteftatum ab 
omnibus numeris, maior advmtatem, quamvt a ad k 
numeri autem c , fit radix 

Dico,pro d radice, ^55^/2: maiorcm efTe,quam a\ h. 

'Demonftr. 

conflr. J f; d^. . 

def.6^.) c h m &l\ u: dy^ dz* 
confir. |q maior,quam ^ i. T 
15.5. 1^55 maiorjquain 4} £. Quod &c. 
Quare &c. : : ; : . , ii v. 



Digitized by Google 



! : T-E R T I V H. 141 

ProbL 4. Prop. $ 6. 

D 4 Ata ratione; propofitifquc ordiuibus poteftatum 
insequalibus: numeruminuenire, pro quo, femito- 
ta plusordinata, ad fefquitotam minus ordinatam, maior 
eft,qua^Hpdataratione. •< 

Hypoth. 

Sit data ratio a ad b : fintque propofici ordines pote- 
ftatum , quinarius , atque temarius • 

Oportet numerum inuenirc,proquo, femicota quinta 
ad feiquitocam tertiam, maior eft , quam vt a ad b. 

Confir. i 
Inucniatur per 5 5 h. numerus c> pro quo,femitota d: & 
fcmitota quinta d^ adfemitotamtertiam d$, maioreft, 
quamvt a-+b ad b. Inueniaturdeinde per^h. numerus 
e, non minpr^quam c; proquo,femitota m> & lefquito- 
ta ^> & ms ad 73 , maior eft ,quam vt a ad a-± b. 

Dico,prqnumero * radiCe, my, qy. maiorcm eflb, 
quam<i; b. Demonfir. 
e: non minor , quam c. 
m: nonminor,quam d. .... 
my> ds: nonminor,quam rny y d$. 
my ms: non minor, quam dy, d$. 
dy, dy. maior,quim a-+b- 3 b. , . 
5« w 55 m l\ maior^quim a-±b\ b. 
conflr. m $i 13: maior,qudm a, a-*b. 
+ b. \ m 5.i 1$ : cnaior, quam a$ b. Quod &c. 
Quare&c, 



confir. 
ief.\%.% 

5. h. 

p.b. 
conHr. 



•7 



I 
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ProbL^.Prop.yp 

DAtisduabus rationibus,- &propofitis duobu* in*- 
_ qualibus ordinibus poteftatum.numerum inueaite, 
proquo, wiocoropofitaex vna dataratione, & e* ratio* 
nc femitota? plus ordinatse, ad icfquitotam minus ordma- 
tam, maior eft, quam altera data ratio . 

Hypoth. 

Sint data? rationes, a ad b } & c ad d: & fint propofiti 
ordines inaequales, quinarius, &binarius. 

Oportctnumcrum inucnirc,prQquo > ratio compofita 
cx a ad & ex fcmitot* quinta? ad fefquitotam fccun- 
dam,mak>r eft,quam c ad d. 

Cwftr. 

S*- Fiat vt b ad a, ita d ad e: & inucniatur / nu- 

merus,proquo,femitota fefquitota k & £5 
f ad h} y niaior, quam r ad e. 

Dico, pro / radice, 45 £>^5> . : ntaidrem cflo, 
quam fji 

Demonjlr. 



unflr. j^j. maior,quam ej 

w»/*r. ^ A; ey d. 

+ h. J43 b $ ^gy y hy. maior,quam c 5 ' rf« Quod&c 
Quare &c. 



1 1 1 1 1 ■■■■ i ■ 



Probl. 6. Prop. jg, 

DA ta ratiooc inatqualiratis & propofitis duabus in+ 
cadembafi iacentibus quadratricibus:numcrum^ 
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inucnire , pro qua quadratrices propo/ita» , fiint propio- 
res a?qualitati > qukm in data ratione • 

Hypoth. .\ 

Sitdataratioinaequalitatis a ad k&cdt a maior,quam 
b: fintque propofitae in quinta bafi, duar quadratrices c> d. 

Oportetnumerum inuenire, pro quo, c, & d, funt ad 
inuicem, rainores, quara vt a ad by maiores, quam vt 
b ad a. 

Conftr. 

j Inueniatur nuaierus e, proquo,femitota f 
J fefquitora ^ & /tf ad maioreft, quim vt £ 
I ad & jtf ad /£, ramor,quim vt 4 ad 
Dico,pro * radice, qua Jratrices c, d y efle ad inui- 
ceoi minores, qu am vt a aJ b- y maiores, quim vt £ ad 4. 

" • . , Dctmnftr* 
30.2. r, eftmaior,quam /d* minor, quim ^6". 
30. x. </, cft maior, quam fs. minor, qu2m ^ 6. 
$. 5. c 5 maior,quam /6.g6. minor,qudm ^ffj /£. 
1. k « minor>quam^/tf. maiorjquim/tfj g6 \ 
conftr. f6\ g6: maior,quam b; a. 
£<mflr. g6 y f6: minor, quam 45 b. 
13. 5. c l maior, quiai h, a+ minor r qu£m a$ b. 
Quod&c. 

ij, j. rf} ominor , quira b. maior,quara £j a. 
Quod&c. 

Quare&c. ; , ' *' 

■ ■ 11 » i 11 t ,i mil „ 1 .1 ■ ii mn 

Pro- 
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PrcbL J. Prop. 59. 

DAta ratione; & propofitis duabusnon incadcnt* 
bafi iaccntibus quadratricibusmumerum inuenire, 
pro quo, quadratrix , qu# iacet in plus ordinata bafi , ad 
alterant, maioreft,quamindatarationc, 
. - Hypotk ' ' - 

Sit data ratio a ad b: & propofita? Gnt quadratrices I 
• dvse r, d;c, inquintabafi;^, infccunda. 1 1 

Oportetnumeruminucnire>proquo, c ad d, maior 
eft , quam vt a ad b. , 

^ Confir. 
tf.b. V Inucniatur numerus e\ , proquo, (emitota f, 
| fefquitota g & f6 ad ^3, maiorfit, quam vt 

Dico, pro c radice, c; d: maiorcm efle,quam 4j k 

Derftotiflu - ;<: - 

30.2. j c , niaior cft , quam f6+ ' 
30; 2. j d> miooreft,quam : i s 

8. 5. I q <jf: maior eft, qu&m /55 ^3. Quod &c. 

Quare&c. 

Pr^/. 8. Prop. 60. : ?; '- ; 

DAta ratione;& propofitisduabus non in eadem bafi 
iacentibus maflis: numcrum muenire, pro quo, 
maifa, qua? iacet in plus ordinata baff, ad alteram , maior 
eft,quamin<foumtionc. 

Hy- 
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Hypoth. 

Sit data ratio a ad b: fintque duac maflfe 0 ^ <pi- 
dem, in quinta bafi j in tertia . 

Oportet numerum inuenire,proquo> c ad d, maior 
eft,quam vt 4 ad b. 

Conjlr. 

| Fiat, vtmafla c adfibi fynonymam quadra- 
tricem f, fic 4 ad f & vt fynonyrna ipfi ^ qua- 
5p. dratrix^, ad ipfam d> fic fiat ad b: & inuenia- 
turnumerus *, pro xjuo, quadratnx ad qua- 
} dratricem^, maiorelt ,quam vt / ad h. 
Dicopro i radice, maifam c admaflam d 9 maiorem 
efle,quamvt a ad b. 

Demonflr. 

conjlr. | Cy e : 0$ f 

conflr. \e$ g: maior,quam fi h. 

conflr. ! g d: h} b. 

4 . b. |q d: maior,quam ^ Quod&c* 
Quare &c. 



Probl. 9. Prcp. 6 1 . 

PRopcfitis in eadcm bafi iacentibus duabus maflfis 5 & 
datis duabus rationibus , non ijfdem , quam quafi ha- 
bentadinuiccmmafla?, fcd maiore vna,minore altera^: 
numcruminuciiiic, proquo,ma(fe propofirai rationem 
habent minorem^quam datamaior,& maiorem,quam da- 
taminor. 

T Hy- 
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Hypow. 

Sintnwfl? *, d: r ^ ' ** ^ m <! uafi 
a ad d: & fit e ad h, maior,quam i ad rj & » ad r, minor. 

Oporcct nuracrum inucnire,proquo, a ad d> dtmi- 
nor,quam * ad fcj & maior,quam » ad r. 

Conftrr. 

Sumaturipfi a> fynonyma quadratrix b j &ipfi ^ fy- 
nonyma c. Fiat deindc. 

*i k K f. ii k n\ o. 

c y d: g h. /5 sz pj r. 

Demonfiu 
hypoth. J4; d: ouafi /; s. 

def.ij.i u; £,-4j Cy^c} d: quafi /j 4.>-+ib Mi * 
4; ij ^ 
cj rf: /j J. 
£j r; quafi ^ /• 
b' y c: quafi aequalitas * 

l: aequalitas. 
e\ k maior,quam /j s. 
e-> f,-+fi g h maior, quam ij /r"i /f 

j/j g. maior,qu&m kj /. 
\f. maior,quam g. 
hypoth. »j n minor,quam ij s. 



conjtr. 
conftr. 

xy.b. 

hypoth. 

conflr. 
conftr. 



conftr. 



minor,quam /j k,-*kj />-+£ 

ny 0: t' y Jc, 
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c**fk. \p-> r: /, s. 

gj p: minor,quam kj /• 
\o: minor,quara p. 

Conjlr. 

| Aflumaturalccmtra / ad g> vd p ad 0, mi* 
'non&fitaffumptafad^. Et inucniatur numc- 
! rus r, pro quo, quadratrix b ad quadracriccm c, 
) fitminor,quim / ad raaior,quam g ad / 
Dico, pro f, maflam ad maffam d , minorcm effc, 
quam c adh$ &maiorcm, quatn n ad r. 

Demonjk. 

corjflr. j <r> k f J / 

co»/?r. | £j c: minor,quam/j g. 



conftr. 
4. h 



cj d: ^j fc. 
*j </: minor, quim e; h. Quod &c« 



4/iimj*. ,/j^: minor,quam />j 



2. fc. 
confir. 

13. 5, 
conflr. 
conflr. 

4. fc. 



0. 



^j / : maior, quam o-> p. 
bl c: maior , quam g j / 
£j c: maior,quam <?> p. 

4j i: »j 0. 
cj rf: ^j r. 

4j d: maior, quam »j r. Quod&c. 



Quare &c. 



* t 



♦ 
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Petrus Mcngolus , D. Iacobo Teflno Philofophiae 

Doftori S.D. 

Ibiprimum ex mea fchola, Vir Ex* 
cellentifs.atque altcrie fchoia Exccl- 
lentifsimi Cafsini, amico noflro h. 
Galeatio AianXio , contigit hoc cle- 
mentumcommuntcari: quod non> fi- 
ne tuo> atque illius nomine , publtcari oporttbat\ 
quoniam ipfi mihi tum pUcere c&ptt , cum vtram- 
(jue vefiricm obtinutt approbatiovem^ Pojlulabam 
honefit furislaudem. qubd,cum huiufmodt conlem» 
plattonis aliena fit materia , eortim videlicet , qmbus 
logarithmos dcbemus> cumque aliena fit ettam for» 
ma 9 (f contemplationts modus 9 tpfifstmus Eucltdts 
in quinto : meum fecertm ex vtraque compofttum. 
quemadmodum,prAcedentium elementorum in vtra- 
que fubieftt, & rnodi nouttate glortabar : ita pr&fen- 
tis in vetufiate, nouam laudem qu&rebam . llle, Vh 
fis definitionibus , tfaudtta prtmarum oclo propofi* 
iionutp,ex Euc/tde, tradufttonc fide/tyfiatim om* 
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mbus titulispropoflthnum, a me curfim leftis 9 &fi- 
ne demonfirathne facilem,pro fui acumine ingenij, 
prtftabat affenfum : & fuggefsit , potuiffe totanu 
hanc lucubrattonem 5 vnica propofittone comprehen* 
di. Quae demonftrac Euclides in quinco elemen- 
torum, de magnicudinibus maioribus, minoribus, 
^qualibusjxquemulcipliabus, &eaindem, velma- 
iorcm racioncm hibcncibus : po/Te demonftrari de 
racionibusalcionbus^deprc/IIoribus^queafcis, ?quc- 
mulciplicatis , &eamderp, vcl maiorem logarich- 
micam racionem habencibus. Cogttabamfi poffem 
huiufmodi vti confilio : ttbique intertm rure fuperuc* 
ntenti C£pi communware . Itacfuc fingults propofitto- 
ntbus & demonfirationtbus , toto antmo tntendebas^ 
cum cjuinto Eucltdts dtligenter conferebas , cumq\ 
duo tnct dertmus^ in traducendo, dtjfictltora ( vnum, 
minoris maeqialicacis raciones , quas , quo minores 
func,eo akiorcs dicuncur , pro maionbus magnicu- 
dinibus viuuenire. alterum, racionem ex racione 
(ubcrahi, vel decomponi, perfua: compoficioncm 
conuerfas:) intellexinon effe operts dtfpendtunu, 
mutatis mutandts , ex Eucltde integram traduftto- 
nem perficere , (f exbtbcre . Tucjue tpfe iufium^ 
furtum, (f honejttfsimum probafh: quod non ab 
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ommbus facilc probarentur pccultarcs propofttiones, 
cfu* fub illa vnica continentur . & certe a 
nonpofentcommode allegari ,adaltain feqncntibus 
eiementis demonfiranda . Quos ergo femel approba* 
Jli labores meos,vt amtcis & communtces, 
commendes , entxc rogo : nam pon 
mihi foli , non paucis , fed 
omnibus laboro . 
Valts. 




GEO* 
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GEOMETRIiE SPEClOSiE 

ELEMENTVM QVARTVM. 

V EF ITIO K ES. 

» ■ 



1 IsSIS? Vamm rationumi ^quaIkatis,vtrardmque 
iljtf maiori S,vcl vrrarumqucminons,Akior, 
- lllSgf d, cctur 5 abxqualirateremotior. 
^ £tDepreffior,#qualitatipropior. 
j . Submultiplicata eft ratio rationis, deprcffior , altio- 
ris , cum depreffior , aliquoties compofita , facit altiorem. 

4. Multiplicata verd altior, depreffioris $ cum depref- 
fior, aliquotiescompofita, facit altiorem . 

5 • Ratio logarithmica dicctur, duarum rationum inj- 
qualitatis, vtrarumque maions , vel vtrarumque minoris, 
rnutua qucedamj fecundum altitudinem , vel depreflionem 
habitudo. 

6. Proportiologarithmica^diceturjfimilitudo loga- 
rithmarum rationum, vcl ad inuiccm, vcl ad alias rationes. 

7. Rationemlogarithmicamhabere interferationcs 

dicen- 
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diccntur , qux multiplicata?, poffunt fc mutuo, altitudrae 
itiperare. 

8 . In eadcm ratione logarithmice, dicuntur eflc ratio- 
nesduff,prima, adfecundam,atque du«quantitates,pri- 
ma,adfecundam.cum prima;rationis,qudibet multipli- 
cata ratio , &prima: quantitatis squemultiplex, a fecundj 
rationis qualibet multiplicara, & a fecunda? quantitatis 
squcmiiltiplici, vel vnadeficiunt , vcl vna aequales funt,vel 
vna cxccdunt j ratio quidem, altitudine , 8c quantitas ipfi 
quantitate. 

9. Et dicetur prima ratio ad fccundam , proportiona- 
lis logarithmice, ficut prima quantitas ad fecundam . 

i o. Cum vero primf rationis multiplicata ratio,altior 
iuerit, quam multiplicata fecundse; multiplcx autempriw 
quantitatis, nonmaiorfuerit, quam mu\t\pkx fccundx: 
diceturlogarithmica ratio rationum jmaiorjquamratio 
quantitatum. m 
' ii. Cumque e contra,multiplex prim^quantitatis, 
maiorfueiit multiplici fccunda? ; multiplicata autemratio 
primoe rationis, non altior , quam multiplicata , fccundr. 
dicetur ratio quanritatum , maior, quam logarithmic^ 
ratio rationum . 

n. Kurfum in eadcm ratione lo^arithmice, dicen- 
tureflc rationesquatuorprimaad fecundam,atquetertia 
ad quai*ta:cum primae, ac tertiar,rationesa^uemultipk 
catse, a fccunda? , & quartse, ratiombus arqucmultiplicatis> 
qualifcunqucfit haec multiplicatio , vtraque , ab vtraquo, 

vrl 
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vel vna altiorcs funt, vcl vna gquealta? , vcl vna dcpreffto- 
jcs , fi ef fumantur , quae inter fc rcfpondenc . 

13. Eamdem autem habentes rationem logarithrai- 
cam , rationes, logarithmicfc proportionales vocentur . 

1 4. Cum vcro aequemultiplicatarucn , multiplicata-» 
primse rationis altior fuerit , quim multiplicata fecunda?; 
nmltiplicata autem tcrtiar, non altiorfuerit, quam multi- 
plicata quarta? : tunc prima ratio ad fccundam , maiorenu 
rationem Iogarithmicam habere dicetur , quam tertia ad 
quartam . 

1 5 . Homologa» rationes rationibus,aut quantitatibus 
dicuntur, antecedentesquidem antecedenribus, & confe- 
quentcs confequentibus . 

16. Homologia logarithmica eft fumptio homolo- 
garum rationum, aut & quantitatum, vt in alia quadam lo- 
ganthmicaproportionalitate, fiant homologse. 

.1 7. Alterna ratio logarithmica, eft rationum fumptio 
antccedentis comparat# ad antcccdentem,&conlcquen- 
tis ad confequentem • 

18. Inuerfaratio logaritmica, cftrationum fumptio 
confequcnris^ceuanteccdentis, comparata? ad antece- 
dentem, velut ad confequentem . 

19. Compofitio rationis logarithmica?, eftfumptio 
compofita? ex rationibus 3nteccdenti, & confcquenti,ceu 
vnius ad ipfam confequentcm . 

2 o. Diuifio rationis logarithmica» , eft lumptio ratio- 
nis,quacuna cornpofita confequens facit anteccdentemj, 

V ad 
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ad ipfatn cdnfcquentcnu» 

1 1 . Conuerfio rationis logarichmicaf >eft fumptio an- 
tecedentis , ad eam, quacum compofita confequens facic 
ipfam anteccdenrem . 

ti* Ex sequalitate ratio logarithmica eft, fi plures 
duabus fint rationes, & his, vcl quantitates , vel ali* ratio- 
nes> multitudine pares, quas bina? fumatur, & in eadem ra- 
tionetogarithmica.-cumvtin primis rationibus, prinu* 
logarithmic£ fc habet advltimam, fic in fecundis vclra- 
tionibus, vel quanticatibus, primaad vltima n fcfe habue- 
rit . Vel aliter fumpcio extremarum , pcr fubdu Aioncm-» 
tnediarum . 

1 3 . Ordinata proporcio logarithmica eft, tribus pofi- 
tis rationibus,& alijs,vel quanticatibus,vd racionibus, quj 
finchis mulcicudinepares: cum , vtin primis ntionibos, 
logarithmici fe hibec antecedens , ad confcquentem ; ica 
in fecundis, vcl quancicatibus, vel rationibus, antecedeus 
adconfequentcm :&vt in primis,confequens, adaliara 
quampiam; fic in fccundis,confequens,ad alia quampiam. 

24. Percurbata autem logarichmica proportio eft: 
cum vc in primis , logarithmice fe habct antecedens,ad 
confequentemj ica in fecundis, ancecedens ad confequen- 
tem : & vt in primis, confequens, ad aliam quatnpiam , fic 
kifecundi$,aliaqua?piam, ad anteccdentem . 



Tbcor, 
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SI frot quotcunque rationes > qoocqunque ratiommL,, 
^qualium nurnero, fiogul* fingularam f qucmultipli- 
carx : quam multiplicata eft vna j vnius j tam multiplicatau 
eft compofita omnium> compofitar omnmm . 

• Byfotk 
ay> hy. multiplicata a> b. 
c$} dy. flequemultiplicata c j d: 
Dico as> l>l>-+ci> dy. arquemultiplicatam a> h> 
-*c> d. 

* 

Ttcmonjk. 
hypoth. ay> hy. a> hf+a^ h>-+a*> h. 
hyfotb. cy> d}: c; d>-+c> d>^c\ d: 
p.f. ay> hi>-+cy> dy. a>> h>-+c} d>-*ai> hy*c\ d>-+a-> 
h>-+c> d. 

*W*^ Multitudo rationum h> & a> h> & a-> h: 
squalis eft multitudini cj d> & c> d> & q 
d: nccnon multitudini ar> h>-*c> d> & a> h> 
-+c> d> & a\ h>-±c\ d. 
icf.+b. a y y hz>-*ci> dy. «quemultiplicata a$ h>-+c> d. 
Quod &c. 



Quarc * 



wXC. 



Tbeor.i. Prop.2. 

SI prima ratio, fecunda?,fuerjt #quemu!tiplicata,atque 
prima quantita*, *ft multiplex fecundae, fuerit aqtem 
& tertia ratio , fccuad* , «quemultiplicata , atque terti^ 

^ > V 2 quan-' 



< 



Di 



<y 
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quantitas, eft multiplex fecunda? : crit cotnpofita ratioex 
prima, & tcrtia, fecundx, sequemultiplicata , atque aggre- 
ata quantitas ex prima, & tertia, cft multiplex fccundas. 

Hypoth. 

42; bn multiplicata a\ b. ficut ic\ c, multiplex. 
43$ by. multiplicata ay b. ficut 3C; c, multiplcx. 
Dico 42; £2, -+43; £3: multiplicatam 4; ficuc 
ic-*$r> c, multiplicem. 

Dtmonflr* 

bypotb. | 42; £2: 4; i,H-4; ficut 2c: fH-c. Et quot 
1 funtrationcs 4; £, & 4; £; totfunt c, & c, 
1 quantitates. 

fcjptffc. 43; £3: 4J £,-+45 i,-+4j £ fidlt 3*7 C-*C-fC. 

Etquotfuntrationes 4; & *; k 

totfunt quantitates, c, & r, & r. 
f. f. 42; £2,-1-43; by. 4; £,-+4; £,-+4; £,-+4; 

ficuc 2c^?c: c-+c Hf -nf -+c. & quot 

funtrationes 45 & 4; & 4; k & 45 
& 4; tot funt quantitates, c, & c, & 
c, & c, & c. 
dtf+k. |4 2 j £2, -4-43; £3: multiplicata 4j ficut 2c 
I -+3cj c, multiplex. Quod&c. 
Quare &c. 



s 



I prima ratio , fccundse , sequefiicrit multiplicata , at- 
quc tcrtia, quartaej fueric autcra & quintaj lecun* 

d«e> 
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d*> «quemultiplicata > atqucicxta> quart£:erit&com- 
pofita exprima, &quinta,fecunda:a:quemultiplicata,atq; 
coropofua cx tcrtia, & fexta, quart* . 

ffypotbk 

42; bii multiplicata 4; b. ficut ci; di: multipli- 
cata c; d. 

43; by. multiplicata 4; b. ficuc cy y dy. multipli- 
cata c; d. 

Dico 42; hz>-*an h' multiplicatam 4,- b. ficut 
eiy dt^cy dy multiplicatam c; d. 

Demonftr. 

byfoth. 42; bi: 4; b,-*a$ b. ficut c%\ di: c\ dy+c} d. 

Etquotfunt 4; b y & a$ k tot funt q d 9 
Si <:; </. 

a l\ h : a > by+ay £,-*4; b. ficut cndy. r; </, 
-w; ^,-4-r; </. Etquotfunt a; b, &L a$b, 2* 
4; i: totfunt c; </, 3i c; </, & .13 d. 
42; fci>-*-43; £3: 4; £,+4; £,-+4; £,-1-4; £,-1-4; 
j b. ficut f2; ^2,-+c3; ^3: r y </,-k; </,-*r; </, 
1 -wj </,-k; rf. Et quot funt 4; & 4; b y & 
I 4; & 4; />, & 4; tot funt q </, & «5 
J> & c; </, & c; </> & c; */. 
42; ia>-+43; £3: multiphcata 4; ficut czj 
</i,-.c3; J3: multiphcata r; d. Qiod&c 
Quarc&c 
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Theor. 4. Prop. 4. 

SI prima ratio, fecund* «quemultiplicata fucrtt, atquc 
prima quantitas, fecunda?; fumantur autcm ratio , 8t 
quantitas;&fumptarario,fit fquemultiplicata primsera- 
tionis, atque fumpta quantitas,multiplcx prtma? quantita- 
tis : erit & ex sequo, fumpta ratio , jquemultiplicata fccun* 
d# rationis, atque fumpta quantitas, fecund* quantitatis. 

Hypoth. 

43; by. multiplicata a> b. ficut jr; r, multiplcx. 
a6\ b6\ multiplicata 43; b$. ficut 6c\ %c % mul- 
tiplcx. 

Dico 46^ bS: multiplicatam 4; b. ficut 6c} c, 
multiplicem . 

T>emonfir. 

kyp$tk. I43; by. multiplicata 4; b* ficut 3r; 0 mu/ri* 
plex: 

%.h. I43; ^,-+43, bi\ multiplicata 4; b. ficut 3* 

H-jq r, multiplcx . 
frtfoifr. 4tf; 43; £3r+*35 £3. ficut 6c: }c-*ic 
Ec quot funt, 43; £3, & 43; £3: tot funt 
30 & 3<r. 

a6$ b6: multiplicata a; b. ficut 6c$ c> multi- 
] plex. Quod&c. Quarc&c. 



— 



s 



Theor. 5 . /Vdjp. 5 , 
I prima ratio, fecunda? «qucmultiplicata fuerit , atqut 
tertia,quartae; fumantur autem arquemukiplicat* ra- 

tiones, 
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tiones, prinue, & cerris: eric & cx #quo, fumptarum vtra- 
que, vtriufquc, arquemulciplicata 5 altera quidem fecund?, 
akera autem quarta? . 

Hypoth. 

43$ by multiplicata a; b. ficut c$i dy. multipli- 
cata c\ d. 

4^ b6\ multiplicata ay> by ficut c6-> d6: multi- 
plicata cy d}. 

pico a6y b6\ multiplicatam <*} h. ficut c6\ d6: 
multiplicatam r; d. 

Demonfk. 

ay> £3: multiplicata 45 b. ficutc3$ dy. mul- 

tiplicata c$ d. , 
*3> ^r^J* ^3* multiplicata 4; ficut £3$ 

^j-^Jj ^3- multiplicata r; </. 
a6-, b6: 43; ^3, -+«35 £3. ficut c6$ d6\ cy y 
dl,-*cy dl . • Et quot (unt ay y b} y & <*3$ 
by totidemfunt c$i c} y & c}-> d$. 
[a6 y b6\ multiplicata 43 b. ficut <tfi mul- 
| tiplisata r y rf. Quod &c. 
Qgarc&c. 



hyfttb. 



3« b. 



bypotb. 



Theor.6.Propof.6. 

SI faerint , in eadcm rationc logarithmica , j>rima^ 
ratio, ad fecundarti, atque prima quantitas, ad fccun- 
dam:etiam multiplicata primx ratioms, & arquemulriplex 
prims quantitatis, ad multiplicatam , fecund* racionis , 81 

xque- 
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*qucmultiplicem fecunda» quantitatis , in eadem er unt lo- 
garithmica ratione . 

Hypoth. 

Sint rationes A, & 2; Kquantitates a, & &fit 
ratio A } adrationem 2, logarithmice; ficut quantitas 
a y ad quantitatem k Sitque ratio 3 multiplicata ra- 
tionis A' y ficut quantitas 3*, multiplex quantitatis a: 
item ratio 42?, multiplicata rationis ficut quantitas 
4^, multiplex quantitatis h. 

Dicorationem 3A, adrationem 42?, eflelogarith- 
mice ficut quantitas s a > ad quantitatem 4^. 

Pr<epar. 

Accipiatur ratio 6A, multlplicata rationis 3A; & 
quantitas 6a, cequemultiplcx quantitatis $a: itemra- 
tio 2o2?, multiplicata rationis 4S5 &'quant/tas 2ob, 
cquemultiplex quantitatis 4^. 

TDewonfbr. 

4- Ratio 5^, asquemultiplicata cft rationis A\ 

atque quantitas 6a y multiplexeftquantitatis a. 
item ratio 2o2?> arquemultiplicata eft rationis 
2; atqucquantitas multiplexcftquantita- 
*XP°*- tis k Sunt autem rationes -4 ad 2 loganthroi- 
defA.h. c£> ficutquantitates a ad k Ergo fi ratio 

eft altior ratione 202?; etiam quantitas 6* > ma- 
j ior eft quantitate ioi: fi?quealta;#qualis:fide- 
*«#r. I preffiorjminor. Scd eft ratio 6A, arquemulti- 
I plicata rationis 3^5 atque quantitas 6a> mul* 

tjplex 
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| tiplcx quantitatis $a: &ratio 2o#, rationis 42?, 
j aequcmulripKcata eft; atquc quantitas 2 ob y quari- 
^/.8./;. 1 titatis 4^ . Ergo rationcs 3-4, ad 4?, funt Io~ 
j garithmicejficut quantitates,3 a, ad 4^. Quod &c. 
Quare&c / 



Theor. j* Prop. j. 

SI prknaratio,adiecundam,camdcm habuerit ratio- 
ncm logarithmice, atque tertia , ad quartam : etiam^ 
requemultiplicatse rationes primar, &tertia?, ada^qucmul- 
riplicatasfecunda*,&quart*,iuxta quamuis multiplica- 
tioncm, eamdem habebunt rationcm , fi prout intcr fe rc- 
Ipondent, ita fumptae fuerint . 

ffypoth. 

Suntorationcsquatuor A ad 2,&CadZ),logarithmi» 
ceproportionalcs,- & fuqto ipfarum A, C, jequemulti- 
plicatserationes 3/f, 3 C: necnon ipfarum S, Z>, «quc- 
multiplicane, 42?; 4D. 

Dico quatuor rationcs $A ad 4!?, & 3C ad 4D,!o- 
garithmice proportionalesefle. 

Prtpar. * 

Sumantur ipfarum $A, 3C, aequemultiplicatae ratio- 
nes 6A> 6C: &ipfarum 4», 4D, sequemultiplicatx, 
20S, 20Z). 

Dernonjl. 

4. h. J Rationes 6A> tfC, sequemultiplicatx funtra- 
| tionum, A y C: & 20», 2oZ>, sequemultiplicat» 

X funt 
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hjftb. funt rationum 2?, D. funtque A ad % logarith- 
def.n.k miceproportionalcs,vt C ad D. Ergo fi 5,4, al* 
tioreft,quam zo?;etiam tfC,altior eft,quam 
2 oD: fi awjuealta; aiquealta: fi depreflfior $ depref- 
hypoth. fior . Et funt 6A> 6C> ipfarum 3 A> 3 C, «que- 
multiplicatae;necnon 20», 20D, ipfarum 4», 
| 4D,fquemuftiplicatse. Ergo 3^ ad 4^, Sc 3C 
] ad fiiot logarithmice proportionales. 
| Quod &c. 
Quare &c. 



r^r. 8. /V<y. 

SI fuerint duse rationcs, fmgute,exbiniscompofira:, 
altiores , ex depreflioribus , & quodammodo tot^ex 
abfcfla, & refidua : faerit aufcem vna tota ratio, ad akeram 
totam, squemulriplicata; atque fua abfriffa,ad akerius ab- 
fciffara: crit & aequemultiplicataj atquefua refidua , ad al- 
teriusrefiduam. 

Hypoth. 

Ratio A-+$> ex rationibus A> & 5, altior, ex depreP 
fiorbus,componitur;itcm C-*£> ratio, cx rationibus C, 
^D, componitur:&efto^-»#, ad C-*D> aequemulti- 
plicata, atque A ad C. 

Dico ad C ^ Z), «quemultiplicatam etiatn eflfe, 
atquc 2 ad D. 

v JPrspfrt 

Fiat ratio (? ad 7?, sequemultipiicata, atquc ad C. 
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TDemonftr. 




t- f: A-+& ratio^eadancft/qux J-#.(7. 

Et compofitavtrimquccooucr&rarionis A, 
P* P- 2 ratio,cadem eft, qua» G. 
P- * » ad T>, aequemulriplicata eft, atque A ad C. 
p. h. Art^B ad C-+D, arquemultiplicata eft,atque 3 a 
D. Quod &c, 
Quare&c. ... ...\ . ■ 



I ratio , & quantitas , cuiufdam rationis , & cuiufdarru 



O quantitatis, sequ£ lint multipticata, & multiplcx*;& 
abfrifta ratjo, & abfcifla quanritas, eiufdcm rationis > & 
eiufdem quantitatis , xque fint multiplicata , & multiplcx: 
refidua rario,& refidua quantitas,eiufdcm rationis, & eiuf- 
dem quantttatis, vcl funt xquealta , & aequatis j vel acque 
funt multiplicata , & multiplex . 

Hypoth. 

Ratio A-±% rationis C, sequemuftiplicata eft, atquc 
quantitas *h-£, multiplex quantitatis c 5 &ratio A> ratio- 
nis C, aequemultiplicata eft, atque quantit^s a, multiplex 
quantitatis c. . % . , 

Dicoqu6d , vel 2 apquealtaeftipfi Q ficut a?qua- 
Iis ipfi c: vcI.S atqucmultiplicara eft ipfius Cj ficut £ 



7*fo or. 9. /V<?p. 9. 




X 2 



mul 
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raultiplcx ipfius c. 

Demanftr. 

hyfotk. Numerus rationum C, exquibus ASB com- 
ponitur, idcm eft qui quantitatum c> ex quibus 
a-+b colligitur: item numerus rationum C ex qui- 
bus -A componitur, idem eft qui quarititatum c, 
exquibus * componitur. Quorum numcroruui, 
vcl cft difterentia vnitas, vel numerus . 

Si vnitaseftdifterentia; vnaeft ratio C, qua- 
j cum compofita ratio A% facit rationcm A-+%>- & 
j vnaeftquantitas c> quacum compofita quantifcas 
byptbl a> facit quantitatem a-+b. Sed & # ratioeft,qua- 
cum compolita A> facit rationcm A-+2> & h 
quantitas eft, quacum compofita a, fac/t quartci- 
tatem a-+b. Ergo 2 equealta cft ipfi Q acquc 
b arqualis ipfi c. 

Si verd numcrus eft differentta , tot funt ratio- 
ncs C, quibufcum compofita ratio A> facitra- 
tionem A-+fy> totidemque funt quantitatcs c > qui- 
bus cum compofita quantitas a> facit quantita- 
bypoib. tem a-+b. Sed 2? ratio eft , quacum compofitju 
ratiofacitrationem A+fy & b qaantitas, qua- 
cum compofita quantitas a, facit quantitatenu 
a-+b . Ergo quot ex C rationibus componitur 
tot ex c> quantitatibus componitur b . Ergo 3 
ad C, aequemuhiplicata eft, atque b ad r, mul- 
itfa.b. | tiplex. Ergo # ad C, vel a:quealt3 cft: atque/ 

b ad 
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b ad c y xqualis : vel aquemulciplicata eft j atque multi- 
plcx. Quod &c. 

Quare&c. > . 



Tfcwr. 10. Pr^. 10. 

SI dux rationes, duarum rationum, fint ajquemultipli- 
catae; & abfcifix quxdam,fint carumdcm apquemulti- 
plicatar: &refidux, eifdem, aut «quealt* funt,aut *que- 
multiplicatae . 

Bypoth.: 

Ratio A+%> rationis C, arqucmultiplicatacftjatque 
ratio D-+E y rationis F$Stratio A y rationis C, arqueraul- 
tiplicata eft, atque ratio £>, rationis F . 

Dicorationem 3 rationis Ca^quealtamefTe^atquera- 
tio £ rationis F} vel «quemultiplicatam . 

Dtmonflr. 

hyfoth. Quotex C ratiorabus* ratio A-+H componi- 
tur, idem numerus cft, indicans etiam,quot ex F 
ranombus , componitur ratio ~D-+E. & quot ex 
C rationibus, ratio A componitur, idemnume- 
rus eft, indiCansctiam, quot ex F rationibus, ra- 
tio D componitur : quorum numerorum vel eft 
differentia vnitas, vel numerus • 

Si vnitas eft differcntia : vna eft ratio C, qua- 
cum compofita ratio A y facit «ationem A^-fy & 
vnaeftratio F y quacum compofita racio D y fa- 
hyfoth. i curationem D-+E. Sed& 2 cum A, &i Ecucn 



t 
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I D, faciunt rationcs compofitas A-±B> & 
' Ergo 2 ad C cadcm eft, & aequcalta, atque ratio 
£ ad ficnimbinae non cflent aequcaltf -> eflet 
yna binarnm > arqualitati propior, quam altcta,& 
non eflent e?dcm imer fe . 

Sivero numcrus eft diflerentia : totidem funt 
rationcs C, quibufcum ratio ^ compofita , facit 
cx/-+2 rationem; quotctiamrationcs F, quibuf- 
cum ratio D compofita , facit D-+ E rationcnu 
hypotb. j Scd & 2 cum -4 , & £ cum Z>, faciunt rationcs 
dtf+b. J compofitas £>-+F. Ergo 2 ad Cjque- 

j mulnplicataeft,atque,£ adF. Ergo 2 ad C,vel 
I aequj alta eft, vcl «qucmultiplicata, atquc £ ad F. 
| Quod 8*c. 
Quarc&c. 



Thecf.ii.Profof.il. 
7C Quealtac, adcamdcm, camdem habent rationcm 
«* logarithmicam : & cadem, ad jquealtas. 

F/ypoih. 

Rationcs A> & 2 funt a?quealtx . 

Dico A rationcm , ad C, efle logarithmicfc, vt 2?, ad 

C. Et C rationcm, ad A> efle logarithmicc, vt C, ad 2. 

Sumanturipfarum j4, 2, ^quemultiplicat» rationes 

D, £: & fumatur f ratio mulnplicata, rationis C. 
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i ' v Demonjir. 

def.)Jk. I Qqoniam A ad C, ratio eft Iogarithmica; cti- 
ius inasqualitatis eft ratio C, eiufdc cft & item 
quoniara 5? ad C, ratioeftlogarithmicajcuius 
inarqualitatiseft C, eiufdcmeftSs 2: crgo -4, 3 
rationes , eiufdem interfe funt inaequalitatis ; & 
funt A y 2? aequealtae: ergo funt exdem intcr fe . ii 
enim non eflcnt eaedem inter fe , eflet vnaremo- 
tior ab cqualitate,quam altera,& noneflent eque- 
alra? # Sumpt* autcm fant D, E arquemultipli- 
cata: rationum A y 3? earumdem inter fc: ergo 
f. f. etiam D, E, funt exdem inter fc rationcs, 8c 
sequeakf . Ergofi D cft aItior,quim F y ctiam E 
j altior eft , quam F: fi sequealta ; jequeatta : fi de- 
defAx.h ' prefliorjdepreflSor* Ergoratio ^ ad C, eftlo- 
garithmice,licut ratio » ad C. Qjod&c. Nec- 
nonratio C ad A> eft logarithmice, ficut C ad 
». Quod&c. 

Quare&c. 

« » 

Theor.ti. Prop. n. 

RAtionum non sequcaltarum , akior ad eandem, ma~ 
iorcftlogarithmic£,qukndepre(fior: Stcadcmad 
depre(fiorciii,maiorcftlogarithmic^,quam adaltiorem. . 

' ■ > ffypoth. K '.> * } i 
Efto ratro A altior, quam £• 
Dico i4-+#, ad C,maiorcrncflfclogamhmicc,quam», 
adC Ec 
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EtCyad #,maioremlogarichmice,quimC, ad A-*% 

Pr<epar. & Demonftr. 

Sumatur A ratio,quxcura componit ra- 
tionem A-+& : & duarum rationum A, %, fuma- 
I tur altera non altior , qux fit A : & rationis A, to- 
j tuplicata£),quoticsoportct, vt fiat altior , quam 
C; & rationis 55, xquemultiplicata fumatur E. 
Quoniam A, non eft altior,qu£m 2$, & D> E 
J funtaequemultiplicatcTipfarum A> 2:oporcec D 
non efTe altiorcm, quam E. fi enim eflet alciorjer 
ijfdem, vcl ex propioribus aequalitati , vtrifq; ma- 
ioris,velvtrifqucminoris inequalitatis rationibus, 
I eflet remotior ab $ qualitace ratio compoficxergo 
£), eft altior,quam C: ergo E+ eftalcior,quam(7. 

Sumaturipfius C, biSjterjquateoveJdc/nceps, 
quoties oportet, mulciplicata ratio F> vt fiat pri- 
mo altior quam E. Quare rario F 9 non eft akior, 
quam ratio £-+ C: eft aucem D altior, quam C: 
crgo Z>-^£ alcior eft , quam E-+C. alioquin cx 
remorioribus ab aequalicacc rarionibus, vcrifquc 
maioris, vcl vtrifque minoris inaequalitatis , noib 
alcior fieret compofica ratio , idcoque non remo- 
tior ab afcquali tace, contr* p.p.$rp>3* Sed F. non 
eft altior, qqim E-+C: ergo £>-+£, eft altior, 
quam F: & eft E depreffior, quam/ 7 : & funt 
{ \ D> £ rationcsafquemultiplicat^r^tionuni A t 2?: 
j 84 Z>+ £ ratio,eii fqueaiukipHca^a, rationis A-+ 2: 

^ Ergo 



def.j. b. 
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def.\+h J Ergo A-*<B ratio, ad jationem C, maior eft lo- 
garithmice, quim 2 ad C. Quod &c. Et ratio 
C,ad rationem aiaior eftlogtfitbmicfc', quam 
C, ad ^S. Quod&c. 
Quare&c; 



I 



Thcer. 13. Prop, 13. 

QVa? , ad earadem, eamdem habent rationem logari- 
thmicam; inter fe funt exdcm rationeslogarithmi- 
cc : & ad quas eadem, eamdem habet logarithmi- 
cam; inter fe fun t eardem rationes logari th micse . 
- Hypotku. , ; 

Rario A ad rationem C, efto logarithmice , ficut ra- 
tio » ad rationcm C. 
Dicorationes /4, 2, eflieafdeminterfe. 

Demonfk* 

Quoniam A ad C, & 2 ad C, funt rationcs 
defa.h. | Ioganthmica*;cuiusingquaIitatiscft C ratio,ma- 
iorisj vcl minoris^ciufdcm funt A } & S rationes: 
qua? fi non eaedem efient inter fe,non eflent aeque- 
altce: & affignaretur carum altera altior. Affigneriifr 
•ii..*.'. -d, fifien\poreft, altior, quam S: ergo A ad C, 
mkiar^ft logarithmicejquam 2. contrahypotb. Br r 
go rationcs^, funt esedem inter fe. Quod &c. 
. Hypoth. 2. 

" Ratio C, ad ratioriem efto logarithmice , ficu t ra- 
tio C, ad rationem 

Y Dico 
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Dico rationcs A, 2, efle eafdcm incer . 

Demonflr. 

%u k. 1 Affignetur ^ fi ficri pofeft dcprdfior , qu&m 
2: Ergo C ad imioreftlogarithmicfc , quam 
ad 2: cwtfr* hypoth. Ergo ^ non cft deprdfior, 
quam 2: item demonftrabitur , quod ncquc 3 
ii. k eft deprcffior, quam A: fattt crgo 2 rationcs 
«quealt3e,83c»dcminterfc. Quodficc 
Quare&c. 

Thtor. 14. Prap- 14. 

RAtionum, ad eamdem rationem , qtix maior eft lo- 
garithmic£,iHaeft altior: & adquam,eadem maior 
ctt logarithmice, illa eft dcpreflior. 

Hypoth. 1 . 

Ratio A } maiorcftlogarithmicead C, quam 2. 
Dico A> altiorem efle, quam 2. 

Denronflr. 

| Efto A non altior, quam 2, fi fieri poteft.-erit 
1 itaque velaequealta , vel dcpreflior . Sunto A> % 
u+b. 1 *quealt*,fifieripoteft. Ergo A ad C, eftloga- 
rithmice,ficut 2. contra hypoth. Efto A depref- 
1*. *. fior, quam 2, fificri poteft . Ergo 2 ad C, mi- 
noreftIogarithmicc,quam A. contra hypoth. Er- 
jgo 04 non eft < «qucalta , neque depreffior, 
| quira 2 : crgo cft altior . Qgod 5cc. 



• • ■ 



Hy- 
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Hypoth.i. 

Ratio C ad c*/, roaiorcftIogarithmicc,quamad2. 
Dico dcprcflioremcffe,quim 

Dcmonjlr. 

\ Efto ^ non depreffior, quam 2?, fi fieri poteft: 
erit itaque velacquealta, vel altior . Sunto A, 3 
*quealtar,fificripoteft. Ergo C ad A, eftloga- 
rithmice,ficutad contra hypoth. EAoA altior, 
quam », fi fieri poteft . Ergo C ad A, minor 
eft Jogarithmicc , quim ad 25. contr* hypoth. Er- 
| go A non eft sequealta, neque altior, qirim 2: 
1 ergo eftdepreflior. Quod&c. 
Quare &c. 



Theor.i$.Prop.i$. 

QVae eidem funt esedem r3tioncs, inter & funt ej dem, 
tum logar ithmice, tum abfolute . 

Hypoth.i. 

Rationes A ad 2, Iogarithmi^funt,vtquantitates c 
ad </: &c ad d quantitates,vtquantitates t zdf. 

Dicorationes A ad 2, logarithmice efle, ficut quan- 
titates e ad f . . 

Hypoth. i+ 

Rationes >4 ad 2, logarithmicefunt,vtquantitatcs c 
ad <A & c ad d quantitates, fijot ficut logaiithmicc ra- 
tiones E ad F. 

Dico rationcs^ ad », efle logarithmic^,ficut rationes 
£zdF. Y 2 
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FJyp6th.$. 

Quantitates a ad fiint interfe, ficut logarithmicc, 
rationcs C zdT> :&rationcs C ad D, Iogarithmice funt, 
ficut quantitatcs e ad f. 
,Dko a ad b, e(fe vt e z&f. 

ffypoth.-q. 

Quantitatcs a ad b, funt intcr fc , ficut logarithmicc, 
rationcs C ad D: & rarioncsC ad D,iogarithmicefunt, 
vtrationes£ ad F. 

Dicoquantitates* ad b dle , ficut logarithmice , ra- 

tioncs E ad F. 

Hypoth. 5 . 

Rationcs ad 2, logarithmice funt , vt rationes C 
ad Di &rationes C ad^, logarithmice , vt rationcs 
E ad F. 

Dicorationes A ad *B logarithmice efle, ficut ratio- 
ncs^adf. 

Pr<epar.comm. 
Sumanturipfarum rationum,velquantitatum A> C>E> 

sequcmu!tiplicatar , & iequcmultiplices', 3A S^> S £: 
nccnon ipfarum 2, Z>, F, £quemultiplicatae,&£que- 

©ultiplices , 4», 4D, 4F. * 7 - ; 

Demonjir. comm. 
dtf.Svel I Si 3 altior eft, vel maior , qunm 4»; etianu 
***** aitioreft, veImaior,quam 4D. Quodfi sC, 
! altior eft , vel maior, quam 4D5 ctiam 3 £ altior 
] eft, vclmaior,quam 4F. Ergofi 3A altior eft, 

vel 
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vel maior,quim 483 ctiam $£ akiorcft,vel nja- 
ior, quam ^F . Itetn fi aequealta, vel arqualis; 
etiam xquealta, vel xqualis : fi depreflSor , vel mi- 
norj etiam dcpreflior , vel mioor . Ergo propor- 
tionales funt fiue rationcs, fiucquantit^tes, vel 
mixtim A ad ficut E ad Fi tbm logarithini- 
I fie, fiquac funt rationes; tum abfolute, fi nullse funt 
| rationes , fcd folum quantitates . Quod &c. 
Quare &c. 

■ .1 11 > 1 »■ 

Theor. 16. Prop. 16. 

SI fint quotcunque raciones Iogarithmice proportio- 
nalcs, quemadmodum fe habuerit logarithmice vna^ 
anreccdentium ad vnam confequentium 5 ita logarithnuce 
fchabcbit compofitaex omnibus antecedentibus,ad com- 
pofitam ex omnibus confequentibus • 
. Hypoth. 

Rationcsv4 ad 2,& C ad £ >4 &l£ ad F, funt Ioga- 
rithmic^proportionalcs . Ex rationibus A,C,&t E com- 
pofita cft A-*C-+E : & cx rationibus 2, 0,8e F compo- 
fitaeft 2*D*F. _ .... 

Dico A-±C-*E ad S+D^Fy &A ad 2, efTe logari- 
thmic£proportionales. . . ! 

Prspar. 

KatJormm A, C> E fumanturacquemultiplicat^ ratio- 
nes $A> iCy iE\ cx quibus compofita ratio 3^3 C 
-+$E. Itemritionum 2, D> F P fumantur «quemultipli- 

catas 
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catxrationes 42, 4D, +F : exquibus compofita ratio 
4»-*4£>-4/\ 

Demonjhr. 

d*f.\\.h Quoniam A ad % 8c C ad D, funtlogari- 
thmice proportionalec fi 30/ altior eft, quara 
4#i etiam 3C altioreft,quim 4D: fi aequealca; 
Squealta : fi dcpreffior $ depreffior . Itcm quoniaro. 
C ad Z>, & £ ad F, funt logarithmicfc propor- 
tionales; fi jCalcior eft,quam 4D; etiam $E> 
alcior eft,quam 4F: fiaequealtajaequealta.fide- 
preffiorjdeprcffior. Ergofi 3^altioreft,quaai 
4S; etiam $A-+ 3C-+3E altior cft qu£m 4$-+ 
4D^4F;fia^ueaIta5 ajquealta; fi deprcfliorjde- 
preffior • & cft 3 A-+ 3 C-+ 3 £ ad A~tC-*£, totu- 
plicata,quotup!icatacft 3^ ad jtf; /teai 4#-* 
40^-4/*, ad $-*D-*F. totuplicata eft ,quotupli* 
dcfa.h I cata 4» ad ». Ergo ^Ch-£ ad S+D-F, & 
I ^ ad 2, ikiit logarithmic^ proportibnaks. 
| Quod &c. V 
Quarc 8flC 



Tfocr.1j.Propof.1j. 

SI (ex vel rationum, vel & quantitatum mixcim > prima 
ad fccundam eamdcm habuerit rationem , quim ter- 
tia ad quartam: tcrtia vcrd ad quartam maiorem habuerit, 
quam quintaad fcxtamtetiam prima ad fccundaoi , maio- 
rcm habebit, quara qukita ad fextam . 
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riyyoin* 1 • 

Quantitates a ad b> & c ad </, funt proportionalcs; 
fedquantitatum rad ratio maior cft, qulm lOgari- 
thmica, E ad f ratioaufti . 

Dico quantitamm * ad £ rationcm maiorem eflc> 
qaamlogarithmica £ ad F rationum. 

hyjxnh^. 

Quanticates a ad t, &rationes C aJ D, funt lo- 
garithmic& proportionales : fed rationum logarithmica^ 
ratio C ad D, maioreftquimquancitacum t ad f 

Dico 4 ad k maiorero eflfe, quarn ezd.f 

Hypoth.$. \ . 

Rationes A ad 9, fiequantitates c ad </, funtlo- 
garithmice proporcionaks r fed quanciracum ratio c ad 
i/, maioreft, quam e ad /I > < ? 

Dico rationum togarithoijcam A . ad ^maioreou 
dfe,quain r ad /«< 

Hypotkq.. 

Quantiratcs 4 ad &, & rationes C ad D, fiiockv 
garithmiceproportk>nalcs:fedratronum C ad D loga- 
Jtitbmiccmaiorcft, quam £ ad /\ < : j -■■-"■••■ 

Dico quantitatum 0 ad £ ratioaem maioreni ^^ 
quamrariotjumlogarithmica £ ad F. 
-1. • ' Bypoth.f. ; ! * 

Rationes ^ ad 2, & quantitates c ad funtpro- 
portionaIeslogarithmice:fedquantitatum c: £d rf, ma* 
ior^ftratorquimlogar^ — 

Dico 
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Dico A ad 2, maiorem efle Iogarichm ic£,quam E ad F. 

Rationes A ad 2, & C ad © futit proportionalcs: fed 
C ad D ratiojlogarirfimic&maioreftjquam e adfi 
v Dico rationuntirf ad 2 logarithmicam rationcm, ma- 
iorem efle, quam quantitatum e zd f. 

Hypoth.j. 

- Rationcs ^ ad^,& C ad D, funtproportionaJes.-fed 
C ad D rationum ratio Iogarithmice maior clbqdlm £ 
ad F ratio Iogarithiaica . . 

Dico V- ada 2 Ipgarithn^e raaiotremefle^.quiiiL» 
£ ad 

• » , Prspar.cdmm. 
Sumattmra^flemultiplicat? rationum rationes,&£ que- 
multiplices quantitatum quaptitatcs? anteccdcnf/u/n A 9 
C y E y amcqddentea sA, -jjC,; %E; y &.confequentium 2, 
F confcquentes' 4», 47), 4F: fetiiwdum-eas tnuki- 
plicationesj quibus 3 C, ^luor quidem cft,vcl maior>quam 
4DJ fcd %£> iion atoior, vetooo maior eft,quain 4F. 
;>i j > y r Demonjhr.communl 



U . t '\ 



I Quoniam 3 C eftiltior, velmaioc» quam ^ft 



^ i «gP^aain « 3 A ?eft alitor, vel maior^qijaai) 4S: & 
4ef. 10. intcrim j£ non,akioreft,velnbnmaioryquam^ 
JjjjJJ 4Z 7 . crgo ^4 ad ^matoreftjquam C ad £>, fi- 

j. i u^og^rkhmicejikcabfolute. : Quod &c» ' 
-.: Quard&a ^n:*.- f : -.L.j-^p ' •. 2 \. :_•:,.. ..u.t/j 

*ii ■«■■ii iu/ IJL i i . Um i j >| M1 1 mh ' i in i 'T i< i d ii i i i 

i 7"W 
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Theor. 1 8. Prop. i 8. 

RAtionumlogarirhmice proportionalium , fipritiuo 
fueric altior , quam tertia : erit & fecunda altior, 
quam quarta: fi a?quealta ; sequealta : fi dcpreffior 5 depref 
fior. I 

fJypoth. commun. 
- Rationes A ad 3, & C D, funt logarithmice pro- 
portionalcs. 

fJypoth. I . 

Altiorcftratio A, ratione C. 

Dico , qudd altior eft ratio 2, rationc D. 

Ttemonjlr. 

Efto,fifieripoteft, nonaltior 3? ratio, quam 
D: crgo vel eft aequealca , vel depreflior. Efto.fi 
fieri poteft squealta. Ergo A ad 2, maior efl: 
logarichmice,quam C ad 2: fed C ad 2 eadem 
eftIogarithmice,quas C ad Z>. Ergo^ad 5Sma- 
ioreftlogarithmicequam C ad D, contra hypoth. 
j Non funt ergo 2, D rationessquealta?. 
12. J Efto, fi fieri potcft, 2 depreifior , quam D. Er- 
1 go C ad 2, maioreft logarithmice , quam C ad 
bypotb. D. Sed ^ ad 2,cftlogarithmice, vc C ad D. Er- 
go C ad 2, maioreftlogarithmice,quam ^ ad 
2. Ergo C altior eft, quam A. contra hypotio. 
Noncft crgo 2 depreffior, quatn D; nequo 
arqiiealta:ergo 2 cft altior, quam D . Quod&c. 

1 By- 



12. b. 
XI. h. 

17. K 



17. fc. 
14. 
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Hypoth. 2. 

iSquealtg fuat rationcs 4, C > 

Dico qudd & #qucalt* funt rationcs D. 

Demonfi. ' 

y Sunto 2, D non xquealtx, fifieri poteft:& 
ii. h. j efto » altior,quam ©. Ergo C ad Z>, maior 
hypoth. eftIogarithmic£,quara C ad & Scd i4 ad £,ea- 
17. dem eftIogarithmicfc,quae C ad £>. Ergo ^( ad 
i4.> maioreft logarkhmic£,quam C ad 2 . Ergo 
j A y altior eft,qu£m C. imra hypoth. Sunt crgo 
| 3, D lequealtas . Quod &c. 

ffypotk 
Depreffior cft A, qu&m C. 
Dico qudd & X depreflior eft, quam D . 

Demonfir. 

*yp<*h* j Altior eft C quam A: & til C ad D logari- 
Jup. ! thmice, vt A ad »: ergoakioreft D, quam 2: 
irf&.-h* I ergodcpreflior cft », quim D. Quod&c. 
Quare&c. 



Theor. i$.Prop. 1 9. 

SVbmultiplicatae rationes, cum pariter raultiplicati% in 
cadcm funt rationc logarithmica > fi prout iibi mutuo 
irefpondent> ita fumantur . 

Bypotk 

RationUi4>S,funtaequeraultiplicat5 rationes $A> 1% 
Dico^ad»> atquc $A ad 3»,efleloganthmicepro- 
portionales. p*z 
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Ttewctijir. 

Rationes A ad A ad B,&^adB,qoot~ 
cunquc oportet,acceptar, funt proportionalcsrer- 
gocxantcccdentibuscompofita 3^ ad cx corr- 
fcqucnt ibus compofitam 36, eft logarithmice, 
j vt if ad B. Quod &c 



Quare &c. 



Thcor. ao. Prap. 20. 

RAtioncs logarithroicfc proportionalcs > permutan- 
do, funtlogarithmicfcproportionales . 

Hyfoth. 

Sint rationes logarithmice proportionales , A ad B, 
vt C ad Di 

Dico pennutando,eflclogarichmicc proportionales, 
A ad C, vt B ad T>. 

Prtpar. 

Rationum A y S, fumantur aequemultiplicatc $A % 3B: 
&rationura C, £), aequcmukiplicata» 2C, 2O. 

Dtmonfir. 

i*-*- | Rationes 3^ ad $ c £> & ^ ad funtlo- 



bypotb. 
ip. fc. 
l 5. L 

■ 

def.n.h 



garithmiceproportionalcs.itcm A ad », & C 
ad £>. item C ad D, & 2C ad 2D. Ergo 
%A ad 3», & 2C ad 2D funt logarithmiee 
proportionalcs. Ergofi 3^, eftakiar,quaiu; 
2C3 ctiam 3», cfta!tior,quam 2D: fi aeque- 
aka;a»queaka:fideprcfliorjdeprcffior. Ergo A 

Z 2 ad C, 
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ad C, & 2 ad D, funt logarithmice proportionales. 
Quod&c. 

Quare&c • » 



TW. 21. Prop. 21. 

RAtiones inter fe,vel&cum quantitatibus, Iogari- 
thraice proportionales, diuidendo, funt logari- 

thmice proportionales . 

- Hypoth.i* 

Rationes A-^B ad 2, & C-* r D ad D, funt loga- 
rithmice proportionales . 

Dico diuidendo rationes A ad 2, & C ad D, eflc 
logari thmic£ proportionales . 

Prapar. 

Sumantur ipfarum A, 2, C, D, a:quemu/rip/jcatar 
3<A> 32, 3C, 3D: necnon ipfarum C, D, aliaequs- 
bbet cequemultiplicatae 4C, 4©. 

Demonftr* 

Rationes 32, equemultiplicata» funt ra- 

tionum A y 2: Ergoratio 3 -4-+ 3 2 totuplicata I 
conftr. eft rationis ^h-2, quotuplicata eft 3-4 iphus 
p. h. <iA\ necnon 3C, & lD ipfarum C, & Z>: 

necnonratio ^C-^D rationis C-+D. 
«o»jffr. Rationesquoque 3C, 3D, rationum C, D> 

& rationes 4C, 4D, earumdcm C, D ratio- 
3. fc. ' num funt aequcmultiplicatse : ergo etiam 7C, 

7D, earumdem C, Z> rationum funt sequeraulti- 
j plicatae. Et 
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kypoth. 1 Et quoniam rationes ad 3, & C-*D 

rfe/.u.fc ad D, funtlogarichmiceproporrionales: fi $A 
-+38, altioreft,quam 7^5 eciam 3C-+3D, al- 
tioreft,quim 7D: fi aequealta; squealta: fide- 
preffior; depreffior. 
| Sedfi jc^alciorcftjquam 4^ adcompofica 
communi ratione 3S; eciam 3 A-±i 3 alcioreft, 
4. [ quam 7$. nam ciufdcm maioris, vcl eiufderru 
minoris insequalitatis , ex remotioribas rationibus 
ab #qualitate , compofita ratjo , eftremotior5& 
expropioribus, propior, &oftenfumeft,qudd 
fi 3 A-± 3 2, alcior eft quim 7^5 ctiam 
altior eft, quam 7D: &fepofitacommuni ratio- 
4-3- ne 37?; altioreft. 3C, quam 4D. namfi 3C, 
non eflet altior , qyam 4D; compofita, 3D5 fie- 
rct racio 3 C-t 3 D, non altior , quam 7D. contra 
fitperius probaca • 

Ergofi $A altiorcft,quam 4B* etiam 3C al- 
tioreft,quam 4D: fimilitcr oftendetur, fijque- 
itf.\x. b altaj aequeal ta: fi deprcffior; deprcffior. Ergo A ad 
j B, eftlogarichmk£, vt C ad D. Qyo(j&c. 

ftypotb.2. 

Rationcs A-+B ad B, &quantitates *-*b ad b y funt 
Iogarithmic£ proportionales . 

Dico diuidendo,rationes A ad B, &qi|antitates * ad 
b elfe logarithmice proportionates. j 
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eonflr. 

2. 5. 

hypoth. 
defS.h. 
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Rationum A y 2f f & quanritatum b y fomantur *que- 
roultiplicatf rationes j^, j», & aequemultiplices quanti* 
tates '34, item rationis & quanritatis b y muitipli- 
cata ratio 4», &aequemultiplexquantitas 4^. 

T>monftr. 

p. h. J Ratio iA^i% totupliqata eft rationis A-+H> 
confr. quotuplicata cft $A y ipfius A y &quantitas 34 
quantitatis &quantitas jl y quantitatis b y & 
quantitas 3 3 £, quantitat is 

Quantitates quoque 34, 3^, quanritatum 4, 
b y & quantitates 44, 4^ earumdcm a y b y funt 
arqucmultiplices : ergo 74, 7^ earumdem <*, b y 
funt sequemultipliccs . 

Et quoniam rationes A-+<B ad 5, & quanri- 
tatcs A-*b ad b y funt logarithmice proportiona- 
les: fi 3 A-+3 2, a!tioreft,quam 7S5 ctiam 34 
-*3£, maioreft,quam jt: lisequcalta; aequalis. fi 
depreflGor; minor. 

Sedli 3^,aItiorcft,quam 4B; etiam 3^-*jB, 
altior eft, quam 7B: &ii 34-+3A, maioreft, 
quam yb y etiam,dempta communi $b y relin- 
quitur 34, maiorquam 4A. Ergofi 3^, altior 
eft,quam 4S3 etiam 3*, maioreft^quam 4*: 
&fffiiihterOftefcdctar , ii eequealtaj*quali: fi de- 
dreflior; minttft Ergo mtioncs A ad % & 
quantitates a ad b y fant Iogaritfimice propor- 
tionales. Quod &c. Quarc &c. 



def.S.h. 
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Thepr.2%. Prop. ti. 

RAtiones interfe,vel& cum quantitaribus, logari- 
thmicepropottkmales, componendo, funt logari- 
thmicfc proporrionales . 

Hypoxh. i. 

Rationes A ad ff, & C adD, funt logarithmice pro- 
portionales. 

Dico componcndo, rationes A-^B ad 2?, & C-+D ad 
D, efle Iogarithmice proportionales . 

Pr<epar m 

Aflumatiir E rario, adquam C-*D fit logarithraice, 
ficut A-+jB ad B. 

Dtmonjbr. 

cwfir. } Quoniam -4-+B ad B, & C^D ad E> funt lo- 
»i. b. ganthmicfe proportionalcs^ ergo diuidcffio cs4 
ad B, & C-+D— E ad funt logarithmice 
hypoth. proportionalcs. Sed A ad B, &C ad D funt 
>*• I logarithmice proportionales . Ergo C ad D, & 
'C-+D — £ ad £, funt logarithmice proportio- 
nales. Ergo D* aequealtaeft, idepquc badeau, 
atque E. * 

Nam fi D, eifetaltiorjquam eflet C alcior, 
4- 3- j quam C-+D — E. Scd contra, eflet C-+D altior, 
4- > , quam C-*E: & C-+D — £,altior,quam C; quod 
cftcontradi&io. Rurfum fi D, efletdepreflior, 
*** b. quam effet C, depreflior, quam C^D — E. 
. 4- j. [ Scdcontra, eflet C-*D, deprcffiori quam C^Ex 



i*. h. 
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4. 3- | & C-*D— E, deprtffior, quim C: quod eft 
: | contradi<aio • s 

| Ergo T> eadem eft, atque E . Ergo C-+D ad 
18.&. D, & C-+D ad £, funt proportionaks logarithmi- 
M»ifr. ce. Sed A-*<B ad 2 eftvtC-*D ad £: ergo^ 
i 5 . fc. ad », eftvt C-*D ad T> logarithmice. 
Quod &c. 

Hypoth. 2. 

Rationes <<4 3d & quantitates a ad funtloga- 
rithmice proportionalcs. 

Dico componendo, rationes c^~*B ad B, & quanti- 
tatcs a-+b ad effe logarithmice proportionales . 

Prtpar. 

Affumatur e quantitas, adqu&m, a -+b dUogarithmi- 
ce,ficut ratio A-+$, ad rationem 2. 

Demonjk. 

c0n(Ir. Quoniam A-±B ad B, & a-*b ad r, funtlo- 
garithmice proportionalcs : ergo diuidendo A ad 
», & a-*b~c adc, funt logarithmice , propor- 
tionales. Sed A ad &t a ad £, funt logart- 
15. b. I thmlce proportionalcs . Ergo a ad b, & ^ 
' . j — c ad r, funt proportionales ; Ergo £, c, funt 
j quantitates xquales . 
14. 5. 1 Namfi b y maioreflet,qu£m a eflct a> raaior, 
! quam a-*b — c. Sed contra, cflct maior, 
quam a-+a & <sni— r, maior,quam ai quod 
. H- 5* e ft contradi#io - Hurfum G £, minor eflet, quim 

c: elfet 
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c: cffec a> minor, quam a-*b ~ c. fed concra, ef- 
fec minor,quam a^ci & a-*br-c, minor 
qu&m a: quod eft contradi&io . 
7. s* . Ergo b % c, func a?qua!es . Ergo a-+b, ad b, 
wnflr. eftvt a-hb ad c: Sedratio A+B ad rationem 
15. fc. J 2, cft logarithmice, vc quantitas ad quan- 
.Jtitatem c: Ergo etiam eft logarithuiice , vc a-+b 
j ad b. Quod &c. 
Quare&c. 



Theor. 1 3 . Prop. i $ . 

SI quemadmodum tota ratio, ad totam, ita logarithmi- 
ce fuerit ablcifla ratio, ad abfcilfam: crit & refidua , ad 
refiduam , ficut logarithmici tota ad cotam. 

ffypoth. 

Rationes ^A-^B ad C-+£>, & A ad C, funt pro- 
portionales logarithmice . 

Dicoetiam A~+$ ad C-+D> & 3 ad D$ efie pro* 
portionaltslogarithmic&. 

T)en>onjlr. 

hypoth. I Rationes ad C-+0, & A ad C, funt 
proportionales logarithmice: ergopermutando, 
funt proportionalcs logarithmice ^-+2 ad A, 
& C-+Z> ad C: ergo diuidcndo, 2 ad 
D ad C, funtproportionales : ergo permutan- 
jdo S ad D> dc A ad C, funtproportionales; 
| Sed A ad C, & ad C-+P funtproportio- 

Aa * nalcs. 



lo. b. 

21. 

ao. h. 
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15.*. jnalcs. ErgOi4-f»ad C-*D> & 3 ad D> funt 
| logarithmic&proportionalcs . Quod &c. 
Quare &o 



Theor. 24. Prop. 24. . ^ 

SI fint tres rationes , atque tres quantitates , quse bina?, 
& in cadem ratione iogarithmica fumantur : ex acquo 
autem prima ratio , quam tertia, altior fucrir^ erit & prima 
quantitas,quamtcrtia,maior:quodliprima ratio, fiierit 
sequealta terti£; erit & prima quantitas , requalis tertia?: 
fin illadcpreffiorjhccquoqucminorerit. Eteconuerfo. 

ffypoth. commun. 
Trcs rationes A> S, C, & tres quantitas a> b> c> bi- 
- na?,&bin^, funtlogarithmic^proportiondes: A ad 3, 
vr a ad b> % ad C, vt b ad r. 

ffypvth.i. 

Altior eft ratio <^4> quam C. 
Dico,maioremeflequantitatem <*, quim c. 

Demonfir. 

12.fr. 1 RatioSad C, maior eft logarithmice,quim 
S ad A: (ed £ ad r eft loganthmice vt 'B ad 
C: & 2 ad eftlbgarithmice,vt £ad *:er- 
go h ad f, maior eft, quam b ad 4. Ergo 
maioreft a> quam c. Quod&c. 

ffypoth. 2. ' i 

/Equeatec funt rationcs -4, C. 
Dico , sequales effe quantitates a> r. 



bypeth. 
def.Z.h. 
17. fe. 

10. 5. 
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Dcmonfbr. 

i Ratio »*ad C* cftloearithmickvt 2 ad 



\ 1 ...... 

.'• ... » .... 1 



i- 4 * ^ r S° * a( * cftvt £ ad a. Ergo scqua- 
{lcsfunt 4, r. Qtodficc. 

ffypoth.3. 
Dcprcffior ctt ratio ii> quam C. 
Dicojminoremcffequantitatem 4, qulm u 

Demonfhr. 

4tff.b. I Altior eft, C y qudm A\ efgo maior eft c, 
J*p. 1 quam 4: Ergo minorcft a y quam c. Quod &c. 

Eodcmmodo demonftrabitureconucrfb: quod fi a 
quantitas,maioreftquamitate r: ctiam ratio A> ratio- 
nc C cft altior : fi &qualis $ arquealta: fi minor ; deprcflior. 
Quod. &c. 
. Quare&c. : ^ i 

— ■ 

a T£rav&5. Prop.iy. 

SI fint trcs rationes, alia-jqueipfis sequales numero, quj 
binse, & in eadem ratione Iogarithmica fumantur : cx 
sequo autcm, prima quim tertia altior fucrit 5 crit & quar- 
ta,quamfe;rtaaltior. QtJod fi prima tcrtiae fucrit aeque- 
altajcrit &quarta squealta fext* : fin illa deprcflior 5 hxc 
quoque depreflior erit . 

Hypothuommun. 
Trcs rationcs A y 2, C, ali «que tres D, E, F> bi- 
nar,&binsfunUogarithmice proportionaks: A ad S, 
vt D ad £i 2 ad C> vt £ ad F. 

Aa % Hy- 
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Hypoth.i. 
Altioreftratio A, quim C. 
Dicoaltiorcm eflc Z>, quam F. 

Demonfl. 

ix. h. | Maioreft 2, ad C, logarithmic& ,quam 3 ad 
hypoth. x A. Sed 2 ad C efttoganthmice, vt E ad f: & 
<fc/at./> j S ad A, logarithmic&, vt E ad D. Ergo maior 
17. h. ! eft £ ad F> logarithmicfc, quam^ ad £>. Ergo 
14. h. I altior eft D } quam f . Quod&c. 

itquealtziiint rationes A,C. 4 > 
Dico , gquealtas effe rationes £>, 

Demonjlr. 

11. I Eadcm eft 2 ad C, logarithmice, qua? 2 
j ad ii Ergoeadcmeft £ ad F logmthmice qux 
13. b. \E ad D. Ergo a?quealt^ iimt rationes 
jQuod&c. fdypnh.$l 
Depreflior eft -4, quam C. 
Dico , deprcffiorem effc D, quim F. 

DemOnJhr. 

deff.h. J ^ltiorcft enira C, quam ^fc ergo aftior eft F, 
1 I ^pira # : er g° dcpreffior cft £>,quam F.Qjuod &c. 
Quare&c. 



s 



> Theor.26.Prop.26. 
I (int tres quantitates, atquc tres rariones,quf bin*, & 
ineadcmrationclogarithmica fumanturj fiicritquc/ 
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perturbat* carum proportio : ex «quo autcm prima quan- 
titas,quam tertia, maior fuerit; erit&prima ratio ,quirrL> 
tertia, altior . Quod fi prima tertia? fuerit a»quali£ quanti- 
tasj erit & prima tertiar, arquealta ratfo: fin illa minor,hgc 
quoque dcpreffior erit • Et e conucrfo . 

Byppth. commun. ■ > 
Tresquantitates *, b, c, atquc trcs rationes A> 3, C, 
bing, & binae, funt logarithmicfc, proportionales; & earum 
perturbataeft proportio : quantitates cniro a ad A, & 
rationes # ad C, funt logarithttiic& proportionalcs: 
nccnon quantitates b ad c, & rationes ^ ad % funt 
logarithmice proportionalcs . - - ■ 

Maior eft a> quam c. 

Dico alciorem effe A> quam C. 

Demonfk^ 

h **i* h j Maior eft £ ad c ratio, quam £ ad Sed 
efc/to.fc. * a d r, eftlogarithmicfc, vt i4 ad 2: & £ ad 
17 • *• logarithmic£ , vt C ad 2. Ergo ^ ad 3, 
14. k ' maior cft logarithmice , quam C ad 2. Ergo 
J altior eft A, quitn C. Quod &c y 

ffypotb.i. , 

iEqualcsfunt a, c. 

Dico aequeakas efle A, C. 

r Demonftr m 

?• 5* j Eadctn eft b ad r, qu* b ad *. Ergo eadctn 
eft logarithmice A ad 2,quaeCad2. firgo A,C 
% funt sequealt* . Quod&c- Hj- 



fup. 

13. h. 
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Minorcft a> quam c 
Dico deprcffiorcm cflc A> quim C. 

Eodem modo demonftrabitu 
/i, ratione C, eftaltior;ctiam q 
elt maior; fi «queakaj «qualis; 
Quod &o 
Quare&c. 



Maior eft qu&m *: Ergo alcior eft C, quam 
*f.i.*. v | -4: ergo dcpreflior eft c^, quim C. Quod &c. 
n modo demonftrabitur £ conucrfo:quod (i ratio 



Tkeor. 2 7. Prof . 2 7. 

SI finttrcs rationcs, & afe ipfis atquales numcro , quz 
binae, & in cadera rationc Ipgarithmica fumantur;fuc- 
ritqiieperturbata earum proportio logarithmica: cx jquo 
autcm prima, qu&m tertia altior fueritjerit & quarta>qu3un 
fexta, altior . Qu6d fi prima tertise fuerit sequealta > crit & 
quarta aequealta fext» : fin illa depreflior> hxc quoquc dc- 
prcfliorerit. 

Hypotb. Jcmmun. r 
Trcs rationcs A, $ y C, alraeque trcs D, E> F> bi- 
ngj&binxjfunt logarithmice proportionalcs j & carum 
perturbataeftproportioifimtcnim Aid 2, &<£ ad f> 
logarithmice proportionales: necnon 2 ad C, & 0 ad 
funtproportioiialcslogarithmic^. ! 



1 = 
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17. h. 

14. h. 
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Jtypoth.i. 
Altiorcft A> quim C. 
Dico altiorem eflc Z>, quim F. 

Demonftr. 

ia. h. J Maioreftlogarithmice, 2? ad C, quam 2? ad 
* M fcd S ad C, eft vt Z> ad £: & » ad A eft, 
vt F ad E> logarithraice : crgo D ad E maior 
eft logarirhmice,quam vt F ad E: Ergo D aJ- 
|tioreft,quam F. Quod&c. 

, Hypoth. 2 . 
£quealra* funt A> C. 
Dico squealtas cffc D> F. 

Demonftr. 

-11.*. j EademeftS ad C logarithmice, qu* 2? ad 
fup. . y4. Ergocadem eft D ad £ logarithmice^quce 
13. fc. I F ad £. Ergo D> F funt^quealta:. Quod &c. 

Hypoth.$. 
Deprcffior eft A> quam C. 
Dico depreffiorem cfle £>, quam F. 

Demonftr. 

itf. ph. J Altior eft C, quim A: ergo altior eft T 7 , quam 
fup. | D: ergo deprcffior eft D\ quara F. Quod &c. 
Quare &c. 



s 



Theor. 28. Pr*p. 28. 
I flnt quotcunquc rationes totidemque quantitates, 

qu«bin^»ineadcm ratione logarithmica fumantur: 

* — — - _ _ _ _ . . _ — - — — . 
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& ex acqualitate in eadcm erunt ratione logarithmica • 

Sintquotcunquerationes A> 2, C, Z>, totidemquc 
quantitates 4, b, c, d: bin#, & binx logarithmicfc pro- 
portionalcs: A ad 2?, vt a ad by 3 ad C, vt b ad *j 
C ad D y vt c ad </L ^ 

Dico ex gqualitatc, A ad C, & * ad c, efle logarithmi- 
ce proportionales . 

ltcm A ad D, & 4 ad d eflclogarithmice propor- 
riona!cs. 

Rationis A> &quafttitatis a } fumantur equcmultipli- 
cata,&multiplex, sA 9 $ar. itcm rationis,&quantitatis> 
35, b> fumantur, 4», qbi & rationis , & quantirat/s, C, 
c, fumantur, 2C, ic. 

Demonjk. 

hypotL ~ Qtioniam A ad S, & a ad f», funt loga- 
rithmice proportionales: ergo 3^ ad 4B, & 
34 ad 4^, funt Icgarithrnice proportionalcs. 
6.h. jltemquoniam 2? ad C, & £ ad c, funtloga- 
kypotk. rithmic£ proportionales: ergo 4S ad xC, & 
ad 2c, funtlogarithmiceproportionales.Er- 
14.fr. gocxarquali, fi eft altior^quam 2C5 etiam 
34 eftmaior,quam 2c: (i sequealta$arqualis:fi 
dc/.8.J>. deprcffior $ minor . Ergo A ad C, & <* ad c 

funtlogarithmice proportionales. Quod&c. 
typorfT. Suntautem C ad Z>, & c ad V, Jogarithmi- 

c£pn> 
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fup. ceproportionales. Ergo A ad Z), & a ad d> 
funt logarithmice proportionales. Quod&a 
Qiare&c. . 

M ' — ~— — — — — — — 

Sl fint quotcunque rationcs, & alise ipfis aequales nume- 
ro,quaebina», & ineadem logarithmica ratione (ii- 
mantur: & ex &qualitate,iaeadcm erurit logarithraica* 
ratione. 

Hypoth. 

Sintquotcunquerationes,&aIiaetotide/ii, A, % C, Z>, 
& £, F, G> H\ qusebina^&ineadcm ratione fumantun 
videlicer, A ad 2, & E ad F: item 2 ad C, & f 
ad G: necnon C ad Z), & (7 ad //. 

Dicoexawialitat? *4 ad C> &£ ad (7, eflelogari- 
thraice, proportionales . 

kem ad D, & £ ad efTelogarithmicepropoT- 
tionales . 

Prtpar. 

Rationum A } £, fumantUr a?quemultiplicata», 
j£: item rationum 2, £, sequcmultiplicatae 4S, 4F: 
&rationunm C, (7, «qucmultiplicata* 2C3 2C?. 

Demonfiu 

hypoth I Qponiam ^ ad », & £ ad F, funtloga- 
7. fr. j rithmicc proportionalcs , etiam 3-4 ad 4S, & 
I 3<£ ad 4F, funt logarithmice proportionales. 
hypotb. I item quoniam 2? ad C, & F ad G, funt Io- 

B b gari- 
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7. h* 



25. h. 



garithmicfc proportionales ; etiam 4% ad 2C, 
& 4F ad 2C7> funt Iogarithmice , proportio- 
nales. Ergofi j-4 altior eft quam 2C; etianu 
. lE altioreft,quam 2(7;fifquealta; a:quealta:fi 
defAih I deprcflior; deprcflior • Ergo A ad C, & £ ad <?> 
| funt logarithmicfc proportionales • Quod &c. 
Quare&c. 



Theor. 3 o. Prop. 30. 
Q I fint trcsquantitates, totidemque rationes, qax b'mx 
ineadcra rationelogarithmicafumanrurjfuericautetn 
perturbata earum proportio : & cx xqualitatc , in eadenu 
eruiit rationelogarithmica. 

Hypoth. 

Sint tres quantitates <*, £> f> totidemque r&ioacsA, 
C, bm* , Scbinse logarithmice proporuonales > & ea- 

rum fic perturbata proportio.: ncmpe fint a ad &, 84 B 

ad C, logarithmicfc proportionales : & £ ad c y & ^ ad 

2?, logarithmiceproportionales . 

Dico, a ad c > & -4 ad C> e(Te logarithmice pro- 

portionales. 

Prapar. 

Sumantur ipfarum a, b 3 qoantitatum aequemultipli- 
ces iOy ib y & rationis A, arquemultiplicata $A. ip- 
farunquoquerationum S, C, & quantitatis fuman- 
tur*quemulriplicat*rationes 4»> 4C> &*quemultiplcx 
quantitas 4<: f 
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19. h. 
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Demmjir. 



Quoniam b ad r, & A ad 9, funt logarithmi- 
ce proportionales : ctiam 3^ ad 4C, & 3<^ad 
42^ funt Iogarithmic£ proportionales : funtau- 
tcm 3* ad 3^ ficut 4 ad £: & 4 ad ficutlo- 
-^- - garithmice S ad C: & 2 ad C logarithmic£, fi- 
17. fc. I cut^B ad 4C. Ergo $a ad 3^,cft vt 4S ad 4C. 

j Sedoftcnfumeft, 3^ ad 4/, c(TeIogarithmice,vt 
%6. b. ' $A ad 4S. ergo ex a?quali, fi 3*eft maior,quam 
4c; ctiam 3<4eftalrior, qu&m 4C: fisequalis; 
4cf.%Jb. aequealta;fiminor;depreffior. Ergo a ad c, eft 
[ logarithmice, ficut A ad C. Qyod&c. 
Quare&c. * . , ' 1 -\ ' 



Theor. 3 1 . Prop. 31. -i ' f 

SI fint tres rationcs,aIueque ipfis sequales^numero , quse 
bmse in eadem ratione logarithmica fiimantur, faerit 
autem perturbata earum proportio logarithmica : etiam, 
cx aequalitate, in eadcm erunt logarithmica ratione. 

ffypoth 

Tresrationes A> % C, alisque trcs D> £ 9 F y binae 
funtineademrationelogarithmica, &earum eft pertur- 
bata proportio logarithmica; funtenim ^A ad 2, & E 
ad F logarithMicfc proportionalcs : necnon 2 ad C, & 
2> ad £ funt logarithmke proportionales . 

- Dico, cx ftquafi» -4 ad C, & Z> ad F, effe logarithmi- 
c&propprtionate. 

Bb 2 
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Prapar. 

Rationum S> D % fumantur «quemultiplicatae 
34 iD\ & rationum C, £> F, alia?fumantur ?que- 
multiplicatae 4C, 4^, 4F . 
' : : Demonftu 

Rationes iA ad 3», &^ ad 2, funt logari- 
thmiceproportionales:rationcs ^ ad 2> & £ 
ad F, funt logarithmice propottionales : ratio- 
nes £ ad F, & ad 4F, funt logarithmice 
proportionales:ergo rattones j^ ad 3#> &4£ 
ad 4F, funt logafithmice proportionales . Et 
quonia 2 adC> & Dad£rationes,logarichinice 
funt proportionales: eriam 3» ad 4C> & 3/) 
ad 4JE rationcs > logaritmici funt proporriona- 
les. Ergo cx arquali, li $A eft aItior,guam 4C; 
etiam 3D eft altior , quam 4F; fifqucakajsquc- 
alca: fidepreffiorj depreflior.. Ergo A ad C, & 
Z? ad F rationes, funt logarithmice proportio- 
nales. Quod&c. 
Quaie &c. 



hypoth» 
19» fr. 

17. 

bypQth. 
7. 

27. h. 
def. a.h 



Tfyeor. 3 2. jPro/?. 3 2. 

SI prima ratio ad fecundam > logarithmice fuerit, ficut 
prima quantitas ad (ecundam > tertia quoquwatio ad 
fecundam, logarithmice fuerit, ficut tertiaquantitas ad fe- 
cundam : etiam compofita ex prima > & tertia rationc , ad 
fecundam, cric logarithmice> ficut aggregata quai^tas 

ex 



Digitized by Googl 



Q V A R T V M. 191 
cx prima , & tertia , ad fecundam . 

Hypoth. 

Sint A y 3 y C rationes, & a y b> c , quantitates : & (k 
-4 ad 2 logarithmice, ficut a ad itetn C ad 2 logari- 
thmice,ficut c ad b. 

Dico ^-rC ad 2, efle logarithmice, ficut a+c ad k 

Deynonjlr. 

hypoth. I Quoniam C ad 2, eft logarithmice, ficut c ad 
(/e/.8.fc. £: conuertedo, TS ad C, eftlogarirhrnice , ficut b 
hypotb. ad c: Scd A ad S, cftlogarithm5ce,ficut 4 ad fc 
2 8. fc. crgo ex jquali A ad C,eft logarithmice, ficut 4 ad 
2i. fe. c: ergo componendo /I4C ad C, eft logarithmi- 
hypoth. ' ce,ficut ad c. Sed C ad 2? eftlogarirhmice, 
z%.h. ficutc ad £: ergo ex aequali x^4-±C ad 2 eftlo- 
garithmiceficut ad b. Quod &c, 
Quare &c. - ! 



Thcor.n. Prof. 3 3. 

SI prima ratio ad fecundam , eadem logarithmice fuc- 
rit, qux tertia ad quartam; fuerit autem , & quintaad 
fecundam, eadcm logarithmic£ , qus (exta ad quartaitL* 
erit & coropofita pnma cum quinta ad fecundam, eadem^ 
qu^e compofita tertia cum fexta ad quartam . 

HypqtK 

Rationcs A ad 55, & Cad D, fiint proportionales: 
itcm E ad », & F ad D, funt proportionales . 
Dico A-*E> ad 2?, & C-^ adZ>, cfle proportiooale*. 
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Demonflr. . - 
bypotb. I Quoniam E ad T, & F ad Z?, funt logari- 
rhmice proportionales: conuertendo 5? ad 
& D ad F, funt Iogarithmic& prcportionales: 
igporib. fed -4 ad 2, & C ad D, funt logarithmici 
ap. fr. proportionaks : Ergo cx a?quali A ad E, & C 
sz. fr. ad funt togarithmice proportionales : ergo 
componendo A-+E ad E y 3c C^F ad funt 
lypotb. logarithmice proportionales . Sed E ad % & 
xp. F ad D, funt logarithmice proportionales . Er- 
go A-+£ ad 2?, & C^F ad D, funt logarithmi- 
ce proportionales . Quod &c. 
Quare&c. 



Theor. 34. Prop. 34. 

SI rationesquatuorfuerint logarithmice proportiona- 
les :*ompofitaexduabus, altiore omnium, &depref- 
fiore omnium, altior eft, qudm compofita cx reliquis 
duabus. 

; • • ' Hypoth. 

Sint rationcs A ad & C ad D logarithmicfc 
proportionafes : Et eftd A dltior, quim necnon^ 
altior quam C. Et quoniam A altior eft, quam C: er- 
go 2 altior cft, quam D. Ergo A altioreft omnium; 
& D deptfffioromnium * * 

Dico rationem <>/-*ZV altiorem *flc Vationo 

H J4. C '« ; ' ■ 
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Pr*par. 

Quoniam A altioreft,quam 2: fumatur E ratio, 
quacum compofira 2, facit rationem A: vtitaratio^, 
fiteadem,quf 2-+£. Itemquoniam C altioreft,quam 
D: fumatur F ratio , quacum cotopofita D> facit r# 
tionem C: vt ita ratio C, fit cadem , quae . 4 = 

Deynonjh. 

bypoth. j Quoniam -4 ad 2, & C ad Z), funtloga* 
confir. rithmice proportionales ; &eft A> eadcm , q\xx 
ii. b. %^-E: &C, eade,qu2e D-+F. ergo 2+£ad2, 
& Z>+F ad Z>, funcIogarithmic£proportiona- 
xi. b. les: ergo diuidendo, £ ad 2, & Z 7 ad D, func 
pof^ logarithmice proportionales, Scd 2 altior £ft, 
18. b. | qudm Z): crgo E altior cft, quim F: coropi- 
+ 3. litifquecommuniter 2, & D rationibus; ergo 
fonflr. "B^E^D ratio,altioreft,quim 7t^D+F. Scd 
2-*£, ratiocadem eft, quae -4: & D~±F r ea- 
1 dem qu# C: ergo -d-+£> akior eft, qu&nu 
| 2-fC. Quod &c. 
Quare &c 



7^Awr. 35. Prof. 55. 

RAtiones proportionales, pcr conuerfioncm ratio- 
nis , funtproportionales. 

fiypoth. 

Rationes A ad 2, & C ad D funt logarithmice pro- 

pomonaks: &eft A alcior, quam 2: ideoque etiam C, 

* — .. — — . — _ . * - — - * 1 . 

altior 



1 
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i!tiorcft,quim D. 

Dico A ad -4— e& logarithmice, ficut C ad 
C — £>. 

Danonjbr. 



by£otb» 
defAXJb 

X?. fc. 

def.xiJb 



A\ C; D. 
A—fr, 2: C~ £>. 
»i c^; D; C. 
-4— »i C— Dy C. 
A-y A~$z Cj C~ Z>. Quod&c. 



Quare &c. 



Theor. 3 5". /Vop. 3 5. 

RAtioneslogarithmice proportionaIes,per homolo- 
giamfuntlogarithmice proportionales. 

Demonjlr. 

def.\xh j Nam conuertendo , rationcs fiunt proportio- 
xj. b. I naleszitem homologas depreflSores ab homologis 
xx. b. I altioribus decomponendo : & adcomponendoj & 
35- | P cr conuerfionem rationis; & diuidendo: & eque- 
multiplicando, & axjucfubmultiplicando : &per- 
mutando ; & colligendo : &exa?quali inpropor- 
tione logarithmica ordinata:coniun&ifque omni- 
fariam argumentis huiufmodi, quocunquc ordi- 
ne,per homologiam, logarithmice proporciona- 
lesfiunt. Quod&c. 
Quarc&c. 

Petrus 



21. b. 
19* b. 
xo. b. 
l6. b. 
a8. b. 
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Pctrus Mcngolus, lo. Galcatio Manzio, iuucni 

ftudiofi/fimo. S.D. 

Vintum hoc elcmcntum> de nouis, £f 
naturalibus logartthmis , cuiufquLJ 
rattonis tnfeparabiliter proprtjs 3 quo- 
cum commuriwarem, neminem tn 
tnea,aut cuiufquam altertus Matbe- 
maticifcbolafatisnouidifpofitum.prAter te,omnium 
bonarum artium , & in primis Mathematicarunu 
ftudioftfsimum . Et hac profecxo infignis fdtcttas, 
incomparabi/i virtuti acfefsit, tfmerttis Excellen- 
tifstmiprAceptoris tui Cafstni: qubdte , tum frequcn* 
tem in Mufizo auditorem, tum in fuis Jfironomicis, 
& Aquaticis labortbus>comitcm tndiuiduum, fo~ 
lertemnafiusfuerit adiutorem. Itaque cumtuauu 
mihiconfuetudincm, rarius hoc anno,quam ante con- 
fueueras^ offerres\mandaui , meumtui defidertum, 
tibifignijicari : vt meorum ettam fiudiorum particeps 
ficrcs^ confultor .Gratiam Itberaliter fectfti,quam 
*volcbam: rntque domi aliquoties conncmfti , hmu- 

Cc , fcc 
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fceopufculipartemhanc fcriptitantem . Ei ex me } 
tum deftnittonespracedentium eletnentorum , &r+ 
tiones nominum , propriam cuiuftjue vti/itatenu 
elementi , necnon quafdam nobiliores demonftratio- 
nesaudiftijparftmy tum vel maximenumerofanu 
metbodum : qua byperlogarttbmorum , & hypologa- 
rtthmorum , (f /ogarithmorum wtioncs mihicontigit 
tnuenire . tuque inuentifubtilitatem laudafti , ftod 
mibi Deus Itberaliter tribuit : atque vtititatem trigo* 
nometricam,adfaciltoremlogarithmici canonis con* 
ftruflionem,optimepr*uidi/li. Ex laude tua,pluri- 

' mumprofecifte mefateor: nam aiacrior fafttts, & ex 
tecum communicatione vegetior , muharum conc/u- 
fionum y quas pranoui euidenttf simis arithmeticis *r« 
ttficijs, qua mihi fupererant demonftrand* , medU 
lemmata reperire capi, longe falicius . Dbellumj 
igitur hucufque non ftne tuo adminiculo perfe* 
cfum , cffcro : vt fermones indemonftratos , quos irh 
uicetn habebamus,per te ipfum legendo pofsiscomfo 
re . V dt. meque, (f labores meos , in prtmis ExctL 
lentifsimoCafstno\, deindealijs tuis % confcbo/arh$> 
&amicis y vt comrnendes^ rogo. 

- »1 « • r * 

. • . . - « y ■ • . 

. ' GEO 
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GEOMETRUE SPECIOSjE 

ELEMENT VM QVINTVM. 

T> EF I& 1T10 ES. 

* 

t ^fp^^ Iifcrentia duarum quantit3tum, quando pri- 
Imjfi nia fuperat fecundam, dicetur, Exccfliis 
^-^^^ primse&fccundae. 
2 Quando vero prima fuperatur a fecunda,di- 

cctur, Defcdus primx, &fecundae. , 

3 . Similes diftcrcntiae dicentur, excclfus exceffibus , & 
defcdus defe&ibus . 

4. Diffimiles vero, exceflus defe&ibus . 

5 . Quatuor quantitates , dicentur, Arithmetice difpo- 
fitx} cumprima:&fecund;e,tertKe& quart« , fucrint fi- 
miles , & sequales difFerentiae . 

6. Inueriio Arithmetica, dicetur ; cum quatuor quan- 
tiratesarithmetice difpofita»,prima & fecunda, tertia& 
qtiarta>rurfum difponentur arithmetice , fecunda &pri- 
rna ; quarta&ccrcia . 

Cc a 7.Per- 
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7. Pcrmutatio Arithmetica, dicctur: cutn quatuor 
quantitates arithmetice difpofita?,prima & fecunda , tertia 
&quarta,rurfum di/ponenter arithmetic£,prima & ter- 
tia , fecunda & quar i . 

8. Si fucrint alii^uot quantitates , atque alia: totidcm, 
& fuerint prima & fecunda primarum,item prima & fecun- 
da fecundarum, difpofitae arithmetic£ 5 fucrint quoque fe- 
cunda & tertia primarum ,item fccunda&tertia fecunda- 
rum, arithmetice difpofita»;&fic deinceps vfquc advlti- 
mas: diccntur prim* fimiliter. efle diipofit* arithmetic^ 
atquefecundf . 

p. Quodfiprima & vltima primarum , item prima & 
vltima fecundarum,fuerint arirhmerice difpofirarjdicen- 
tur> ita difpofit*, ex aequalitate arithmctica . 

10. Tresquantitates,diccntur,arithmer/ce ordinat^ 
cum primae & fecundae, (ccund* & tcrtiae, funiles,&$quo,- 
lcs fuerint difierentiar . 

11. Pluresquantitates,dicentur, arithmetice ordina- 
ta^cum terna? deincepsfuerintarithmetice ordinatfridcil:, 
cum primse & fecunda? , fecund* & tertia?, tertiac & quar- 
tae, & deinceps vfque ad vltimam , fimiles , & arquales fue- 
rintdiflferentise. 

1 2. Serics naturalis arithmetica, dicetur; cuius ordi- 
natarum aritbmctice quantitatum prima , dimidu eft fe- 
cundx. 

1 3 . Quatuor quantitates,dicentur, Harmonicfc difpo- 
fitae , cum differentia primz & fecundie , ad fimilcm diffe- 

rea- 
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rentiam tcrtise & quartae , racionem compofitam habucrk 
tx rationibus , prim* ad terciam , & fccund* ad quartam. 

1 4« Inuerfio Harmonica, dicecur; ciim quacuor quan- 
titates harmonick difpofitae, prima& fecunda, tcrtia& 
quarta, rurfum dilponentur harmonice , fccunda &prt- 
ma, quarta & tcrtia . 

15. Permutatio Harmonica, dicetur, ciim quatuor 
quantitatcs harmonice difpofitae, prima& fecunda,tertia 
&quarta, rurfum difponencurharmonice,prima& tercia, 
fecunda&quarca. 

1 6. Si fuerint aliquot quantitates, atquc alia? totidem; 
&fucrint prima & fecunda primarum , item prima& fe- 
cundafecundarum ,difpofit*harmonicej fucrinrquoque 
fecunda&terriaprimarum,icemfecunda & tertia fecun- 
darum, difpoficj harmonice; & fic deinceps vfque ad vlti- 
mas: dicentur primse fimiliter effedifpoficseharmonice, 
atque fecundse . 

1 7. Quod fi prima & vkima primarum , item primsu 
& vlcima fecundarum, fucrint harmonice difpofic£;diccn- 
tur , ita difpoficx, cx aequalitate harmonica . 

18. Tresquantitates,dicencur,harmoniceordinaCf; 
cum primae & fecundae differentia,ad fimilcm difterentiam 
fecunda: & tertia», fucrit ficut prima , quantitas ad ccrciam. 

1 9. Plures quantitates dicencur harmonice ordinatae, 
cum ternae dcinccps fuerint harraonie& ordinat^e: ideft 
cum primse & fecundae differentia, ad fimilem diffcrcntiam 

. fecund* & tcrti#,fuerit vt prima ad tertiam j differenti<u 

quo- 
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quoquefccundar&tcrti*,adfmiilcm diffcrentiam tert?a 
& quarrae, fiicrit ficut fecunda ad quartam j Selic dcinceps 
vfqueadvltimam. 

20. Serics naturalis harraonica,dicetur, cuius ordi- 
natarum harmonicfc quantitatum prima,dupla eft (ecundj. 

21« Si a rationali, feries harmonica naturalis fuerit or- 
dinata;&aquotoquouis ordinarorum tcrminorum quot- 
cunque fuerint deinccps aifumpti , & aggregati : fumma^, 
dicetur, Prologarithmus . 

22. Porro prologarithmus , dicetur Hypcrlogari- 
thmuscarum rationum , quas habent inuicem , primus af- 
fumptus terminus , & proxiraus vlterior vkimo , non af- 
fumptus. 

23. Et carum rationum Hypologarithmus, dicctur, 
quas habcnt inuiccm, vlrimus afliimptus tcrminus,8? pro- 
ximusprior primo , non aflfumptus . 

24. Quantitas omni minor hyperlogarithmo earun> 
dcm rationum, & omni maior hypologarithmo , carum- 
dem Logarithmus, dicctur . 

2 5 . Ex totcnis dcinccps Prologarithmorum fcrics,dh 
cetur: in qua, ex prioribus, dicetur , Priraus; ex totidem 
immcdiatefequentibus,Sccundus;jexalijs deinceps toti- 
dcm, Tertius Prologarithmus; & fic deinccps rcliqui. Vt 
prologarithmorum,er ternisa fecundo,dicetur, Primus, 
qui ex fecundo, tertio , &quarto fit colledtis* Sccundu9, 
qut cx quinto, fexto, & feprimo; Tcrtius , qui ex o&auo, 
nono, & decimo } & ita dcinccps • 

%6. Si 
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16. Siduo prologarithmi , ex inaequalibus muhitudi- 
neterminiscolleiti fuerint ; &cuiusmaior eftoiultitudo 
tcrm inorum, eiustermini fi nguli , per altcram multitudi- 
nem fiierint aequaliter diuifi : fiquidem fadise partes ordi- 
natim fumptae maiorum primum terminorum, dcinde mi- 
norum, & collette totense, quota cft fua maior multitudo 
terminorum, maiores fuerinc fmgulis terminis alterius 
prologarithmi : maior profedto prologarithrnus crit,cx 
maionbus partibus 5 & dicetur , Perfpede maior • 

27. Si verofa&separtcstotena?, minores fuerint fin- 
gulis :critprofe&6minorprologarithmus, ex minoribus 
partibus ; & dicetur PerfpevSe minor. 

28. SiquatuorproportionaIium,rationaIisfuerit pri- 
ma:quart3,dicetur,Produ>3us fecundce & tertix.Etfi- 
gmficabitur chara&ere, ex vtrifque fecunda^, ac tertix 
chara&eribus deincepsconfcriptis compofito . vtpote ad 
quam, rationalis habet rationem compofitam ex ratio- 
nibusadtertiam,&ad fecundam. Exempli gratiam. aad 
a } eft vt b ad ab . Item. u ad ab> eft vt c ad abcl 

2 9. Si vero quatuor proportionalium, rationalis fuc- 
rit fecunda : quarta , dicetur , Fra&io . & fignificabitur 
chara&ere tcrtia? , ante chara&erem primse fcripto , & 
patrenthcfesclaufo.ExempIigratia a ad u cft vc b ad 
b (a). Item. ab ad u eft vt c ad c (ab). Et c ad u, cft 
vc ab ad ab (c). 

3 o. Tertia autem , diceturjNumerator fra&ionis: cu^ 
iu$ chara^cr, fcribctur fupra lineolara . vt in charaSerc 

• fra- 
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fra&ionis, b (a), numerator eft £. 

3 1 . Et prima, dicetur, Denominator fra&ionis: cuius 
chara<3er,fcribetur infralineolam.vtin charadcre fra&io- 
ni$b (a) 9 dcnominatoreft a. 

32. Numerofaratiodicctur, cuj candem habct nu~ 
merus ad numerum . 

3 3 . Non numerofa ratio dicetur , cui nulla numerofa 
eft eadem . 

3 4. Non numcrofse rationis logarithmus , dicetur, 
quantitas,minoromniIogarithmo altioris numerofaera- 
tionis, & maior omni logarithmo deprelfioris . 
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Theorcma prima Propofiio prima . 
I trigm iroequalruraquantitatum, minima,non eftmi- 
nor, quam fecunda potcftas differentij f extremarum: 
ipfa differcntiacxtrcmarum, minoreft, ad rarionalcm^ 
quam v t minima , ad defc&um minimar, & medi* . 

Hypotb. 

Suntotresinafqualcsquantitates n, *-*b> a-*b-+r.& 
effo <*, non minor> qudm bz-+ibc-icz. 
Dico i-fc; m minoremcflc, quam a; b. . 

Dcmonfl. 

hypotb. | bi-*ibc-*c% : nonraaior, quam a. 

b^^zbc^ci-y b-*c: non maior,quam ayb-*c. 

S. p. bi-bibc^ci^ b-+c. b-*c\ u, 

ij. 5. b-*ci u: non maior, quam 0} b-+c 
8.5. la$ b-¥ci minor,quam a; b. 
13.5. u: minor,quam a; b. Quod&c. 

Quare&c. 



Theor.i.Prop.i. 

CVm trium insequalium numeroruni , minimus, non^ 
eft minor,qu£m fecundapeteftasdiffcrenti? extrc- 
morum; fi defcdus medi/& maximi denominetur a mini- 
mojdefe^us ver6 minimi & medi j au#us vnitate denomi- 
netur amaximorfiuntdux Fra&ionesj quarum fumma,, 
minor eft , quam difterentia extremorum , vnitate au&u, 
denominataamedio. V- - 



Dd fjy. 
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Hypdth. 

Sunto tres insequales numeri a> a-*i> a+b+c. & cfto 
non minor,quam bz-+%bc-*ci * 
Dicor (a)>-+b-+u (a-+b-+c)i minorcm efle, quarn b-+ c 
-+u (a^b). 

Demonjh: 

p.b* b-+c>u: minoreft,quam a; b. . 
f. 3. b-+-c-+u$ u: minor,quam ar+h\ k 
3.5. b-*c-+u> b-+ci maior,qu&m a-+b$ 

Itaque per 19.7. produ&us b-+c> pcr 4-4: mirior 
cft quam produ&us b-+t-+u> per 4*: . 

Additoquecommuniprodu&o a> per 4-4. produ- 
&us b-+c-+a> per 4-4: minor, quam futumaprodd&o- 
rum b-+c-+u> per 4; & 4-4, per 4. .? ■ 

Et communiter multiplicandoper r. produdus ^r 
-+a> per 4-4^ pcr r; minor,quimfummaprodu&Q- 
rum b+c-*u> pcr 4, per r$ & 4-4, per 4, per c. 

Additoque communiprodudo a> per per 4-4* 
fumma produ&orum b-+c-t a> per a^b> pcr rj & 4> 
per b-+u> j>er 4-4: <minor, quam pBodu&us a> pcr 4 
.~4^r, per h-+c-*u* ■ r ; 

. Etcommuroterdiuidendo,per 4> pcr 4-4-w, per 4 
. ^4. r (4)^-4^0 (^h^h-c): minor,quam b-+c-+t* (4-4).. 
Quod , ; 

/Qyare ^ - , . - .> V .•<<■ 



Theo- 
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Tbeor. 3. Prop. 3. 

S I trium iaasqualium numerorum , defe&us medij & 
maximi, auSus vnitate , denominetur & minimo i de- 
fe<2us verd minimi & mcdij denominetur a maximo : nunc 
duaefraAioncsj quarumfumma eft maior ,qudm diflcren, 
tiaextremorumjvnitate au&a,denominataa medio. 

Hypoth. 

Sunto tres insequales numeri, a, a-*-i f a-+b-*c. 
Dico ch-h (ay+b (a-+b-+c): maiorera efTc, quam b 
(a-+b). \ 

Demonjbr. 

Produdus c-+u, per a-±b-±c y per £: maior eft pro- 
<iu&o per c> per £. 

Additoque communi produ&o a> per per 
fumma produ&orum c-+u f per *-4-+<r, per b> & 4, 
per b> per .4-+fc maioreft,quamprodu&us <*, per b y 
p£r a-*b-*c m 

Additoquecommuniprodu&o €-+u> per «n-^f, 
per 4. fummaprodu&orum c-w> per per a 

-+k & pcr b y per 4-4: tnaior eft quam produ&us 
4, pcr b-+c-+u y per d-t£-rc. 

£tcommuniterdiuidendo,per a y per *-*-£-*-c, per 
c-+u (a)-*b (a+b-+c): maiorcft,quim b-*c-+» 
(a-\b). Quod&c. 

Quare&c. 
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Theor. 4. Prop. 4. 

QVatuor termini arithmetice difpofid > permutando, 
funt arithmetic& difpofi ti. 

Hypoth. 

Quatuor termini a y a-+b y r, c-+b, funt arithmetice 
difpofiti . 

Dico permutando effe arithmetice dh 

Ipofitos. Demonjk. 

I Siquidem 4, maior eft, quam q tanrumdem 
ifcfo.fc. | maioreft, quam fi minor , minor, Er- 

' g° <*> O ^> * ~*b> funt arithmetice difpofici. 

|Quod&c. Quare&c. 

. 111 1 — - ■ 1 r iii ■ 1 ■■■ ■* ■■ 

Theor. 5. PrtJp. 5. 

SI fuerint aliquot quantitates, in vna ferie, Gtniliter ari- 
chmccicedifpoficae, atquc totidcm, in akera: eruntex. 
xqualiratearithmetic3,prima&vltima, in vnxfcrie ,itcm 
prima & vlcima, in altera, difpolitse arithmetic^ .. 

Hypeth. 

Sint 4, b y c y fimiliter dtfpofics arithmetick , atqtttr 
aliae tocidem d y e } f. 

Dice ex ^qualitatearithmetica^efle difpofitasarithroe- 
tice, a y c y & d y f. 

Demonjfr. 

dcf.tJbA Suntenim a y b y d y e y arithmctice dilpofit?: 
,4.^ • crgo pcrmucando a y d>b y c y funt atithmctice 
*/.$.&. 1 difpoficg: ergodiflferentia a } d y diftcrenti? b, e y 

fimilis 



Digitized by Googl 



Q V I N T V M. 21 j 

| fimiliseftf& squalis. Similiter oftendetur djflfc- 
rentia b y e y differentia? c y f y fimilis, & ^qualis: 
ergodifferentia a y d y differentia?, c y f y fimilis 
defafa eft,&awjualis .ergo a, d y c y f y funtarithmeti- 
4- h. ce difpofitx: ergo permutando, a y c y d y f y funt 
arithmetice difpofita^ Quod&c. 
Quarc &c. 



rm.m 



Tbeor. 6. Prop*6. 
A Rithmeticedifpofitarum equemultiplices, funtari- 
JTjl thmeticfcdifpofitse. 

Hypoth. 

Sint arithmetice difpofita? a y a-*b y c y c-+b. quorum 
seqiiemultiplices 34, ia-+$b y 3<r, ^c^sd. 

Dico^ 3«, ia-±ih y $c y 3c-+}b y effe difpofitas ari- . 
thmettce . 

Demonjlr. 

19- f-. j Diftercntia ia y 3a-h$h y ad diffcrcntiam a } 
| a+h y ^quemultiplex eft, atque ia ad a: fed 34 
ip. 5. | ad a, *qucmultiplcxeft,atquc $ c ad c: & $c 
ad c y *quemu!tiplcx; atque ic^ih ad c-+b: er- 
go differentia 3*, 3^3^ ad diffcrcntiam 
j a-+b y «quemultiplcx eft, atque differentia 30 3 c 
def.j.h. J -* 3 £ addifferentiam c y c^b. Sed differentia a y 
j sequalis eft differentia? r, crgo diffe- 
. rentia $a y la^ib, ^qualiseft differenti* $c y ie 

\->}b. . 

Rur- 



Digitized by 



*i4 E L E Af:E N:T V M 
*7> 7. Rurfirra diffcrentia flmilk eft dif- 

^r/.jr^. ferentia* a } <ni: & differenria a»d-+h (inrnlis dif- 
»7.7. 1 fercntiaec, c-+b: & differentia c, c-*b fimilis dif- 
ferentise 3c, ic-+ibi Ergo diffcrentaa i*> 1* 
J ^iby fmijlisc^&iequahs diffenrnrig 3^ 3c-+3fc 
<fc/.5.fr. I Ergo 3^ 3* -+J 3C, 3~c-*3/>func;arithmctice 
| difpofuae. Quod &c. 
Quare &c. 



Tfcror. 7. Prop. 7. 

1N ferie arithmetica naturali,aliquoteniabvno,&aK- 
quotcniabaltcro,per.numeros alterutrorum multitu- 
dinis terminorum multiplicati ; ficut primi produ &i> fimi* 
litcr fecundijfunt arithmetice difpofiti: item tert//,& quar- 
ti,&ficdeinceps. 

Hypoib. 

a> a-+r> a-+2. *-*3> *-+ 4> 

b y b-+l, b-±2, £-+3. b-+^yl-+$>b-±6) b-±~J. 

4*, 44-^4, 44-0-8. 4<t-+i2, 44-+15, 44-+20. 
3^3^+3, sb-t6ysb-+9. 3^+12,3^1 J,3^-+i 8,3^21, 

Sint inleriearithmeticanaturali duotermini, 4, k & 
fint abrf, tcrnij&tcrnorumprimi 4, a-*i> fecun- 
di 4-4-3, rf+-4,4-f 5: & a £, fmt quatcrni; & quaternorum 
primiM-*.i>£-4-2, />-+3; fecundi, b^4 > b-+5>b-+6 > b-+7. 

Quoniam in fciie arirhmctica naturali proximorum-» 
difterctiti^e , funtvnitatcs: ergoalternorum,funt iwiarij; 
icrnort!tr,,ternarij> quartcrum, quaternarijj&ficdein- 

ceps. 
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ceps. Suntautemprimusprimorumex tcrnis, &prinus 
fecundarutn, ab inutcern ..tertij; &primus primorum cx 
quaternis , & primusfecundorum, ab inuiccm quarti : er- 
go difFerontia a> eft tcrnarius 3$ & differcntia b, 
t-+4, & quaternarius 4. Multiplicentur itaqucterniiper 
4: &quaterni, per-j: &fiantmultiplicesterni,&quater- 
niprimi; itemterni, & quaterni fecundi . 

Dicomi^tipliccs.primorum 44-*8, 44-1.4, 44, sh 
3^*J, 3^h5*, $br*-9j cffe fimilitcr arithmetioe difpofi- 
tos, atque fecundorura, 44-^20, ^a^i^^ 44-4.12, 3A 
-^12, 3^15, 3^-4.i8,3^2r- 

Demonflr. 

hypotb. J Tcrmini 4-^2, 4-4- 1, 4, funt deincepsin^ 
j ferie aritbmetica naturali , in qua fimt etiam ter- 
tifjs.k. j mini 4-4.5, Ergo 4-4-2, 4-+x, 



fup. 
5. 7 



4, funt fimiliterarithmetice ordinati,atquc 4-»- 5, 
tf.fc. I 4-4.4, 4-4-3: &eorum2equemultiplices 44-4- 8> 
44-4.4, 44, atque 44-4-20, 44-4.1.6, 44-4.1 2» 
Dcfe&usfimplicium 4, 4-4-3, cft ternarius: 
ergoearomdcmquadruplicium defe&us 44, 4^ 
-4.12, eftprodu&us 3, per 4. Itcm dcfe&us 
fimplicium £-4-4, eftquaternarius : ergo ea- 
rumdem triplicium defe&us 3^, 3^-4- 12 > eft 
*4* 7- | produ &us 4 per 3 . Sed produ&us 3 per 4, 
j cftarqualisproduauL per 3, ergo defedtus 44^ 
4*fil.h+ 1 4<t-+ sequalis eft defectui 3A, 3^-+ 12* Hr- 
I g° 4*> 4* 3^ 3^-4-12, func arittvnai- 

ce 
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4, 4-+1, -4-+2. ^-4-4, *-+5« 

6, b~*Iy b-±2> b-+$. . 6-+4,6-+5,6-+5, b-+y. 

4«, 44-^4, 4*-+8. 44-+12, 44-+K?, 44-+20. 
3^3^3> 36-**, 36+9. 3^12,3^1 5,3^18,3/^21. 

♦ 

4 ■ 

4. fr. | ce difpofiti . Ergo permutando 44, 3 b ,44-+. 1 2, 
' 1 3 b -+ 1 2,funt arithmctice difpofiti. Ergo ex jqua- 
litate arithmetica, 44-4. 8, 44-1-4, 44, 3/», funcfi- 
militer arithmctice difpofiti , atquc 44-4-20, 44 
-4. itf, 44-4-12, 36-4-12. 

Oftcndetur autem fimiliter vt fupra , quod 36, 
3^-*3> 3^-»-tfi }b-+9y funt fimiliter arithmeti- 
cedifpofiti, atque 3 £ -4- 1 2, 36-4-15, 36-4-1?, 
36-4-21. Ergo ex squalitate arithmetica 44-f 8, 
44-4.4, 44, 36, 36-4.3, 36-4.6, 3^, rwjc/i- 
militerarithmecicedifpofiti,atque 44-4.20, 44 
-4-1^,44-4-12, 36-4-12, 36-4-15, 36-4.18, 36 
j -4-21. Quod &c. 
Quareprimiterniab 4, & quaterni a b, funt fimiliter 
arithmetice difpofiti , atque fecundi . Et eadem dcmon- 
ftrat oncoftendcmus,tumfecundos, tumprimos, effcfi- 
militer arithmctice difpofitos,atquc tertios, & atque quar- 
tos,&ficdeinceps. 

* 

; Theor. S.Prop.d. 

PRodu&i, compofitam habent rationem producen- 
tiunu. 



5. h. 
def.Z.b 



1 
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Bypotb: 

- Efto quancftacutn a, b, produ&is ab-> &• quantitatum 
c> d, produ&us cd. 

Dico ab$ cdt a$ c>-¥b> d. . 

Demonjlr. 

iefx^b j ab$ u: a$ U. ' . * . > 

/>. />. I ab$ cd: 4j c,-+^ rf. Quod &c. 
Quare&c. • , : * 



Theor. 9. Prop. 9. 

PRodudi communemhabentesproducentcm, funt vt 
producentes non communes • 

Hypoth. 

Efto quantitatum a } b, produftus A\ &quantitatum 
4, c y produ&us ac. 
Dico ab$ ac: h$ c. 

Demonflr. 
2. b. j ab; ac: b$ a^a; c. 
4ef.$.6. ! b\ a^a^ c: b* y c. 
p. p. | ab$ ac: b-> c. Quod &c. 
Quarc&c. ) \ ; > . 



F 



Theor.i o.Propof. 10. 
eumdem habentcs denominatorem > func 
, intcr fe, vt numeratores . 



E e #y. 
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Bpp-k 

Fra&ionum communis denominator sfto » * jftmto nu- 
mcratorcs b> c. ' > 

Dico £ (*); f (a): b\ c. ' ^ 

Dcmonfir. 

4ef.i$>h \a$u:b$b (a). 
defxpb | d; u: f; f (4), 
ir. 5- Ui y G * (*)• 

2. p. U (*)> c 00- ^> f • QMod &c. 
. Quare &c. 



• ■ 



Theor. 1 1. /V*p. ri. ( 

QVatuor propoi tionalium quarta eft fra&io , in qiia^ 
numeratorcftprodu#us fecundae &tertj#,deflo- 
minaeorcftprima., 

Hypoth. • • • - 

Suntoproportionalesprima 4, fecunda tertia £. 
Dico »15 l: Cy cb (a). 

Demonflr. 

Jef.i9l>\a$ u: f; c (a). ' f 

<fc/.28fc j 05 b: f; f£ r : 

30. fc. | f; f (4); cb (a). ; . 

.U..5. I «3 f (*); f£ (/*). 

/». |<*; q cb (a). Quod &c/ Quare&c 

•^•i^» M^HW*. ^^^to^* ^HMMfc^ MMH^^^^^M^Mm^b MhM^^ ^P^^^ft ^^^^^ ^^^^^ ^MMrtt 

T/w>r. iz.Prop. iz. 

Flla&iones ,quarumnumeratores aequales, reciprocfc 
fiint j vt dcnominacpres . Hy~ 
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Hypotb. i . 

Efto fra&ionum numerator communis a: &funtode- . 
nominatores b y <v 

Dico c: a (c)$ 4 (£). 

, ~ Demonflr. 
def.i^h | £; a: (^ 

ie/.ipfc I q »: 4j 4 (c). 
J c; * (0$ 

/>./>. |*J c: a (c)j 4 (£). Quod&c. 
Quare&c. 



Theor. 13. /Vop. 13. 

DVorum produ&orum,quot um producentes partim 
communes, partim funt non communes,primo al- 
tcrum denominante, fit eadem fradio ; qua?, non commu- 
nium producentiutn > primo akemra denominante • 

Bypotk. 

Suntoprodu&i abc y dbc. quorum communis pro- 
ducens, b c y noncommuncs, a y d. Et dcnominant^ 
a b c y nuroeratorera d b c$ necnon denominante a y Wr 
merato*em b y fiant fradiones dbc (abc) y d (a). 

Dico dbc (abc): d (a). 

Demonflr. 

def.2ph^aic; u: dbc; dbc (abc). 
%.p. \abc y dbc: 0; dbc (abc). 
9. h. \ a- y d: abc y dbc. 
ii. y. \a y d; »; dbc (abc). 

E e 2 a$ u: 
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2. p. j a> u: d> dbc (abc). 
Jtfapb j a$ u: d*> d (a). 1 
s>. 5. \dbc (abc): d (a). Qijod&a 
Quare &c. 



Tbeor.13. Prop. 13. : ■ •> 

FRadiones, quarum numeratores £quates,&dcnom*~ 
natores arithmetice difpofiti , funt harraoni^ di- 
Ipofit*. ' ; vv 

Hypoth. 

Efto quatuor fra&ionum numerator communis <*> & 
funtodenominatorcs arithmeticedifpofiti e. 

Dico 4 (£), * (c)> a (d)> a (e) effe haraonicc 
dilpofitas» . ;.; 1 

Demonftr. 

12. b., J Si differentia £, r, eft defc&us: ergo rect- 
proce diflerentia a (b)> a (c)> eftexceffus:& 
cft differentia d> e> defc<aus:& reciprocfcdif- 
ferentia a (d\ 4 (e) eftexceflus. Quodfidik 
fercntia b> c> eft excdfus : ctiam difFcrentia d> 
c> cftexceflust&djfterentia a (b)> a (c), rcci- 
proce eft dcfedlus : necnon differentia a (d)> a 
(e)> eft defe&us> Qqare fa&ionum a (b)> a (c) y 
& a (d)> a (e)> fimilcs funt diffcrcntiar. Efto 
differcntia b> c> defc&us. Frgo difFercntia^ 
a (l)> a (r) cft exceflus; item difterentia a (d) } a (V). 

hypetb. \ c — bl e—d, . 

f>ro- 
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J producendo per ade> & abc. 
9*h. Yacde—abde\ abce — abcd: ade\ abc. de\bc. 

} denominando communitcr per bcd e. 
■ l * ht a (*)— a (c); a (d)—a (e): de; bc. 
8 - b ' \de; bc: d; b>-te\ c. 
"•^ ]</; k a (b)i a (d). 

b - \ e h r. a (c)i a (e). ? 
P-V* \dc$ bc: a (b)i a (d),-±a (c)$ a (e). 
»• 5. \a (b)~a (c)j a (d)~*a (e): a (b)y a (d), 
\ r+a (c); a (e). 

a (b), a (c) y a (d)> a (e) funt harmonice dir 

lpofitae. Quod&c. 
Similiter oftendetur , fi difFercntia b> c, eft ex- 
.... -ccilus 
Quare&c. • 1 



■ 



Theor. i}.Prop. 1 J. 

FRa&iones,quarum numeratorcssequales>&denomi- 
natores 4 arithmetice ordinatu (unt harmonicse or- 
dinatse. 

-•••• 1 f ■ t : ; Hypoih. : .. . 

Efto fraaionum numeratorcornmunis & funtodc- 
nominatores arithmetice ordinati, £> c, </, <?. . ; 

Dico 4 (£)> 4 (<•),. (*/), 4 (<?) efle harmonice or- 
dinatas. 

* 'Dcmonftr. 

Jypoth. | ry ^ funt arithmetice ordinati. 



• Digitized by 



E L EM E N T V M 

def.$.h. b >c> c> d>* . funt arithmcttcodifpofit l.« \ 
14. h. a (b)> a (t), a (c) y a (d)> /tiiK4i^rirK)picc di- 
fpofitae. : r > 

• Diftcrcntia * (£), a (c)> ad fimilem diffe- 
def.it h | rentiam * (c)> a (d)> ratiooem habct compo- 
def.^6 m \ fitam ex rationibus, a (b) ad a (c)>'& a (c) 
"jad a (d): ideft camdem, quam habet * (b) ad 
a (d). ■• 
*/.i8ib ^ (£), 4 (c), 4 (d), funt harmonice 'ordiflate. 
/«p. a (c)> a (d)> a (e), funt harmonic^ ordinatg . 
def.i 9 h a (b) y a (c), a (d)> a (e)> funtharmoniccor- 
J dinatae . Quod &c. 
Quare &c. 



Tbeor. 16. Prop. 16. 

Slaliquot frawiioncs, alisequc totidem,communenu 
habentes numeratorCm, dcnominatores habucrint fir 
militer arithmetice difpofitos* erunt & ipfe fimilitcr hair- 
monice difpofitse . 

Hyfotb. v 1 ' 

Sunto tres fra&ioncs, ahaeque tres, quarum commu- 
nisnumerator a: fint autem denominatores b> c> d>n* 
militer arithmetice difpofiti,atque denominatores 

Dico a (b)> a (c)> a (d)> fimiliter harmonicedi- 
fpofitasefle,atque a (e)> a (f)> a (g). 

Demonjlr. 

hypcth. \b> c> d> funtfimilkcr arithmctice di/pcfiti , at- 

j quxe>f>£. b>c,e, 
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def.M.b. | b, c> e, f funt arithmctice difpofiti. 

c, d y f g> funt arithmeticedifpofiti. 
14. b, a #),. <*.£), a (e)> a (f) } funt harmonice di- 
lpofit^e,. 

a (c) r a ?(d), a (f), a (j>), funt harmonice di - 
. fpofitae . 

def.\6b\a (b), a (c), * (d), funtfimiliter harmonic&di- 
) r fpofit«, atque a (e), a (f), a (g). Quod &c. 
Quarc &c. 



Theorp ij.Prop. ij. 

IN fcric arithmetica, non maior , quam dimidius termi- 
ni proximi, non eft mcdius . 

Hypotb. * - 

Simtoinferiearithmetic^tres tcrmini a, b, x. 
Dico maiorem efle, qudm dimidiuui, ad c. 

Defnonftu 

Efto nonmaior,quamdimidjusad c, fipo- 
teft: eritquc b, jqualis, vcfminor,quam dimi- 
dius ad c: eritquedifferentia b, c, defe&us: cuius 
fitnilis differentja. u, . b y erit defe&us . 
b\ c: non raaior, quka dimidius . 

non raaior,qtiam c. - 
j b: non maior, quam c—b. 

def.\oJb. c — b* b»-~a. x 

b: non maior, quam b — a. 
b-*a: non maior,quam b. quod cft abfurdum. 

o - ' b non 



def. 10. 
hypoth* 
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I b non eft dimidius ad c Quod $co. < 
Quaic &c. 



- 



'ii. 



TW. 18. Prop. i8. r - 
N fcrichamionica, terminusnonminOr,quki duplus 
J[ terminiproximi, noneftmedius . 

Hypoth. *'.,*■ 
Sunto in ferie harmonkra tres teraiini ~ *, r . 
Dico minoremefle,quamduplum, ad c 

Demonjlr. ■ - 

| Efto nort mlnor, qdlm duplusad r, fipo- 
<fc/.i3.fr j teft.eritquedifferentia b, c, exceflus: itcmdif- 

ferentia a, b, eritcxcefliis. 
dcf.18.fr d~ b\ b — c: a\ c. - 
bypotb. b\ c: nonminori qu^mduplus. 
ip. 7. b: non minor, quam 2c. 

£ — c: nonminor ,quam c . 
14. 5. — non minor, quam a. Quod eft abfurdum. 
j b, minor ett, quam duplus ad c. Quod &c. 
Quare&c. « ' *- ? 



. •. . . . ■ 



- 



Theor. 1 9. Prifpj 19. 

QVadibetquantitas, &omnes eius multiplices ordi- 
natae , funt in ferie arithmetica naturali . 

Hypotb. 

Ertoquantitas *>, cuius multiplices ordinatse 20, 



Dico 
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Dico u 9 2u, 40, & c cffe in feric arithmetica* 
naturali. 

Demonflr. 

Omnes differentise 2«, & 2«, 30, & 3<#, 
4«, & rcliquse,funt fimiles,& «qualcs ipfiratio- 
, nali & eft u ad 2w dimidia. Ergo u, 2«, 3«, 
I 4», & c. funt in ferie arithmetica naturali. 
|Quod&c. ... 
Quare &c. 



bypotb* 
def.u.h 



Theor. 20. Prof. 20. 

QVselibet quantitas , & omnes eius fubmultiplices or- 
dinat*, funt in (eric harmonica naturali . 

Hypoth. 

Efto quantitas cuius fubmultipliccs w (2), u (3), 
» (4), &c. 

Dico u> 0 (2), u (3), # (4), &c. effc in ferie harmo- 
nica naturali. 

Demonfl. » 
19.fr. |a, 2, 3, 4, &c. funtinfcriearithmetica. 
15. fc. 0, u (2), u (3), 0 (4), &c. funt inferie har- 

monica. 
bypotb. u$ u (2): eftdupla. 

def.zoh J u, u (2), u (3), u (4)„&c. funt in ferie har- 
} monica naturali . Quod&c. 



Quare &c. 



F f Thco- 
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Theor. 21. Prop.zi. 
f N duabus feriebus arithmeticis naturalibus, termini 

I funtfiinilitcrproportipnalesjinproportioneordinata. \ 

Hypoth. 

Sint dus fcries arithmeticse naturales : vna a y %a y 34, 
44, &c. akera b y i£, $b y 4^ &c. 

Dico 4 2<t y 30, qa, cfle fimiliter proportionales at- 
que b y ib y sb y qb y inproportioneordiriata . 

Demonflr. 

> def.M.h. \ Defe^us deinceps 4 ia y 34 44 fcmaequa- 
lcs inter fe, &ipfi prirao tcrmino <*. item dcfe- 
dusdeinceps b y ib y $b y 4A, funt gquales iptcrfc, 
& ipfi k • 

4; 2^: 2^. 

24 34* ft^ 3^: * * 1 

f 3^ 44; jij 4^ 
^/j8.jj^ 211, 34, 44 funt ftuifiter proportionales, 
atque b y ib y $b y 4^, in proportione orch- 
| nata. Quod&c» 
Quare Sac 



def.\i.b 
2. 



Ttaor. 22. Prop. 21+ 

IN duabus feriebus harmonieis natu*atibus,eermroi fimt 
limiliter proportionales, in propocuofleordmaca 

Hypoth* 

Sint dux feries harmonicaenaturales : vna, a (2), 4 
(?)> * (4): altcra £ (*), £ (3), H4> 

Dico 
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Dico 4, 4 (2), 4 (3), a (4), elfe fimilitef ,pro-j 
portionales, atque \> (i)ii (j), & (4), in proportione' 
or&iata. ' j -; ' u ■ 

. : -;••> ; - Dtmonflr, 

4<f**k \4i « (i):: Jj. J <a> . 



■ ■ ■ 



2* f « 

(••• 



jdefaoh 
p.3. 



a (2)5 /i (2): b>~ b (2); £ (z). 

.* Eft^^fip«cft(>^ (^i * ($> tmior, ijuinu 

«inor,<juarit i (2)5 £ (2) 



«■ t 



«fc/48.5 



(i ): tainor quim 6,-4 

(3). 

4,-4 (2)5 4(2) — 4(3): 4} 4.(3). 

«•» 4 (3).' minor, quim £ (3). 
4 (2); 4; £ (i)j b... ........... 

a (2)} 4 (3); mmor/qnan. l (2); 
fuppofitum. 

4<2)j : 4 (g;>i <r>: ^,(^> ; •' - 

4(3)54(4): y(^p (4). 

4>.>» (2), 4 ■($),> 4 (4) fiw» fimiliter proportio- 

nales.^tquei>)^( i )>* (s)> f(4) mpropor- 
tione ordinata . Quod Sic. Quare&c 



D 



Varum ferierum naturalium arithmeti^ : &harmo- 
iiice,intcr a?queordinatos terminos, medij pro- 

Ff 2 por- 
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portionalesfuntojqualcs. - •• ; 0 <' 

rffypotb* ; ; i - . 

Sintduajfcricsnaturales: vnaarithmetica, at> atee* 
ra harmonica, a k &(int quarti termini^inarithcnctica, 
445 inharmonica, £ (4). fit autem inter a } b } mediapro- 
portionalis c.: t •• ; ' - \ 

Djco «wdiita proportionalcm eflfe,inter 44^^(4). 

Demonftr* ( * ' ; 
| Qaoniam 4^0 • £4), fun t quarti ter mini, itu 
fuis leriebus : 4** ad <*> cftquadruplu» 8} £ (4) ad 
£ fubquadruplus . ' ... . 

4<*j 4: ^ £ (4)» > 

a$c.c,b. ■ - i :., :• — ■ - 

4*> « Q *(4). <&od&& - 
Quare&c. 

W N fcrie arithmetica duo termim, cum sequeordjnatis ift 
& harmonica,funti;Qc;pr<«:eprop(orjionafcSc 

Sin^in ferie a^ithmertqiduo tertqitn & 4, 4* S? har- 
monica duo cequeorcKn^ti ^ ( j), f (4). 1 
Dico j4 ; 4^: £ (4)3 £ (3> 1 ' •- - 
" - ^ffdpaf. 

- AfTumatur interaeqtn?6rdtaa5os &£(*)? medius 
proporiio^li* f <v - ^ ? fc £ I 



*0. h. 

hypotb, 
p. p. 



. . < . . t 
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a. p. 
p.f. 



• « 



Q V I H T V M . 

1 Demonflr. 
c. r> V (3). 
44 c: q i {4). . 
c$ qa: b (4); c. 

34 4* £ (4)} b (3). Quod &c. 



22<f 



» . 



Quarc &c. 



Thcor.2$.Prop.%$. 

Sferies naturales , arithmctica,& harraonicaj plures tep* 
minoshabcnt, quam quotquifqucdixerij: > & cuiufq; 
numerofe rationis . ; - 

Dernonjk. 

I Namriumeri pluresfunt,quaniqu6tquifque 
dixcrit y fecUndum quos acccpti raultiplices aJ 
primiHti tefminum in krit arithmetica, &ful> 
multipKces ; ad primum in harmonica , func plurcs 
tcrmini, quim quotquifquedixerit, 

Quodfimukiplicesaccepti fuerint ^fecunduui 
^ numeros numerofe rationis : erunt in arithmeti- 
J ca ferie tcrmini, eamdem ntimerofafo habcntes 
rationem\ item fi accepti fuerint fubmultiplices: 



20. 9, 
19. h. 

%o* b. 



21. 



34. h. j crunt in harmctotea , termiqii eamdem rcciproce 
numerofam habentcs rationem . 

Dcinde numeri bini , eamdem numcrofam ha- 
benresrationeto, minimi omnium, & minimorum 
20. p. sequemukiplices numcri/ecundum plures, quam 
| quot quifquc dixerit nurneros, poflunt accipi : fe- 

cun- 
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fup. | cundum quos acCeptorbinos numeros, tcrmini 
multiplices in arithmeticai 8* febmujtjplices,^ 
harmonica , poflunt accipi bi * pkirfis^uji jn guot 

I 

Quare&c. />:.;:. . v 



harmomca , ponuni acupt uu* pK4i^>£u*m ^uuv 
quifque dixerit , camdcra mimeto6ni Jiibepte* 
rationenW ' • .? N ;/>) i -..\ ! 



Theor. tti.frop. 1$. 

INferie arithmctica naturali ab vnirate , ta«ai»i fu«* 
' vnita$>& omnesiruracri ordiaaSiff* &QQ£H> , C 

Ttemonfir. ; < / ; '; 

J Nam in ferie arithmetica naturali ab vnitatc, 
1 9 . h. omnes termini funt > ipfa ^ vnitas , &<omnes m\& 
tipKcesadvnitatem, ordin;*cjtl! acc^ptt : fed au- 
meri funt multiplices ad vnitaten?,-& eorum oro^ 
| eft idcm multipkwm. Quod;&c. ; , . . 

Quare&a ' r , • v - 1 



Theor. 27. Prop.ty. 

IN ferie harmonka naturali a r$tionali,tcrmini funt,ipfa 
rationalisj&fradioncs, pr« pommuni numeratoro, 
habentes rationalem > & pro ckfnommatoribus , habentes 
ordinatim omnes numeros . 

Demmflr. ' * 
j Nam in ferie harmonica natundi a mtionali, 
20. b. ! tcimini funt,ipfa rationaIis > & omn^ ciu$ fub- 
dfcyb I muitiplices ordinatim accepti, Sc4 ,fra&tones, 
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in quibus ipfa rationalis cft numcrator communis , & om- 
nesnumeri funt dcnominatores, ipfaefunt fubmultiplices 
ad rationalem; & earum ordo, eft idem ordo numerorum, 
per quos ipfse fubnwltipliees ordinantur» Ergo &c, 
Quare&c. 

Theor. 28. Prop. %%. 
Q I fuerint dusc feries totidem terminorum;& interpri- 
O mos, idem fuerit m cdius propor t io na lis, qui inter fe- 
cundos , inter terttos, & deinceps inter sequeordinatos: fi- 
quidem mprim& ferie, font quatuor arfrhmctke dil^ofiti^ 
infeeuiKlaferie>fiMKqu^ ^ 

Sint in prima ferie, quatuor arithmctice osdinatr , a, a 
-+b y c y c-+b : fit medius dx & fint in altera ferie ordinati 
dfr (0% di (a^i) y ;dz ,(c)> dt (c-+b). 

Dico di (a) % 'd% (++b) y dz (c), dz (c-+b) cflb 
harmonice difpofitos » 

Demonflr. * 
bypotb. j Quoniam * ad 4, cft vt ad dz (a); 
ideft quatuor proportionaHup» ptima quantitas 
eft 4, fecunda&tertipeftdrergo.quarta eftfra- 
&io,cuiusnumerator,fecunda poteftas d; deno^ 
minator , prima quantitas a. Similiter oftende- 
turquod dz eft fecuuda potcftas de- 

J nominataper a-tb: & dz (c)> fecunda pote- 
| teftas d, denominaia per r: & denique dz 

(C~tl>)y 



11. h. 
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j (c-^),fccundapotcftas d, denominataperc-4: 
j Ergo dz (a)> di(a-*b)> dz(d) 9 </z(c-4)> funt 
j quatuor fra&ioncs : quarum numerator commu- 
, . I nis, fecunda potcftas </$ denoininatores vero, 
funt quatuor arithmctice difpofiti, a> a-+b, c y c 
14. A. -**L Ergo ^2 (a), dz(a-+b)> dz(c) } dz(c-+b) } 
funtharmonicedifpofitse. Quod&c. 
Quare&c. 1 -..; . ': 

Theor.z9.Propof.19. 

QVorum prody&orum quidarafunt communes, qui- 
damnon communcsproducentes, aggregatum,eft 
produ&us pr oducentium communium > & aggre- 
gati producentium non communiufa . 
i ffypotb. , 

Duorum produ&orum ab } ac } communis produ- 
censcfto ai non communcs funto b } cj quorum fum- 

Dico ab-+ac: ad. 

Demonfir. 
ab' y ac: b\ c. • 
ab-+ar y ac: b-±c\ c. 
b-+r. d. 
7. 5. I ab-+ac y ac: d- y c. 
$>.b. j ad; ac. d y c. 
11. %. j ac: ad y ac. 

P . 5 . \ab-+ac:ad. Quod&c. Quare &c. N 



9. b. 
z.p. 
hypotb. 



— — 
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T/?w t $ o. /V<y. 3 o. 

QVorum produ&orum quidam funt communes , qui- 
dam non communes , & ina?quales producentes ; djf- 
ferentia , eft produ#us producentis communis , & 
diffcrentiaeproducentium non coramunium . 

Hypoth. 

Duorum produ&orum ab y ac> communis producens 
efto a> non communcs funto b, c: & efto b maior,quam 
quorum differcntia d. 
Dico ab — ac: ad. 

T)emonjlr. 

p. b. ab\ ac: b\ c. 
z.p. ab — acy ac: b — q c. 
hypotb. 

7- 

p. b. 



\ 



ab-~-ac, ac: d\ c. 
ady act dy c. 
ab — ac: ad. Quod&C, 



Quare &c. 



Theor.$i. Prop. 31* 

QVatuor proportionalium produ&us extrcmorunu, 
eft*quaIjsprodu<ftomediorum. 

Hypoth. 

Sunto proportionales a; b: c\ d. 
Dico ad: bc. 

Pr<cpar. 

Aflumatur produ#us alternorum ac. 

Gg De~ 
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Demonftr. 

p. b. ac, ad: c ; <2. 
9 . h. ac\ bc: a; b. 
byfoth. \ a\ bi c$ d. 
ii. 5. ac> *d: aci bc. 
9 . 5 . ad: bc. Quod &c. 

Quare&c. 
■ ■■ii. < 11 1 ■ 1 

Theor.$z.Prop. 32. 

QVatuor termini, quorum extremorum produ#us cft 
«qualisprodu&o mediorum, funt proportionales. 

Hypoth. 

Quatuor terminorum b y c, d> produdus extre- 
morum a d, &produ<ausmediorum bc, ftmtxquales^ 
Dico a\ b: fj d. 

Pr<epar. 

Affumatur produ&us altcrnorum ac. 

Dcmonjlr. 

7. 5. f acy bc: ag ad. 
9. b. j ac\ bc: 4; b. 
9 . b. \ ac> ad: r; d. 
11. 5. \*> b: c, d. Qyod&c. 
Quare &c. 



s 



Theor. 33. Prop. 3 3, 
I fuerintdUc / e{eriestotidemtermmorum ;& interpri- 
mos idem fueritmcdius proportionalis ,quHntcr fe- 

cun- 
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cundosjintcrtcrtios^&deinceps inter*equeordinatos : fi- 
quidcm inprima feric, funt quatuor harmonice difpofit i; 
in fecunda fcrie/unt quatuor arithmetice difpofiti. 

Hyfoth. 

Sint in prima ferie quatuor harmonice ordinati a, b, c 9 
d\ Scfitmedius e: & Gnt in altera ferie ordinati ei (a),ez~ 
(b) y ei(c) y ei(d). 

Dico ez(a) } ez(b) 9 ez(c)> e* (d)> ' c(Te arithmctice 
difpofitos. 

Demonflr. 
dtf.\%h a — by c — d\ a\ c y -*b y d. 
8. b. ab'y cd: a\ c % -+b\ d. 
ii. y. c-~d\ ahy cd. 

30. &\acd — bcd: abc-~-abd. 
3 lJf * I adhibito communi produccntc e 2. 
9' h ' \ ezacd — ezbcd: ezabc-—eiabd. 

j communiter dcnominando per afrcd. 
io:&ih ci (b)~ez (a): ez (d)~ei (c). 

def.<j.h. e2 (*)> « Q>)> el (0> e * ftnt arithmetice 
I difpofiti. Quod&c. 
Quare &c. 



Theor.34. Prop.i ^. 

Vatuor termini harmonice difpofiti , permutando, 
funt hannonice difpofiti . 

Hypoth. 

Sint quatuortcrmini a y b y c y d y harmonicedifpofui. 

Gg 2 Dico 
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Dico permutando a, c, b, d efle harmonice difpo* 
fitos. 

Pr<epar. 

Aflumaturquadibetquanticas & fiat 

*> e: f. 
b\ e: e j 
CJ « *J fc. 

</j *: rj /. 

Demonflr. 

hypotb. | ^ funt harmonice difpofitf.' 

33-*. f g* K l funt arithmecice difpofiti. 
f K g> l funt arithmetice difpofici . 
a> c> b, d funcharmonicedifpofiri. Quod&c. 



4* h» 
28. b. 



Quare &c. 



7W. 35. /Yfljp. 3 y. 

SI fuerintafiquot quantitatesinunaferie,fimilitcrhar- 
monica? difpofita», atquc alise totidem, in akera.-erunt 
ex arqualuatcharmonica» prima&vlcima, invnaferic^, 
itcm pnma & vlcima , in alcera, difpofit* harmonice. 

Hypoth. 

Sinc a y b, c fimilitcr harmonice difpofica?, atque a% 
totiuem d y e> f 

pco ex ajquaJitate harmonica , efle dilpofitas harmo- 
nice, a, c> & d, f. 

Pr<epar. 

Afluraatur quasfibet quanucas g. & fiac 

r 

m 
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h g- & k 

A & & m 
f> i : i> a - 

Demonftr. . 

A/.x66 <*, * funtharmonicedifpofitae. 
33.fr. h, m } n fuDtarichmeticedifpofic^. 
def.\6b b y r, e y f funt harmonice difpofitae . 
33.fr. ^ /, 0 fttntarithmetic£difpofita?. ; 
def.%b. h y l funt fimiliter arithmeticc difpolicx, at- 

I que m, n y 0. 
$.b. /, m y 0 funtarithmeticedifpofitar. 
28. b. \a y c y d y f funtharmonicedifpofitae. Quod&c. 
Quarc &c. 1 . 



Theor. 3 6. Prop. 3 6V 

HArmonice difpofitarum jquefubmultipliccs, funt 
harmonicediipofita». 

Hypoth. 

Sint harmonice difpoiitas a, b y c y d: quarum seque 
fubniultiplices a(i)> £(3), f(j), d( S ). 

Dico 4(3), £(3), c(3), d(s) cffe harmonice di- 
/pofitas. 

' : • * ! Pr*par. 

Afrumaturquselibetquanticas e. & fiat 
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<*; '5 / 

*j n g 

q f : *j 

</} ^ /. ,\ 
Etquotuplicesfunt4, t £, c>4 ad 4(3), £(3), r(3), 
rf(3)i totupliccs accipiantur ipfarum fc, /, qux 
quaefint sf/ s£> jfc, 3/. 

Demonflr. 



<*, £, c, </, fi^)tharnionice k flifppCt^^ 
f g> h U funt arithraetjkre cNfpofitf . 
lf> i£> iK 3/, ftntvtfhwticedifpofii 



hypotb. 
33. 
6. h. 

pr*par.\ *($); a: fi sf 

preptr. *\ el t\ f . • , , 

p. p. "(3); *: e > 3f 
fup. K3)> *: e> 3£- ■ 
fup. c(3)> " n ih. 
fup. \d(i)\dei$L 

zt.b. \*(3)> Ki)> c(s\d(i) funt harmomcfc dif- 
j pofits. Quod&c. 
Quare &c. 



Theor* 3 7. Prop. 37. 

SI fuerint aliquot prima? quatitatesjarithmeticc fimiliter 
difpofita?,atqucaiia> totidem fecundae, vtrarque in. 
vna feric: fucrint autcm & alise totidem quantitatcs prim?, 
aliarque totidem fecunda? in altera : & fucrit vnaeadem^ 
quantitasmediaproportionalis intcf primas primarunL/, 

& in- 
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&interfecundasprimarum, & deinccps intcr cequeordi- 
natas; item inter primas (ecundarum , & inter fecundas,& 
deincepsinter aequeordinatas: erunt in fecunda feriepri- 
mx fimiliter harmonice ordinata?, atque fecundx . 

Demonjlr. 

Quoniam cnim primarum inpiima feriepri- 
def.ZJ). ma, & fecunda; &fecundarum in prima feriepri- 
28. h. ma,&fccunda, funtarithmetice difpofit^ : con- 
ftat, quod etiam in fecundaferic primarumpri- 
ma, & fecunda; & fecundarum prima, & fecunda, 
funt harmonice difpofitg . conftat fimiliter , quod 
in fecunda fene , prirnarum fecunda , & tertia 5 & 
fecundarum fecunda, & tertia funt harmonice di- 
. fpofitx. Eritadeincepsvfquead vltimasprima- 
def.\6.b \ W[Uy & fecundarum . Quarc prima? in fecunda^ 
I ferie, funt fimiliter harmonice ordinate, atqui, 
I fecundse. 



Theor. ^S.Prop. 38. 

SI fucrint aliquot prim*e quantitates harmonice fimi- 
liter diipofitsr, atque aliae totidem fccundse , vtrseque 
invnafcrie:fuerintautem&:aIicTtotidcm quantitates pri- 
me, aliarquc totidem fecund#,in altera ferie: &fuerit vna 
eadem quantitas media proportionalis intcr primas pri- 
marum, &interfecundas primarum, & deinccps inter 
cequeordinatasjnecnon media proportionalis inter pri- 
masfecundarum,& inter fccundas fecundarum, & dem- 

ccps 
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ccps intcr sequcordinatas : erunt inaltera ferie, primsc fi- 
militer arithmetic£ difpofitse, atque fecunda* . 

Demonji. 

def.i6h Quoniam enim primarum in prima ferie,pri- 
ma & fecunda,&fecundarum in prima leric,pri- 

3Z- h - | ma&fecundajfuntharmonicedifpofit^zconltat, 
I quod & in fecunda ferie , primarura prima & fe- 
J cunda,&fecundarum prima & fecunda, funtari- 
j thmetice difpofit<e . item oftendetur , quod pri- 
I marum in fecunda ferie fecunda,& tertia,& fecan- 
'darumfecunda &tertia,funt arithmetice di/po- 
fitae . & fic deinceps vfque ad vltimas primarum, 

def.s.b. & fccundarum . Quare primsein kcundsi ferio, 
] funt fimihter arithmetice difpofita?, atque /ecudj. 



Theor. 3 9. Prop. 3 9. 

INter duas quantitates media proportionalis , eadertu 
eft etiara inter fubmultiplicem vnius , & aequcmukipli- 
ccmalterius. 

Hypoth. 

Eftointcrduas 4 h> mediaproportionales r. &efto 
ipfius*,fubmulriplex ^(3)5 &iplius£,aequeinultiplex $h. 
Dico 4(3)3 c: c, $b. 

Demonjbr. 

bypotb. j 4(3)5 a: h^ $k 

hypotb. * a> y c: c> k 

p. P- \a(s)y c: Cy $k Quod&c. Quarc &c. 
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Theor. ^o.Prop.qo. 

JN fcrie harmonica naturali, aliquoteni abvno,&a!i* 
quoteniab a!tero,per numeros alterutrorum multitu- 
dmis terminorum fiibmultiplicati ; ficut primi quotientes, 
firailitcrfccundi , funt harraonic£ difpofiti: itera tertij, 8c 
quarti , Scficdeinceps. 

fjypoth. 

- Sint in ferie harmonica naturali duo termini a, k & ab 
*, fumanturterni(iibquadrup!r$& £ l y quatcrni fubtripli. 

Dieoprimos ternos fubquadruplos ab <t, & primos 
iubtriplos a b, fimilirer efledifpofitos harmonice ; acque 
fecundos fubquadruplos ternos ab a f & fecundos fubtrfr 
plosquaternos d k 

* ■ Pr*par. . ' i 

Ordinerur feries arithmef ic* naturalis : in qua fint, c 
aequeordinatus, atque a; & d aequeordinatus,atque£. fii- 
manturquequadrupli tcrnia c, & tripli quaterni a fu- 
maturetiam intcr a> & c mcdius proporcionalis 

. Vemonjir. 

conflr. | Quoniam rnediusproportionaliscftinter a, 
c: mediusetiamproporrionalis cft intcr £, & 
25. inter sequeordinatos terminos in vcraquc ferie na- 
. turali anrhmetica, & harmonica . item elt medius 
J f roportionaJis - inter mukiplicestcrminori.mari- 
| thmetic^ fcriei natura!is,&inter cequekbmulti- 
7. h. ;| plices terminojurn barmonrca\fcd quadrupli tqr- 
- ■ |>ni a c , & tripliquaternia <4 primi,funtfnTuJucr 
i: Hh ari- 
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| arithmetice difpofiti , atquc fecundij itcm , atque 
tcrti j, atquc quarti, & dcinceps . Ergo ctiacti fnb- 
quadrupli tcrni ab a> & fubtripli quaterni a^, pri- 
mt > funt fimiliter harmonke di fpofitr» atqae fe* 
cundij itcmjatquctcrtij, atque quatt^&deinccps» 
1 Quod &c. 
Quare&c. 



Tbeor+41. Prapcf^ l * 

SVmma fraftionum communoai babcntitim dcnomi- 
natorem, cft fiimma numeratorum, ab eodem dcno- 
minatore dcnominata. 

Hjpoth. 

Fra&iones a (£), c(b) comraunem habcnr dcnomintf- 
torem: numcratorum fummatsft 
Dico a(b)-*c(b): *~*c(by 

Dtrnonftr* . 

lO^fc. J <*(£), C(i)l C. 

2. p. J 4 (£) -+ C (i); C (A)t d-tCJ C. 

10. fr. I 4-H.c(^)j c(A): 4H-CJ c« 

11. 5. I *(£)-*■ c (£)> ^(^)i a-*c(lr) % c(b). 
9.5. |^(^)^f ( (^): 4-+c(i). QuodSOL 

Quarc &c. 



D 



mmmmr I *" 1 I l. . l ■ I I ) l III II 

Thcor,+z*Pwp.+%. 

idtionum communemhahentiurh deno- 

i^cftdiflcrcntia nuraaatorua** ab co- 

dem 
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demdenominatorcdenomimta* 

Fra&oncs *(b)> c(b}> communem habent denomi- 
natorem b: diflferentia numcratorum cft a — c. 

Dico a(b)—c(b): a—c(b\ 

THrmnftr. 
10. h. a(b)> c(b): a-> c. 

10. h. a~c(by> c(b): a*-c$ c. 
11.5. a(b)~c(b)> c(b): a^c(b)> c(b). 
*. 5. \*ib)-^c(b): s~~c(b). Quod&c. ' 

Quare &c 



Theor.^S. Prop.^%. • 

DVorum in? qualium numerorum , Vnkas denomina- 
taaminore,& diflfercntia denominita amaioro, 
funt fra&iores dua?, quarum fumma eft maior, qudmdif- 
ferentia corumdem, au&avnitate,denominau£maiore. 

Hypoth. 

Suntoduo inssquales numcri , minor a> maior a+b. 
Dico 1 (a) -* b (*-*b): maiorem eflTe, quam b-* i (a-+b). 

T)em6nfir. 

ix. h. j 1 (a); 1 (a-+b): &-+b\ a. 

1 (ay. maior quam 1 (a-+b). 
communiter addacur b(a-+b). 
41. b. 1 (a) -» b(a-*by. maior eft, quam b-* 1 (a-+b). 
|Quod&c Quare&c. 
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Thcor. 44. Prop. 44. ; ■-, . , 

QValibet quantitate , d fe ipfa , & a fuis deinceps per 
ordinem tnoltiplicibus, denominata j fit ferieshar- 
, monica naturalis. . iti ; 

Efto quaelibet quantitas 4, eiulque multipliccs 24, 34 
44, & deinceps. . 

Dico 4(4), a(za); 4(34), 4(44), & deinceps eifc> 
fcriem harmonicam-naturalem. 



Prspar. 



Efto rationatis 0: & a rarionali ordinetur feries harmo- 
nicanaturalisw, «(2), »(3), »(4), &deinceps. 

— - Dcmonflr. - 

def.zph a-> u: 4; a (a). 
■ 9. $. m a(a). 

z*.h. 4(4)5 a(za)z 24$ a: u(i) dapfcu \ i 
j. a(%a): u(z). :i 

ite/.iofc I 4(4), 4(14), 4(34), 4(44), eft feries hamio- 
| nica naturalis . Quod&c, > 
Quare&c. 



Thor.^.Prop.^. 

SI fuerint duo prologarkhmi^ex terminis ab vnitate; 
alter,exquotcunquererminis}altcr, ex totidem,& 
vno amplius: eritquiexpluribus, eoquiexpaucioribus, 
pcrfpe#e maior. Hy- 
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Hypoth. 

Sunto duo prologarithmi,cxteniiinisab vnitate : alter 
A y extotterminis,quotuseftnumerus£: alter C, ex tot, 
quotuseft d. & efto d> vnrtate maior, quam b. 

Dico C, perlpc&e maiorem effe , quam A . 

• . ". , Pr<epar* 

♦ : / m n 
*••*••• ^ 

f - £ h * 

Sumaturnumerusi totics, quotus eft af: &fintfumptt 
numeri fg> gh, hi, ik. Itemfumaturnumcrus d to- 
ties,quotuseft £: & fintfumpti <?/, //», mn> nk. 
- < Demonjlr. 
16. 7. | Quoniam produ&us b per */, eft sequalis pro- 
I dud:o d pcr b: fumma numerorum gh> 
hi> iJkj eft sequalis fummaj numerorum el> \m> 
mn> nkj cftque idcm numerus ek. Etquoniani 
cfifg, gh, hi> tk> funt a?qualesinter fc: ergo efi eg> 
eh, ei, ek> funt fimplex b> duplcx, triple*, & 
reliqui deihceps multipliccs. Item quoniam cl> 
I lm> mn> nk> funr sequales : crgo el> em> en> 
\ek> funtfimplex d> duplex,triplex,&rdiquide- 
| inceps multipliccs» 
Dcindc quoniam d> vnitate maior eft, quam k ergo 
id 9 binaho maioreft,quam zb: & sd> tcrnariomaiorcft, 
quam sb: &fic deinceps, &fimiliter el> vnitatc maior, 
quam efi & em> binariomaior,quam eg: £ten> ternario 

iiuior, 



Digitized by Google 



ELEMENTVM 

/ m n 



f 



K 



maior quam eh: & fic dcioceps. item fimiliter tdc, vnita- 
temaior,quam *k:& wk, binarioiwior,quam & 
//, ternariomaior^quam^*. Quare//, ^w, fcw, &de- 
inceps,funtvnitas, binanus,ternarius,&deinccps: item 
/w, fcw, ^Z, funtvnitas,binarius,tcrnarius, & deinceps. 
tft ergo ef y vnitatemaior,quam Igi & Ig, vnitatemaior, 
quam mh;S>ctxb, rniratetnaior, quam nh, & m, eft vnitas* 
Cum itaque trcs fint quantitates inaeqtiales tf } 
el } eg } quarum ef minima, d media, eg ma- 
3 . h. xima . fi lg } vnitate au&a, denominerur ab ef& 
//, ab eg: fiunt duse fradtiones, quarum iummao, 
maioreft,quam /£ vnitate auda, denominara 
ab tl. Sed lg> vnitate au£a,eft $ & & vnita- 
te autfa, cft el: ergo 

(ef)^fl(eg): maioreft, quam el(et). 
Similitcroftendetur, 

lg(eg)-ygm(eh): maior,quam \m(em). 
, Et wl(eb)-*hn(ei): maior,quara mn(en). 

Deinde,cum duo fint inarquales numeri , fl> 
43. h. " d$ quorum minor maior rf, differentia #: fit- 
que vnitas w: &<iifTerentia •#*, vnitate au&a,fit 
11* . ergo 

m (ct)^iK (eK): maioreft,quam «#(*K. 
44- h. Sed */(*/), fl~+lg(*g)> .gm^rrin (eb), bn-*ni< 

(")> 
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\(ei) y iK(cK) funt tcrmini componentes profo- 
J garitbitwm C. nam ef y fl-*lg y gn-*mh> hn~+tii> 
, ! iKf funt numeratores aequalesipfi b y quos deno-< 
! minant, ef y cg y eh y ci y eK, nempe fimplex b y du- 
J plex, triplex, & dcinceps multiplices . 
1 Eademrationeconftat,quod el(el) y lm(em) y 
mn (en) y nK (eK) funt termkii componentes pro- 
logarithmum A. 
dcfxtb E*go C, pelpc&i maior eft, quam jt Quod 
&c. Quare &c. 

111, ■- - ■ • " 1 ■ - 



Theor.46.Prop.46. 

SI duorum inaf quatsum numerorum differentia , deno- 
mineturaminore;vnitasvero,a maiore: fiunt duae 
fra^iones; quar um ftmma , minor eft , quam difterentia, 
vnitate au&a , deirominata a minore . 

Hypoth. 

Suntoduo irrattpalesnumeri 4, a-*L 
Dicor b(a)^i (a-+b): minoreme(Te,quanft b+i(a). 
- • •> .. \ . 1 x Ttemonftr. 
ix. fr. | 1 (4h-£); 1 (a): 4$ 

j r(4-*i): minor,quam i(a). ■ 
[ addito communi i> (4). 
4». *• ( £ (*)-+ 1 (4-f £): minor, quam 1 (a). Quod &c. 

Quare&c. : ^ 

' t ■ * 1 ■ ■ — ■ ■ ' ■ 1 111 ' 



Theo* 
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Tbeor.47.Prop. 47. 

SI fuerinc prologarithmi exduobus terminis a fecundo, 
cxtribus £tertio,ex quatuord quarto, & fic deio- 
ceps:quicxpluribus,perfpc&e minoreft, quara,quiex 
paucioribusvno. 

Hypoth. 

Sintduoprologarithmi^alter A> ex terminis ab 
&extot terminis, quotus eft b\ alter C, ex terminis ab 
1 (d), & extotterroinis, quotus eft d- & efto b, vnitato 
minor, quam d. 

Conftat,quod i(b) 9 totus ordine eft, quotus,eit k& 
I (d) y totus ordine, quotus eft d. prop. 2 7. h. 

Dico C, perfpetfe minoremefle,quam A. 

Prtpar. . <■ 

m n o 
e — 20 — / I 

g h i k. 

Sumatur produSus bd y qui fit efi eique adijciantur tot 
£,quotuseft rf, quifint^, gh y fc/, kl: eidemquc efi 
tot d adijciantur,quotuseft£, qui fint fin y mn y no y ol. 

Demonflr. \ 

Quoniam produ&us b per d y & produ&us d 
per b y funta?qualcs: fiimma numeroruni fgy gh y 
hiy iky kl> fummae /w, mn y noy ol y cft aequa* 
lis:ettque idem numcrus//. Et quQniarc* fg y ghy 

hi r .iLy j:/,„£jntiequaks^ergo fg> fl°+ fh /£> 
/ /, funt limplex by duplex, triplcx,& rcliqui dcin- 

ceps 



16. 7. 
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mcepsmultiplices. Item quoniam fn> mn> no> ol> fimt 
iequales: ergo fm> fh> fi> fl> funt fimplex d> duplex, 
triplexj&reliquideincepsmultiplices. Scd ef> ad b to- 
tuplex cft,quotuseft dr+i: & eh> quotus eft d^ 1: ideo- 
que ef> eg> eb> ei> eK> fimt totuplices ad b> quotifunt 
d> d-+i> d-¥2> d~±i> d-tq. Itcm cum fit ef> ad d totu- 
plex, quotus cft k erunt ef> em> en> eo> totuplices ad 
d> quotifunt b> b-+i> b-+2> ^3. 

Deinde quoniam d> vnitatc maior eft , quain k crgo 
zd> binariomaioreft,quam zb: & $d> ternario maior, 
quam 3^5 &ficdeinccps,&fimiliter fm> vnitatc maior, 
quamj£$&/w, binariomaior,quam fh> & fi, terna- 
riomaior, quam /15 &fic deinceps. item fimil/ter 0/, 
vnitatemaior,quam £/; & w/, binario maior,quam il\ 
& w/$ ternariomaior,quam hi Quare gm>hn> io> funt 
vnitas,binarius, ternarius, & deinceps : item <?Af, «/, mh> 
funt vnitas, binarius, ternarius,& deinceps. Ergo gm, 
au&usvnitate,eft hn>- &hn } au&us vnitate, cft io^&cto, 
au#us vnitatc, eft iK> vel 

Itaque funt inctquales, & minores primiim,dc- 
inde maiores hocordine, ef> eg> em> eh> en> 
ei> eo> eK: quorum minimus ef> eft produ&us 
W:&differentia ef> eg> eft fg, nempe b: elt 
9*h. J autem bd ad £2, ficut ad b> maior: crgo 
minimus ef norieftmincwyquam fccundapotc- 

Jftasdificrcntise ef eg. ideQque neque eg, mi- 
noreft,qu^m fccundapoteft?sdifferentijE eg> ek 

I i ncquc 
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ncque ehf minor,quanvfec«inda poceftas diffcrexiti* fh, 
ri. neque */, minor, quam fccunda poteftas differentix 

tiy . 

Quare fi dcnominctur ab efr 8c vnitas 
4<5. denominetur ab eg: fumma fra&ioautn, rainor cft, 
quamli auctavnitate t denominetur ab ef elt 
autem ^ , au&a vnitate, «rqualis ipfi fmz ergo , 

fi( € f)-+i m ( t g) 1 *ninoreft f qu&m fn*(*f)* 
i.k. Itemfi wfc denomineatr ab 4^5 au&a 
vnitate, ideft fo* denominetur ab fuminafa- 
&ionum, minor cft,quam hghy au*9a *7MtatJC # /deft 
mn y denominetur ab eh+ 

mh (eg)-*hn (eh)i tntnor eft, qu&ffl (efc). 
Similiteroftendctur, quod 

ni(eb)-rw (<?/): tniaor eft,quam 00 (en)* 
Et quod 

oK(ei)-+Ki(eK): minoreft, qulro ei(eo\ 
Scd («/), gm-+mh (eg) % hn-+ni(eh) 1 y ia-+oK- 
(ei) y Kl(eK) y funt i(d\ i(d-+l ), 1(^2), &de- 
incepsreljquitermini,tot,quotuseft compo- 
rvrntcsprologarirhmum Cnam/g, cft £1 &<?/, 
eftprodu£us /£(*/), eft £(W);ideft, i(<0- 
*3. k item gm+mb cft £: Sc cft W-^: & pm-+rnh- 
( c g)>& y(bd^b% ideft, i(i-i).&fic deinceps* 

Simir 
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Sitnilitcr fm (ef)> mn(em)> no(en)> ol(eo) y funt 
1 (b) y 1 (b^ 1), & deinceps reliqui cermini, tor, 
quotas eft^ componentcsprologarithmum A. 
nam fm> mn> no> ol> func d: & ef> em> en> eo> 
funt bd> bd-+d> bd-*zd> bd-+$d> & ipf? fra&iones 
fatu d (bd)> d (bd^d)> d (bd^ id) r d (bd^ j*Q;ideft, 
i(b)> i(b-*%). 8te, n 

Ergo C, cft perfpe&£ tainor, qu£m A. Quod 

&c. Quare&c* 



Theor. 48. Prop. 48 . 

SI foerintdiw feriesprologarithmorum,exterminisab 
vnitatej alrera,ex quotcunqueterminis; altcra, ex 
rotkicm, &vno amplius : crit fecundus prologarithmus ex 
pluribus, feeundo ex paucioribusjperfpe&e maior: &ter- 
tiu$, tcrtio: &quartus,quarto:&fic deinccps fingulipro- 
logarithmi vniusferici, fmgulis prologarithmis aequeor- 
dinaris akerius, perfpe&e ftint maiores . 

Hypotb. 

Sint du? fcriesf rologarithmorum ex terminis abvni- 
tate: altcra A } extot terminis,quotus eft numcrus k al- 
tcra C, extot, quotuseft d. & cfto d> vnitate maior, 
quam h. 

Dico fecundum prologarithmum feriei C, perfpefle 
maiorcmcfle,fecundoferici A. 

_ ■ 



li 



Pr<&> 
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Pr*par. 

I m n t u x 

e r K. s 

f g h i ' o p q r 

Sumajurnumerus b totics,quotuseft d: & fint fumpti 
numeri ef, fg, gh, hi, $K. item numerus d toties, quo- 
tuseft b: & fint fiimpti numeri el, Im, mn, nK. Suma- 
turiterum b totics,quotuseft d: &fint fumpti ntimen Ko % 
op, pq 9 <jr, rs. &iterum d> fumaturtoties,quotuseft k 
& fint fumpti numeri Kt> tu> ux> xs. 

Demonjtr. 

i6.j. j Quoniam produ&us b per ^eftaequalispro- 
dudo d per b: fummanumerorum ef fg> gh> 
hi, iK y fummxnumerorum el> lm> mn> nK> e/l 
aequalis: & fumma numerorum Ko> op> pf, f> 
rs y fummse Ku tu, ux y xs> eft aequalis. Sunt 
| autcm & fingula? partes ek> finguhs Ks parnbus 
«qualesj&omnes, omnibus: & ef, cl> eg> tm> 
eb, en> ei, ek> ipfis ko> kf> y «p, ^tt, k^> bx> ^r, 
\s> fingulinumcri>fingulis£quales;& eorumdif- 
def.sjj. ferenticV a?qua!es, &iimifes: atque omnes ordina- 
! tim rccepti,vt fupr3,vfque ad limiliter arithmc- 
tice func difpofiti, atquc omnes reliqui , v fque ad 
4>.h. s. Etficutdemonftratumeft,quod 
3 • e f( c f)-+fl ( e £fi maior eft, quam el (et). 

?• h * \ lg (eg)-+gm (eb): m2.ior> quam Im (em). 
%.h. I irb (eb) +hn (ei): maior , quam mn (en). 
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4}. k. ni (ei) -+/k (ek): maior, quim nk (ek). 

ita in praefenti demonftrabitur, eodem prorfus 
argumento, quod 

ko (eo)-*ot (ep): maioreft, qu£m ^t(et). 
3» k tp (ep)-+pu (eq: maior, qudm tu (eu). 
3« b. uc[(ecj)-+(ix (er): maior , quam ux (ex). 
43« *• xr (er)-+rs (es): maior, quam xs (es). 
45- h - Item ficut demonftratum eft, quod 

e f( e f)> /^4°(^)> g™-*mb(eh)> hn-+ni(et\ 
ik ((fk), funt termini componentes primum pro- 
logarithmum feriei C: & quod el(el) } lm(em) y 
mn(en\ nK(eK) } funtcomponentes primum fe- 
riei A. itademonftrabitunnpra?fenti,qu6d 
I Ko(eo)> ot-+tp(ep) y pu-*tuj(etj) y qx-+xr(er) } rs- 
(es) y funt terminicomponentesprologarithmum 
fecundum fcriei C: & quod Kt (et) y tu (eu) y ux (ex) y 
xs(es) y funt componentcs fecundum prologa- 
rithmum fcriei A. 

Et omnino ficut oftenfum ell, quo J primus fc- 
riei C, tft perfpe&e maior, primo fenci A: itco 
dcmonftrabitur , quod fecundus fcriei C, eft pcr- 
j fpede maior fccundo feriei A. Quod &c. 
SimiIiteroftendetur,qu6d& tertiustertio, &quartus 
quarto,funtperfpc&& maiorcs: &.quod quifque prolo^ 
garithmus feriei C, perlpe#e maior eft, sequeordinato 
prologarithmoferici A % 
Quare &c. 



45- h. 

def.S.h. 
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Theor. 49. Prop. 49. 

SI fuerint feries prologarttbmorum, exbinis & feam- 
do, ex tcrnisatertio, exquaternis a qaarco, & fic 
deinccps:fecundusprotogarith;mls eius,quj ex pluribu^ 
perfpeSe minoreft, quam tecundus eius, qoac ex paucio* 
ribus vno; Sdtertius, perfpeSe minor ,qu£m tertius: & 
<juartus,quitnquartus:&iic deinceps vnufqjaifque per- 
fpetfe cft minor > qudm fuus aequco* dinatws prolog*- 
rithmus. 

Hypoth. 

Sint duaz feriesprologarithmorum : alcera A, ec tcrmi- 
nis ab i(£), &.extotenis,quotuseft b: altera C, cxter- 
minisab \(d\ &extotenis,quotuscft d. &efto b, vni- 
tateminor,quam 

Conftat,*qw6d 1 (A) totus eft ordine, qnotas k 6i 
totusordine,quotus d. prop.zj.b. 

Dico fecundum prologarithmum feriei C, perfpe&e 
minorcmefle,fecundoferiei A. 

Prtpar. 

m n 0 q s # 

^-20—/, / ...5, 

g h i K p r t x 

Sumaturprodiu3us quifit^ eique adijciantur tot 
b, quctus cft d y qui fint fg> gh, hi, iK> Kl: eidemque 
ef, tot d adijciantur,quotuseft b> qui fint./w, mn> wo>o/, 
& iterum ipfi <7,adijciantur tot £,quottfseft rf,quifmt lp> 
/r, rt> tx, xv. nccnon kcruro eidem el> adijciantur tot 
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d> quatus cft b> quj fint lq> qs> su> uy. 

Vetnonftr. 

| Quoniam produ&us b per d> eft sequalis pro- 
I du&o d per k fommanumerorum fg> gh> hi> iK> 
Kl> timmxfm> mn, m* of, cfta?qualis:&fum- 
ma lp> pr> rt> tx> xy^ fumrme fq, qs> $u> uy> 
aequafo^ Sunt aurem & fiogula? partes fl> fingu- 
Htly paTtibus«equa(cs5&omnes,omnibus:& fg> 
fm, fh ffh fi> fo> fK> ipfis tp, ty> lr> ls> It, 
iu> fx> fingulimimcrijfingulis^qiarfesrlceorura 
j difFerentiaecequaIes,&fimiIes:additifque vtrimq; 
j communibusiiumeris ef, *l> etiam compofito- 
ief.%.b. \ rumdifterentijefuntxquales&fimilcs: & ef eg> 
em> eb> en> ei> eo> tK> fimt firoilitcr arithmeti- 
cedifpofitj 3 atque e!> ep> ea, er> es, tt> eu> ex. 
Bft autem tf> non minor> quam (ecunda poteftas 

1' fg> &eft d> maior,quam tf, & lp sequalis ipfi f>: 
ergo W noit minor eft, qu&m fecunda potcftas 
/pricfcoquefimiliteretiam ep> non minor,quam 
fecunda potcftas prtSc er 9 non minar, quam fe- 
cundajKKeftas rt: & et> non minor,quam fecun- 
da poteftas tx. Itaque ficut demonftrarum eft,, 
qncd 

fg( e D~*£ m ( € g) : minorcft, quam fin>(ef). 
wh (eg)-+bn (eb): minorjqiiam mn(eh). 
I m (eh)-+io (et): minor, quam no{en)+ 
b* | oK(ei)-*Kl(eK): minor, quam ol (eo\ 

Sic 



47. h. 

2. h. 

f 2. b. 
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/ y 

g b i K p r t x 

Sic demonftrabitur, quod 

lf(el)^pq(ep) ininoreft,qua*n ty(d). 
f(ep)-±rs(er) minor, quam qs(e<j). 
st(er)-¥tu(et) minor, quam sn (es). 
ux (et)-*xy (ex) minor , quam uy (eu). 
Itcmficutdemonftratumefiyquod 
fg( e f)> & m ^ m H'g)> bn-+ni(eh), io^ok(ei) } 
Kl(ek). : 

componuncprimumprologarithmum fcrici C: & 
quod 

fm(ef), mn(em), no(en), ol(eo) } componunt 
primum feriei ^4. fic 

lp(el), pq-+f(ep), rs-+st(er), t»+ux(ei) y 
componunt fecudum prologarithmum ferieiC: U 
] k ( el )y 1 S ™ ( es )> u y componunt fe- 
cundum feriei A. Et omnino ficut primus feriei 
C, perfpe&eeftminorprimo feriei A: ita fecun- 
, dusprologarithmus,eft pcrfpe<2e minor fccun- 
|do. Quod&c. 
Similiter ottendetur, quod & tertius tcrtio, & quartus 
quarto,funtperfpe&eminorcs:&quod quifque prologa- 
rithmus feriei Cj pefpe&e minor eft,*queordinatopro- 
logarithmoferiei^, 

Quare&c. / . . ' 



47- 

def$Jb. 
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Theor. y o. Prop. 5 o. 

HYperlogarithmi rationum duplf , & fuperparticula- 
rium,quo funt,minores inter terminos, ed funt mi- 

uorcs. 

Pr<epAr. 

Efto A, feries harmonica naturalis: & ordincntur 3, C, 
D, feries prologarithmorum ; 3 quidem , ex binis a fecun^ 
do ; C, ex tcrnis a tertio ; D, ex quaternis a quarto 5 & fic 
deinceps , a quotoquolibet ,ex totenis • 

Demonfk. 

itfiib Nam in ferie arithmetica naturali, ratio fubdu- 
pla,eftinter minimos terminos , primum , &fe- 
7- cundumfdeinde inter maiores , ordmatim multi- 
jp- *• plos minimorum ; vidclicet intcr fecundum , & 
quartum; inter tertium,& fextum; incer quartum, 
M* o&auum. Ergo reciproc£,in ferie harmonica na- 
def. %oh turali > ratiodupla, eft inter maximos terminos, 
primum, & fccundum; deinde intcr minores ordi- 
natim fubmukiplos maximorum; videlicet inter 
iecundum , & quartum 5 inter tertium , & fcxtum; 
Mf*i h \ j ntcr quartum, & o&auum . Ergo rationis dupl?, 
I intermaximosterminosprimum, &fccundunu, 
hyperlogarithmus, eft primustcrminusferiei A, 
ncmpevnitas;deindeinter minorcs terminos fe- 
cundum, & quartum , hyperlogarithmus , cft pri- 
musprologarithmusferiei », cxduobusafecun- 
do, nempe cx fecundo, & rcrtio . & inter rertium, 

Kk &fc- 
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&fextum, minores adhuc tcrminos,hyperloga- 
rithmus, eft primus prologarichmus fcriei C, cx 
tribus a tertio, nempc cx tcrtio , quarto , & quin- 
to . Et deinceps intcr minores tcrminos quartum, 
& o&auum > hyperlogarithmus, eftprimus pro* 
logarithmus feriei D, cx quatuor a quarto, ncmpe 
47. h. | cx quarto, quin to fexto, & feptimo. Scd huiufmo- 
di primorum prologarithmorum^minor cft qui ex 
pluribus, quam qui cx paucioribus terminis. Ergo 
hyperlogarithmorum duplae rationis minor elt, 
qui minorcs intercft tcrminos, qudm quiinter 
maiores. Quod&c. 

Rurfum in fcric arithmetica naturaJi,rat/o fob- 
fefquialtera , eft intef minimos tcrminos, /ecun- 
dum,&tertiurn; deindc interma/orcs,ordinar/ni 
multiplosminimorumj videlicet inter quartura> & 
fextum; iriter fextum , & nonum 5 intcr o&auunu, 
& duodecimum . Ergo reciprbce in ferie harmo- 
nica naturali, ratio fciquialtcra cft inter raaximos 
terminos, fccundum, & tcrtium $ deinde ioter mi- 
norcs,fubmultiplos maximorum,quartum, & fex- 
tumj&intermmorcs jfextum^&nonumj & ad- 
itytik huc inter minores, o&auum, & duodccimum. Er- 
| go rationis (efquialtcrg inter fnaximos terminos, 
j fecundum, & rertiiun^hypcrlogarithmus, eftfe- 
! cuf dus feriei A. dcinde imermmores^quartum, 
| & fcxtum , hyperlogarithmus, cft iccundus pro- 

Ioga- 
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logaritbmus feriei ex duobus a quarto, nempe 
ex quarto,&quinto . &inter fextum, & nonunu 
adhuc minores , hyperlogarithmus , eft fecundus 
fcriei C, cx tribus a fexto , nempe ex fcxto , fepti- 
mo,& o<aauo,&hncrottauum,& duodecimum, 
adhucminores , hyperloganthmus , cft fecundus 
ferieiD,ex quatuor ab o&auo,nempe cx o&auo, 
49. b. nono, decirrio, & vndecimo . Scd in feriebus hu- 
iufmodi, fecundorum prologarithmorum, minor 
eft, qui ex pluribus,quam qui cxpaucioribus ter- 
minis. Ergo fcfquialterae rationis hyperloga- 
rithmorum minor cft,qui minores inter termi- 
nos, quam qui eft inrer maiores. Quod &c. 
Similiter prorfus demonftratione oftendetur, defcf- 
quitcrtia ratione, adhibitis terti/s prologarithmis earum- 
demferieruob ; & de felqui qudrta , adhibitis quarti> pro- 
logarithmis : & de omni fuperparticulari ratione. 
Quare &c. 

Theor. 5 1 . Propofi j r . 

OMnis ratio multtpbj vel cft dupla, vel ex dupla & fu- 
pcrparticularibus compoiita . 

Demonflr. 

- | - Nam tripla 3 ad 1 , ex fefquialtera, 3 ad 2, & 
dtf.5.6. ' dupla, i.ad 1, componitur;quadrupIa,4 ad 1, 
. cxfefquitertw,4 ad 3,fefquialccra, 3 dd z,&du- 
p!a,2adn:gittncupla, jad 1, cx fci^uiquarta, 5 

Kk 2 ad4, 
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ad 4,fefquitertia,4ad 3 , fcfquialtcra, 3 ad 2, & dupla, % 
ad 1. Et fic dc reliquis . 

Quarc&c. 



Theor.^z.Prop.^z. 

OMnis ratio nuraerofa , cx fupcrparticularibus cora- 
ponitur . 

Hypoth. 

Efto ratio numerofa a ad i. 
Dico 4 ad £ rationem cx fuperparticularibus dfc/ 
cotnpofitam. 

Pr<tpar. 

Aflumantur numeri S, 5 , eamdem inter fc rationenu 
liabentes a ad b. &intcr 8, & j. mcdi/ numeri. 7. 6. 

Demonftr. 

Ratio 8 ad 5 exrationibus 8 ad 7, ?*d 6, 
6 ad 5 , componitur . Sed 8 ad 7, racio numeh 
ad numerum vnitate minorem , eft fuperparticu- 
larisjitem 7 ad 5, 6 ad 5, funt rationes fuper- 
particulaFes : ergo ratio numerofa, 8 ad 5 , vd a 
| ad ex ratiombus fuperparticularibus compor 
j nitur. Quod&c. , \ - 

Quarc &c. 



Q 



7"fcw. is.Prop. 53, : ■ 

Votcunque terminorum , c ferie harmonicl natura- 
li,ordine quamitatis acceptorum, hypcrloga- 

rithmus 
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rithraus rationiscompofitse interextremos, cpmponitur 
cx bype rlogarithmus rationum componentium , inter ex- 
tremos, & mcdics. & hypolcgarithmus cx hypologa- 
rithmis. .Hypoth. 

In feric harmonica naturali, fint tres termini a> b, c: & 
" efto a, maior,quam h &h maior,quam c. 

Dico rationis a ad c, intcr ternrincs V, hyperloga- 
rithmum,ex,rationis a ad b> inter a, b } &rationis£ ad c, 
inter b> c, hyperlogarithmis componi. 

Et hypologarithmum , ex hypologarithmis. 

Prtfar. 

Sumantur intcr terminos h y omnes medij in ferio 
harraonica naturali; necnon inter b, c. &fiot inter a 7 c 
terminj. 

; a g h i b K l m n c 

Demonfir. 

Hyperlogarithmus rationis a ad b, inter terminos a, b> 
cft A-+g-+k-ti. Hypcrloganchmus rationis b ad c, inter 
terminos b, c, eft b-*KM-±m-+n . Hyperloganthmus ra- 
tionis a ad c, interterminos 4, c, eft a-+f>-*h-±i-+b-*K-\l 
-+m-+n. ex vtrarumque rationum a ad b\ & £ ad c, hy- 
perlogarithmis , inter eofiiem tenninos compolitus. 
Quod&c. 

Itcm rationis a ad inter 4, h 9 hypologarithmus eft, 
^^/^:&rationis h ad c, inter c, eft 
&rationis a ad c, eft m-r n-tc. ex 

vtrifquecoriipofitus. Quod&c. Quare&c. 
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Thior* 5 4. Prop, 5 44 

CViafque mimcrofe ratioois fypGdogarkbmi* qiK) 
funtjtninoresiater tcrmmos,eo fuot minorcs* 

Hjpoth* 

Eftomimcrofa raooihterferiei harmonicfc fermifios 
abvnitate,maiorcs 1(30), i(j£), 8edeiaie inter miao? 
res 1(4*), i( 4 i> 

Dico inter: i(4<*)> *(4^)> minorem cfle hyperloga* 
rithmum, quim intcr i(3*)> t(j^). 
• -» Pr<epar. 

Affuimntur mimaw numeri in cadcm ratiooe 
*x. 7. a, k Stfdeinccps maiorcs, ncmpe dupli, tripli, 
17. h. ^ quadrupli,donccinucniaturdtnommatorcspro- 
pofitorumterminorum, 3*, 3^, 44, 4^. Demde 
inter 4, i ordinehtfrr omnes med/; , in /erie ari- 
thnietica naturaWyquorum deinceps fupparticula- 
res funt rationes, <*, r, </, ^ &eorum *quemu\tv- 
15* *• pli 3*> 30 3^ 3^> cafdem fupparticularcs fea- 
bentes rationcs deinccps; nccnon & acquemuJti- 
pli eafdem habentes rationes 4V 40 4^> 4^ Su- 
J manturdeniquein ferie harmonica terroini, abhis 
denominati 1(3^), i(iO> J (3^)> '(S^) 5 & *(4*)> 

K^i^ 1 ^)- 

. Demmflr, \i m i 

14. > j Terminortim- ^(44), 1(4^), r(4<0, 1(4^) ra * 
tionesdeinceps,necno teominorum 1(3*), 1(3')* 
J 1(3^), 1(3^), reciproc£ funt c?dem , quar termi- 
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norum 44, 40 4*/, 4^ nccnon 3<*,jr,3*/, 3/*: 
ideft, c#Jem fiiperparticulares, Quarum /atioms 
mter 1(4*), i(4c),minoreft hyperlog^rithmus, 
quim inter 1(3 a), 1(31): & inter 1 (4* ), 1 (4^), mi- 
nor,quam ioter 1 ( 3 c), 1 ( 3 d):ic inter 1 ($d), 1 (4^), 
, minor,quam inter i.(3<Q» i(3^).Etexminoribus 
j hyperlogarithmis , minor elt hyperlogarithmus 
j compofitus,rationis compofitff «wtcrextremos 
! 1(4*), i(4i),quame*maioribuvntqrextrcmos 

I i(3^i(3^- Quod&c 
Quare&c. . 



Theor.H. Prop.^. 

HYperlogarirhmi rationum dupte, &fuperparticula- 
rium,quafunt,minores inter terminos, eo t funt 
niaiorcs. : 

Prtpar. 

Efto A ferics harmonica naturalis: & ordinentur 2, C, 
D, feriesprologarithmorumabvnitatcj 2 quidcm,exbi- 
nisj C, externis; D } ex quaternis ; & fic deinceps . 

Demonjl. 

def.\ib j Nam in ferie arithmetica naturaIi,ratio fubdu- 
pla eft interrninimostcrminos,primum, & fecun- 
dom;deinde inter maiorcs, ordinatim multiplos 
minimorum;videlicct interiecudum^quartum; 
inter rertium,& fextumjinter quaitua*>&o<aauu. 
Ergareciproce in ferie harmonica naturali , ratio 

dupla 



»1. 7. 
*4. b. 

def.iob 



Digitized by Google 



%u 7. 



2^4 ELEMENTVM 

I dupla cft intcr maximos tcrminos , primum , &fe- 
1 cundumj dcindc intcr minores ordinatim fubmul- 
I tiplos maximorum 5 videlicet, inter fecundum, & 
quartum; intcr tertium, & fextum; intcr quartutn, 
& oftauum . Ergo rationis dupte , inter maximos 
terminos primu, & fecundum, hypologarithmus, 
eftfecundusterminusferici A, nempe i(z). dc- 
indeintcrminores tcrminos fecundum , &quar- 
tum, hypologarithmus , cft fccundus prologari- 
thmusferiei 2, exduobus£tertio,nempeexter- 
tio, & quarto: & inter tertium,& fextum, minores 
adhuc tcrminos hypologarithmus , cft fecundus 
prologarithmus fe nei C, cx tr ibus £ quarro, nem- 
pe cx quarto, quinto , & fexto . & deinccps /orer 
minores terminos, quartum , & oAauum, hypo- 
logarithmus , cft fecundus prologarithmus leriei 
£>, ex quatuor a quinto , ncmpe ex quinto fexto, 
feptimo,&o&iuo. Sed huiufmodi fecundorum 
prologarithmorum , maior eft ,qui ex pluribus, 
quamquiexpaucioribusterminis. Ergo hypo- 
logarithmorum dupl? rationismaiorelt, quimi- 
noicsinter ettterminos,quam qui inter maiores. 

Quod&c. 

Rurfum in fcric arithmetica naturali,ratio fut> 
%6. h. | fefquialtcr3 , cft inter minimos tcrminos , fecua- 
dum, &teitium;deindeinter maiores > ordinatitu 

multiplos roinimorum 5 videlicer , inter quartum, 

Scfcx- 
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& lextum; inter fextum,&nonum; intcr o&auum, 
& duodecimum . Ergo reciprocfc in ferie harmo- 
nica naturali, rat io fefquial tera eftinter maximos 
terminos, fecundum, & tertium ; deinde inter mi- 
norcs, fubmultiplos maximorum, quartum, & 
fextum ; & inter minores fcxtum , & nonum 5 & 
adhuc intcr minores o&auum , &duodecimum-, # 
Ergorationis fefquialterc intcr maximosLteimi- 
nos, fecundum, & tertium , hypologarithmus,cft 
tertius fcriei A. deindeinterminores,quartum,& 
fextum , hypologarithmus , eft tertius prologa- 
rithmus feriei £, ex duobus a quinto , nempe er 
quinto, & fexto. & inter fextum,& nonum, adhuc 
minores terminos , hypologarithmus eft tertius 
fcriei C, extribusafeptimo, nempe ex feptimo, 
o&auo,& nono. & inter o&auum,& duodecimum 
adhuc minores, hypologarithmus , cft terutis fc- 
riei £>, ex quatuor a nono, nempe ex nono , dc- 
cimo, vndecimo, & duodecimo . Sed in fetiebus 
hoiufmodi, tertiorum prologarithmorum ,maior 
eft , qui ex pluribiis, qudm qui ex paucioribus ter- 

I 1 minis • Ergo fefquialtcra» rationis hypologa- 
rithmorum ,maioreft,qui minores intertermi- 
nos, quam qui cft inter maiores. Quod &c. 
Simili prorfus dcmonftratione oflendetur ; de fefqui- 



w 




• 


I 



fcricrum: & de fefquiquarta, adhibitis quintis prologa- 

Ll rithmis: 
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richmis: & de otnni fiiperparticulari rationc . 
Quare&c 



Theor.f6.Propofi$6. 

GViufque numerofe rationis hypologarithmi , qu& 
fu nt> minores inter tei minos> ed 1 unt maiores . 

Hypoth. 

Efto numerofa ratio inter feriei harmonica: naturalis 
tcrminos ab vnitate, maiores 1(34), i{$b) y & deindein- 
terminores 1(44), 1(4^ 

Dico intcr 1 (44), 1 (^b) y maiorem efle hypologari- 
thmum> quam inter 1 (3 a) y 1 (3 b). 

Prtpar. 

| Afliimanturminimi numcri in eocfem rationc 
a y b: & intcr minimos> medij onjncs c } d:quorum 
tcrminorum a y r,^>rationcsdeincepsiuntfup- 
particularcs; aflumantur & eorum multipli,do- 
ncc propoiltorum tcrminorum dcnommatores 
inucnianrur, ia> $c, ib y & 4^ 4r>4</> qb y ea£ 
dem fupparticularcs habctes rationcs deinccps; 
Surnantur denique in fcrie harniomca, tcrmini ab 
his denominati 1(34), i(3*)> *(i*0> *(^)> & 
*(4*)> J (4 f )> J (4*0> i(4^):quorum rationesde- 
inceps,reciproc£funt e£dem>& fuperparticularcs. 

Dtmonfir. 

| Intcr 1 (44), 1 (4c), maior eft hypologari- 
I thmus, quam inter 1(34), 1(3^): & mtei i(4c), 



27. b. 
15. 5. 



bm 
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i(4<0, mak>r,quainintcr & i nt€r 

1 (4^> 1 (4^), maior , qtum intcr i($d) y i(j£). 
53. k \ Et ex maioribus hypologarithtnis , maior cft hy- 
pologarithmus cornpofitus, rationis compoficar, 
intcr cxtremos 1(4*), 1 (4^)> quarn cx minoribus, 
inter cxtremos 1 ( ja), i (3 . Quod &c. 
Quare&c. 



T W. 5 7. iV<y . $ 7. 

Elufdcm rationisjintereofdemterminos, hyperloga- 
richmushypologarithmo cft maior. 

Hypoth. 

Sintin ferieharmonica naturali ab vnitate * termini <f, 
& efto 4 prior,quam 

Dico rationis a ad incer 4, £ tcrminos,hyperloga- 
rithpmm hypologarithmo maiorcm eflc . 

Pr<epar. 

Intcr a y b y fumantur medij omnes in fcric harmonica, 
quorum fumma c. Dtmonft. 
a: prior, qu?im £. v 
4: maior ,quim 
*-k: maior, quam c-*£. 
*/.*xA J hypcrlpgarichmus. 
Hefa jb, I : typologarichmus. 

Ergo rationis a ad £, intcr £ terminos , hy- 
perlogarichmus, eft maior hypologarichmo. 
j Quod&c. Quare&c. 



hypoth. 
*7- *• 
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Theor. $ 8. Prop. 58. 

ETufdem rationis intcr quofcunque tcrminos, hyper- 
logarithmushypologarithmoeft maior. 

Hypoth.comm. 
Infcrie harmonica naturali ab vnitate, fimto termini 
proportionales * ad b, vt c ad d. 

Dico intc r a, b hypologarithmum > hyjpologarithmo 
intcr c y d> maiorcm effe. 

Hypoth.p.caf. 
Efto a } maior , quam c 

Demonjb:, 

14. j., Quoniam a> maioreft,quam cj etiam ma- 
54. fc. iorcft,quam rf: &inter a> b> maior cft byperlo- 
58.6. garithmus , quam intcr r, </: fcdintcr c, ^ hy- 
perlogarithmus hypologarithmo eft ma/or/ ergo 
inter <*,£hyperlogarithmus, hypologatithmo m- 
ter r, </, eftmaior. Quod&c. 

Hypoth. 2. caf. 
Efto minor, quam r. 

Demenftr. 

14. 5. Quoniam 4, minoreft, quam q etiam t mv- 
58. b. noreft,quam d: &intcr a> b> hyperlogarithraus 
55- *• hypologarithmo eft maior.hypologarithmus au- 
tem inter a> b> hypologarithmo inter c> d> cft 
maior . Ergo inter a> b hyperlogarithmus , hy- 
pologarithmo intcr c> d> eft maior. Quod &c. 
Quarc &c. 
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Probl.l.Prop.w. 

D" Ata rationc , terminos inucnirc cuiufpiam determi- 
natae rationis numerofe, in fcrie harmonica natu- 
rali ab vnitate,quos intcrhypologarithmus ad vltimum, 
maior cft, quam in data ratione . 

Hyfotb. 

Sit data ratio a ad b: &fitdeterminata rationumero- 
fa c ad d. 

Op ortct inuenire in fcrie harmonica naturali ab vnka- 
te, terminosprcportionaIes,vt c ad d: quos intei hypo- 
logarithmus ad vltimum eorum, maior cft, quam vt a 
ad£. 

Confir. 

Rationis c ad d, minimi numeri inucniantur c, d: & 
efto c m/nor, qu£m d\ cuius defe&us e: &inucniatur/ 
multiplex ipfius e> & maior ad vritatem , quam vt a ad h 
&quotuplex eft/ad e> totus numerus accipiatur g: per 
quemmultiplicentur r, e/, termini,&fiant ^c,^/ produ- 
&\: quibusdenominatsefumantur vnitates in ferie harmo- 
nica naturali, i(gc)> i(gd). 

Dicointer ifec), i(gd) hypologarithmum ad i(gd)> 
maiorcm cffe, quam vt a ad b. 

Demonftr. 

p. h> J Quoniam r, minoreft, quim d: & gc> minor 
1 1. fc. j quam gd : ergo rcciproce 1 (gc) maior eft, quam 
| 1 ( gd)i & finguli medi/ harinomci inter 1 (gc), 1 - 
?• I (i<h> funt raaiorcs, quam 1 (gd): &fimulomnes 

ad 
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ad 1 (gct) raaiores funt , quam vt corutn mulcitu- 
do ad vnitatem. & componeodo hypologaji- 



quam yt icius maltitudoterminonit» ad voitatem. 
44* *• Termini autem fcrici harmonicj ab vnitace~in- 
clufiufc, vfqne ad i (gd) inclufiue, tot funt,quotus 
eft gd: &vfquead \(gc) inclufiue,quotuseft,£c: 
& ab 1 (gc) exclufiufc , vfque ad i (gd) inclufiue, 
3©. *. tot, quotus eft , gd -*-gc . Sed d — c , eft r. & gd 
*—gc y eft ge: £tg multiplicans facit / Ergo 
1 terminiab i(gc) exdufiue,yfqucad i(gd) ioclu- 
def.% %b fiue, tot funt , quotus eft f. Sed termini ab i (gc) 
exclufiu£, vfque ad i (gd) inclufiue , componunt 
hypologarithmum inter i(gc), i(gd): ergomul- 
titudo terminorum hypologarithmi intcr i(j>c)> 
nnfir. i(gd), eft / Scd / ad vnitatemmaior eft , qufcn 
vt 4 ad £.,Ergo hypologarithmus inter i(gc)> 
I i(^), ad i(gd), maipr cft, quam vt a ad b. 
| Quod &c. 
Quare&c. 



ProbLx.Prop.6o. " • 

DAta ratione, terminos inucnire cuiufpiam dctermi- 
nat# rationis numerofar, in /erie barmonic? natu- 
rali ab vnitate , quos inter hyperlogarichoattsad primuau 
maior eft,quim in data ratione . 
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Hyfoth. 

Sitdataratio a td k & iicdeccrminaca rationumero- 
fa c ad d: & efto c , minor, qulm d. 

Oportec inuenire, infcrie harmonica naturali ab vni- 
tate, terminos pjoportionales vt r ad d: quos inter hy- 
perlogarithmus2dprimumeorum,maioreft,qu&^ vt a 
adfc 

Conjlr. 

$9' h. Fiat vt d ad c, ita £ *d c: & inueniantur ter- 
mini in ferie harmonica naturali ab vnitate , pro- 
. portionales/ ad g 9 vtd ad c\ interquos hypolo- 
| garithmus, maior fit ad quam vt a ad e. 
Dicointer f g hypcrlogarithmum, ad f> maiorem e£ 
fe, quam vt a ad l. 

Dcmonjlr. 

conflr. | Inter f g hypoIogarithmus,ad maior eft, 
conftr. quim vt a ad e: g ad f> eft vt e ad L: ergo intcr 
4» $• i/> hypologarithmus, ad /> maioreft, quam vt 
57. 6. 4 ad 6. Sedinter /J g hyperlogarithmus hypo- 
8. 5. I logarithmo eft maiorjmaioremque habet ad / ra- 
13. 5. | tionem : crgo inter f, g hyperloganthmus, ad f 
I maioreft,quamvt a ad b. Quod&c. 
Quare &c. 



D 



ProbL 3. Prop. 61. 
Atisduabus numerofis, &non scqucaltis rationi- 
bus, vfnique maions, vdvtniquc minorisinx- 

quali- 
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qualitatis : iuuenire jn feriQ harmonica naturali , terminos 
duarum rationum , vt hypologarithtnus altioris , maior fit 
hyperlogarithmodeprdfioris. \ : . 

Hypoth. 

- Sint duae rationes numerofe , vtreque maioris , vd 
vtrseque minoris insequalitatis ,A altior, 2 depreffior. 

Oportet in ferie harmonica naturali , terminos inucni- 
re vtrarumquc , vt hypologarithmus A , fit maior hy- 
perlogarithmo 2. 

Conftr. 

3y#7# I Inuenlantur c , d , minimi numeri numerof* 
35. 7. I rationis A : quorum c , minor , quim d . Item 

| inucniantur e ,/\ minimi numerofe rationis 2: 
iefate I quorum e, minor, quam/. Fiat cx c> epro? 

I A 2 

. c <f ' f 

ce cf g de , 

<*/ </* $ 

duftus cc: & vt c ad </, ita c* ad de: & yt * ad 
/, ita c<? ad c/. Et quoniam altior cft A , quam 
| »5 ideft, c add, quam e ad/j idcft , ce ad 
j quara ce ad c/. & funt minoris inaequalitatis. 
crgo ce minoreft ad de } quam adc/. Ergo c/, 
minor eft, qudm Sumatur inter c/, <fe rae- 
diusquilibet numerus^. & multiplicentur om- 
nes ce p cf, g>de , comrauniter pcr/: &t fint 

pro- 



p. h. 



def.p.4. 
10. j 
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14. 5; 



24- 

0. K 
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A/.i8b | produai cef, cfz, fg, def necnon multiplicetur 
U pcrc&fifrproduSus^. Etquonia«/adc/i,eft 
11. y. ! vt e ad /• item tg ad /£,eft vt * ad/: ergo cefad cfz, 
eftvteg ad /£. Eft autem cf, minor , quam ^: er- 
<go</x, minoreft,quam^: ergo cef, minor eft, 
quam eg\ ergofunt quatuornumeri,hocordine> 
cef, eg, fg, defi priores minores poftcrioribus ; i 
lf ,k. i quibusdenominataevnitatcs.i(f^), i(ge),i(0 y 
i 1 (ifc/), funt in ferie harmonica naturatt ab vnita- 
te, hoc ordine, priores maiofes poftcrioribus . & 
eft i(cef) ad i(def), vt <fad c; & i(eg) ad 1- 

(fi)> vt/ad/. 
Dicohypologarithmumintertcrminos r(c</)> 1 (<&/*), 
maiqrecflehyperlogarithmointerterminos i(^), i(j§). 

Demonfk, 

<kf.x ji> 1 Nam hypologarithmus inter terminos 1 («/), 
l i(<ty), cx i(#), ex i(#), .& cx omnibus intcr- 
b 1 mcdijs,alijfque terminiscoroponitur: hyperloga- 
rithmus vcro inter i(eg), i(fg), ex i(eg), & cx 
intermedi/s terminis , vfque ad i($) exclufiue, 
, componitur. Ergo hyperlogarithmus inter 1- 
I («/)> maior eft hyperlogarithmo inrer 

I '&)> !($ • Q»od &c. Quare&c. 

Probl. 4. 6z. 
Ataqualibet ratione inaequ^Iitatis , inuenire in ferie 
' harraonica naturaliabvnitate,terminos deteimi- 

M m natam 



def.il}) 



D 
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natam habentcs rationem intcr quos hyperiogarithmuj 
ad hypologarithmum propior eft asqualitati, quaminda* 
raratione. 

f/ypoth. 

Sit data ratio inaequalitatis a ad k & fitdcterminata^ 

quaedara ratio C. 

Oportctinueniretcrminosm fcrie harmonica naturali 
abvnitate,habenteseamdem C rationeni $interquoshy- 
perlogarithmus ad hypologarithmum eft propior squa- 
litati, quam vt a ad k 1 : ' ' ' i ' 

Conftr. 

Co. l\ J Efto a maior qu&m &inucniantur inferio 
j harmonica naturali ab vnftate , terniini', prior d> 
, ! poftcrior e\ inter quos hyperlogaririinjtfsadprio- 
' j rem d> maior eft, quamvt a ad a — k 
Dico intcr d> e hyperlogarithmum ad hypologari- 
thmum,maioremeflej quamvt a ad \r> maibrem>qu^nu 
vt b ad a. 

• _ > Prapar. > 

Intcr d y e> aflumatur mediorum omnium harmonf- 
corum fumma f. . • • 

Demonftr. 

dcff.xi. J inter V, <? hypcrlogarithmus eft & V 
S * pologarithmus f+r. & eft ^/ad maior,quam 

3- 3- vt * ad &pcrconuerfionem rationis, i 

8.5- -+fzdf> minor,quamvt 4 

j -t^minorcftjquain Yt</-+/ad/ Ergo A*-fM 
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f+i, minoreft,quam vt 4 ad \>. Ergo inter i> t 
hyperlogarithmus ad hypologarithmum , minor 
eft , quam vt * ad b. Quod &c. 

Et eft hyperlogarithmus hypologarithmo 
maior: £ autepa ,minor,quam a. Ergo hyper- 
logarithmus ad hypologarithmum maior eft, 
jquamvtiad* Quod&c. 
Quare6to 1 



:, ' \. m Thcor.S?.Prop,6S 



s 



I Yuerit prima ad fecundam, mina^quam vt tertia ad 
quartamj fuerit autem prima, quam tert^a, maior: erit 
xunda> quimquarta, maior . 

u. I Namfieffetfecim^ 

ma ad fccundam, maior ,<ju:taf. vt tertia ad gj&ar- 
tam: contra hypotfaefim • Qudd fi fecunda eflct 
mmoryquam quarta;e(Te? prima ad fecundanx/, 
maior,quam vt ad quartam.prjimaautem ad quar- 
tam^maiorfettquam^titerti^ ad $fl *rtam: eflet er- 
j go prima ad fccnndam, maior , quam vt tcrtia ad 
- » u: JflaattimS,^^ fecun- 
' da,qiiatpqaarta?m«iOf y Qood^ ( QtatcScc. 



8. 5. 

ij.y. 



s 



Theors 6Q..PfO$.6$. ' ' i 

[ fueritprimaad fecundam,^fotyf|l^;T* 
quartam ; fuerit aitcai^f ri^fta ^B^epia minoi: 

M'm 2 cnt 
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crit S: iecuh Ja, qtiam quarca , minor . 

Demonfk. 

8 . j. Nam fi effct fecundia *qua!is qmrtx : effet pri- 
ma ad. fecundam minor , quam vt tertia ad quar- 
tam. contra hypothelim . Quodft fecunda cflet 
8. maior , quam quaita : effet prima ad fccundanb, 
8. j. I minor,quam vtad quartam : priftfa aute ad quar- 
13. 5. \ tam, minor eft, quim vt tcrtia ad quartam ; eflet 
crgaprima ad fecundam , minor , quam vt tertia* 
f . ad quartam. contra hypothefim. Eft crgo fe- 
\ cunda, quim quarta; minor » 
Quare&c. - • - ■ * 



E 



Theor.Sl. Prop.6f. 
Arumdem numerofarum fatibnum vna tanf&iu 
quanticas eft logarithmasv 

tiyyotrJ. 

Sunto dua? quantitate$in*quaks. a, k 8t efto a 9 loga- 
rithmus rationis C. ■ j 

Dico i nohcflc logarithmurft rationis C. 

Pr*epar. • 

Sumatufeiufdemrationis C, hypcriog;arithmus 
<f, & hypologarkhmu&*, propiorcs arqualicati* 
quatxrvt *ad b* 

Demonfiu 
^ : maiot quirn * . 



S7-* 
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«wjfc. f rfj minofjquim 
A/;i4* \ d: maior, quim a. 
63. b. \ ei maior,quatii k 



def.z^h 



jsrationisC. Quod&fc. 
Si a, minoreflr,quam L 
cottfr. ] e$ d: maior, quam a$ K 
dtf.x&\t$ minor, qpam a. 
64. h. \ di minor, quim k 
dtf.i4h | noncft logarithmusrationis C. Quod &c. 
Quare&c. 

_ ■ . » 



Theot. 62. Prop. 66. ' ■ ■ 

DErerminatarnumerofa rationis hypologarktani ad 
vteffimn* terminuni, & hyperlogarithmi ad pri- 
ttuuii , func 1 ationes quafi infinfta_v 

- ■'*> Thnionflr* \ - 

5^. fr. I Poflunt enim inueniri cuiufque determinat£ ra- 
tionis numerofar rcrmini in feric harmonica natu- 
: rali ab vnitate,quorum advirimum, hypologari- 
€0. b. | thmus maior eft , quam indata quacunque ratio- 
[ neritem, qaorum ad primum , hyperloganthmus 
maior eft, quira in data quacunque racione. Qua- 
dtff. 3. re hypologarichmi ad vltimum tcrminum, & hy- 
perlogarichmi adprimum, ratio quafi eftinfinica. 



^ Thm. 



Digitized by 



2jS E L E M E N T V M 

Thor.6i.Propof.6j. 

SI trium inaequalium quantitatunr, maxinaa, St minim% 
fucrint propiorcs sequalitatt, quam data wjo injqua- 
litatis;ctiam maxima,5*mcdia; media,& minima,eiunt 
propiores aequalitati , qu4m data cadem latio . . 

Hypoth. r ;, ;: * . , 

Sintinxqualesquantitates *>h>cy raasima quujetn 4 
minima c\ &fit data ratio insequalitafis d ad ci$bm$m*r 
ior terminus d % mioor c: Sciit * ad^ |>ropMMr ^ajife^ 
quam dad e. 

Dico 45 b 9 & h cs propiores aequalitati, quara d} c 

Dtmonftr. . .. ... 

j o} c: propior a?qualirati,,qH^t9 % 
4; c: miuor, quam ^ e. & <i 0: mmQr>qtixfp n d. 
8» *; fc, mindr, qvkm 4jic. & mmt^u^icpa. 
1 5 . <*$ rainor, qulm <?. 5« /5 *: mwr^qu^m 6 
rff/j.j. 45 fc propior a»qualirati,qu3m c. Quod&c. 
, 8. y.r h « minor,quam 45 & c$ maioi^quam cj 4. 
13. 5. h * miaor,q#jaai^r>^ c 9 \h: maior^quam e-> d. 
dtf.l& ^ ^propioi-^quaktati^wm 'Jjr* Qaod&c. 
. Quare&c ; , > . ?.■ , 

DAta quabbet ratione inascjuali tatfe* tttUcnire opttf* 
dam deteraunawe [ratrpats hypeifc|*rttlf mos , & 
hypologarithmos^adinuicem , & atLlogaothfliuxn pro-» 

piores sequalitati, quam in dataratione . 
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Hypotb. 

Sit data ratio in^qualitatis 4 ad b; cuius maior ter-, 
minus 4, rainor &titdet€*minata quaedam ratio C. * 

Oportet inuenire hyperlogarithtnos , & hypologari- 
thraos ad i nu icem, & ad logarit h m um rat i o nis C, propio- ■ 
res atqualitati , quam in ratione a ad h. 

In uenian tur itt ferie harmonica naturali ab vnk 
tat^ duo termini <r/, habentes eamdem ratio- 
nem C; intcr quos hyperlogarithimp f, ad hypo- 
logarkhmum g, fit propior sequalitati , quam in 
rationc a k Sumanturque minorestermini 
| quam d> e> eamdcm habentes rationem <£$ inter 
I quos efto hyperlogarithmus b$ 8fefto hypola* 
I garithmus i: & eiufdem rationis C, efto logari- 
^ n ' ,( | thmus ki toiriwi r >\ r w '■ s 
l! Dico ^ V, propiores efleaequaKtati , quam in 
ratione a ad 

:; • 1 . T>cmonflr; 

54**. [■/? maioreft,quam b. v 
h majo*, qu^m» : 
fcmaioryqu£m>. ^ j :: 
i: maior, quam^; 
/j# propior^qualitati, quam 
/> ^> ^> h£y propioresxqualicati^quam inratio- 
ne a acU. Quod &c. 
• Quare &c. 



$6. b. 

conflr. 
6y. h. 
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Theor. £4. Prep. 69* 

Elufdem rationis hyperlogarithmi, hypologarithmi, 
& logarithmus, quafi fuat a:quales< 1 a . , 

Dcmonftr. .. is. .O 
Mt>fc'- 1 Pofluntenim inucnirieiufdem*atfonis hyper- 
logarithmi hypologarithmi, & ad inuicem , & 
ad logarithmum propiores sequalitati , quam io> 
dataqualibet ratioae insquabcatis. Quace ciuf-, 
dem «ionishyperlogarith^ 
&:togarithmus>qu^ r; :n 1 



dtf.3.3. 

• • • 

-V. 



J ■ 



— Y " * 



' Theor.6%. PftopHfb 

2C Quealtarum numerofarufn r«ic 
jLXIj logarithmi • im 



T>€monjh\ 



r.. • < 



Earumdem enim numerofarum rauonum,vna 
tantum quantitas,eftlogarit&mus, Sed afqueaV- 
tx y funt eardem inter fe. nam fi non effent e?dem, 
cumvclvtraquefit maioris , vel vtraque minons 
in^qualitatisj vtrarumquemaioris , quf mmore/- 
fet, vel vtrarumque minons in*quaiitatfc> qux 
maior dTet, propior efTet x qoahtati : &c non eftent 
j inter fe *quealts; contra hypotheficn . Ergo 
1 ctiam aequealtarum rationum , vna tantum quati- 
| titas cft logarithmus . . . . 
Quare &c. 



Theo- 
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Theor. 66.Prop. 71. 

1k T Vmerofirym catidnum , altioris < 



X\ thmus^&deprdGoxii^ininor. : 



. , ■) Hypotk 



Sunto hutnerofit ratioqcs* <A altior, # depreflior: & 
:o ipfms -d, logirithmus 8c$ipfiu*2, fogarithmus 
Dico 4, maiorem effe, quam k , 

4i. h. J faueniatur r, hypotogarithmus rationis 4 & 
. t . | ^ hypcrlogarithmus rationis #5 vt fit r> maior, 

v Demonftr* 
4ef*4h | 4: maior, quim c. 

mnfir* a maior, qu£m 
def.i+h <k maior,quim k 

j a maior, qudm £. Quod&c Quare &c. 



► ► .• 



- 

Theor. 6y. Prof. 72. 



MVltipIicatarumnumcrofarum rationum hyperloga- 
rithmi funt quafi aequemultiplices: item hypologa- 
• ritfami, quafi aequemultiplices • 

Hypoth. . / 

Sunto rationes numerofae A> 2: & efto A> tr iplicata^ 
ipfius S. 

Dico hyperlogarithmos^, hyperlogarithmorum », 
quafi triplices effe. item hypologarithmos hypologari- 
thmorum . 



Nn De- 
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• i jEHmonfir. 



*3* 3« 



Ex 2, 2 rarionibus deinaeps» dupKcara t i|ia- 
nis hyperlogarirhmL»i«ft cx hyperlc^tari cHhais 
vtrarumque 2, 2 conapofitus. £rex 2,2,2ra- 
tionibus deinceps, triphcat* rarionis A> Jiypei lo- 
garitfatQtts^eftexhyperiogarithmistriusn 2,2,» 
| compoOtus . item hypologarithmus ex hypolo- 
6$. b. J garithmis. Scdrationum »,2,2? deinceps, hy- 
- I pcrlogarirfunii fimt quifi awjoaJcs r «ern bypolo 
15« 5* 1 garithnoii, quafi arquaks. Etgo componendo,ra- 
tionis ex duabus 2, 2, duplicat* hyperlogari- 
thmus,ad hypetlogarithmum vnius 2, quali eft 
duplex: & iter um componsendo, rarioms A> cx tri- 
bus 2, 2,2, tripIicatxhyperJogarjcftnjt/s^d hy* 
perlogarithmum vnius 2, qaafi eft trip/exV irem 
hypologarithmus ad hypologarithmum>cjuafi eft 
triplex. Quod&c. 
Quare &c. 

» 

Tbeor. 68. Pnop. 75. 

MVlripIicatarum numerofarum rationum, fimt sque- 
multiplices logarithmi . 

Sunto rationes A, 2, numerofse; &efto A, multipU- 
cara ipfius 2. 

# Dico logarithmum logarithmi totuplicem efle, 
cjuotuplicatacft ,4 ad2. 

£)<T- 
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Demonftr* 

69. h. I Hypertogaithmi,hyp0^ 

thmus fimtquafi *quales:item hyperlogari- 
thmi, hypologarithmi,& logarithmus »,funt qua- 
fi «quales . Scd byperlogarithmi A y ad hyperlo* 
garithmos 2j & hypologarithmi, a(i hypologa- 
rithmos* funt quaii totu^ices,quotup)icata.e(l: 
31.5. M ad S. Ergo hyperlogarithmi A y adlogari- 
k. thmum S, funt quaii totqplices . Sunt aUtemloga- 
rithmi A y & S, quantitates determinata: • Ergo 
logarithmus A y ad logarithmum totuplexctt, 
| quotuplicataeft A ad Quod &c. 
Quare &c 



33« * 



1 



The0r.69.Pr0p*74. 

RAtiones numeroff logarithmicam inter rarionem 
habentes, logarithmic£ funt proportionales , vt 
earumlogarithmi. 

{Jypoth* 

Sunta numerofs rationes i4, S, legarithmicam inui- 
cemrationem habentes: &eftoratibnis A 9 loganthmus 
43 &rationis 2?, logarithmus b. .? 

Dico ^ ad », cfle logarithmice, ficut 4 ad £. 

Rationis 4 & quantitatis fiimantur multiplicata^ 
ratio 3^,&ajquenTiUltiplexquantitas $a: itcm ratk>nis#, 
&quantitatis i, multiplicata 4», & tfquemultiplex .4*. 

Nn 2 0*- 
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Demonftr. 

hypoth. Rationis A } logarithmus cft a. 

1$. h. Rationis 3A, logarithmuseft 34. 

hypoth. Rationis 2, logarithmus cli b. 

7j. h. Rationis 4», logarithmus eft $k 

71 . h. Si 3A 9 eft altior, quam 4»; ctiam 34, cft maior, 

70. qu&m 4^: li depreflior; minor: fiaequealt«o> 

aequalis. . 
ir/8.4. | A ad », cftlogarirhmic^ficut <*ad k Q^od&c. 
; Quare&c 



Probl.6,Prop.j^ s • 

DAta ratione , numerofam depreflior inucnire * 
Hypoth. . . . 

Eltodata ratio a ad b: cuius maior tcrminus a, m/- 
nor 

Oportet numerofiun inuenire depreffiorem* ouaia 4 
ad£. 

Confir* 

Efto c, exceffes 4— b: & multipficetur r, donec fiat 
*naior,quam k & fit multiplicationis humcrus dx cuiad* 
dita vnitasfaciat t. 

Dico * ad depreflGorem efle,quam a ad 

Dcmonftr. 

Quoniam cd, maior eft quam £: crgo cd-+c, maior 
cft>quam idett> maior, quam ai & cd^c ad raa* 
ior eft,qu^m a ad c: crgo per conueriionem ration\s ci 
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*+c ad cd y minor cft, quslm a ad b. Sed cd-+c ad «/, eft 
vt d-K# ad & * eft crgo e ad d minoreft,quam 
4 ad & eft e maior, quam ergo e ad ell deprel- 
fior, quam a ad &. Quod &c. 
Qu3re &c. 



ProbLj. Prop.j6. 

DA tis duabus rationibus non sequealtis , logarithmi- 
cam rationemhabentibus: inucnirc numerofanu 
rationem,deprefliorem altiore datarum, &akioremde- 
prefliore . 

Hypoth. 

a p e h b 

> r * 

l i k 

Sunto rationes data» maioris insequalitatis, a ad b al- 
tior, & c ad d deprefllor . 

Oportet rationcm numerofam inuenire , dcprefliorem, 
quam a ad b, &altiorem > qu4m c ad d. 

Conflr* . .. 

Sumatur inter a, b> mcdia proportionalis ei & incer r, 
d> media / Et vt /ad c, ita fiat e ad & vt f ad </, ita 
c ad &eritexaquali ^ ad h, vt c ad d: eritque^, ma- 
ior, qucim h: & erunt g, e, h, trescontinue proportio- 
nales : eritque g maior,quam e; & e, maior,quam /?. 

Et quoniam ficut a ad b> duplicatacft rationurn a ad 
e> & e ad (ic ^ ad fc, duphcataeft racionum g ad & 

c ad 
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d ' g € h k ' l V 

c f d M" I 
/ i k 

18. 4. * ad h\ permutandocritficut aad b y a!rior,quatn 
^ ad fc; fic a ad & * ad aItior,qu£m £ ad*, 
&: e ad /7; funtque rationes maioris inarqualitatis: 
ergo a ad e, maior cft, quam ^ ad e: & 4 maior, 
cjuam g. item * ad b, maior eft, quara * ad b: & 
% fc, maior, quam k 
Duarum quantitatum h — b> veU, fumatur vnanoib 
maior, quam altera; quae fit h — k cuius sequaliter diuik 
fecundum quemlibetnumerum particula fit u & multipU- 
cetur /, donecfiatprimo maior,quam k & efto multi- 
plicationis numerus k. Deinde muiripJ/cerur i, donec fiat 
prim6maior,quam & fic mulciplicationis numerus /. 

Dico / ad depreffiorem efle,quam * ad b: altiorera, 
quam c ad d. 

Denwnfk. 

Maior cft W,quim /: fed nonmaionergo 
— maior eft, quam Ki—k & maior, quam £r. & 
cft # maior,quam Deinde 4 ad <?, eft vt e ad fe & * 
nd cft vt ad r: ergoex sequaliinperturbata, a ad# 
eft vt /? ad b. &pcrmutaiido a ad h, vtg ad & J 
ad £ vt a ad^: fed 4 maioreft,quam^: crgo 
maior cft,quam X— i: kd — maioreft^juim /: ci- 
go maiorcft,quam /. fcd // — g, non nvaior eft, 

qaam /. crgo a—g> maioreft,quam /r— ergo *tm- 

ior 
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iot eft, quam U. Ergo U ad vel / ad k. minor cft, 
quam 4 ad 4: & funt maioris insequalitatis : ergo / ad K 
dcpreflIoreft>qu£m 4 ad b. Quod&c. Rurfum// maior 
eft, qu&m^: & h maioreftquam Ki. Ergo U ad Aj> vel 
/ ad K y maiorcft>quam g ad h> velquam c ad d\ & funt 
roaioris inarqualitatis rationcs:ergo / ad K> altior eft>quam 
€ ad rf. Quod&c, 

Quare&c. - 

Pro£/. S.Prop.yj. 

DAta qualibet non numerofa ratione , dataque altera 
qualibet rationein$quaIitatis:duasnumerofas ra- 
tiones inuenire altiorem & depreffiorem, quim data non* 
numerofa,- logarithmice proportionales, vtnumerusad 
mimeium,- propiores «qualitaci logarithraic* , quam fit 

data attera ratio • 

r . * « > : Hypoth. 

Sit dataquaelibetrationonnumerofa ;euiusmaiortcr- 
ininus4, minor b: &fit data altera ratio iuaequahtatiss cu- 

iusmaiorterminis c, minor d. 

Oportet inuenireduas rationes numerofas , altiorenu, 

quarti a ad &depreffiorem, quam a ad logarithmi- 
ce proportionales, vt numerus ad numcrum : ied vt altior 
ad depreffiorem logarithmice fit minor, quanvt c ad cL 

Confir. 



7%. b. 



Inueniatur ratio numerofa* ad/J depreffior, 
quira cad^furaaturquenumerus^, pancerpar, 

ma- 
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1]. maior quam e: & quotus eft g, fubtotuplicatt^ 
rationis a ad £, ratio inueniatur /? ad #: & inuc- 
niatur numerofa ratio K ad /, depreffior > quanb 
ad / : & rat ionis £ ad /, fumantur duplicatau, 
triplicata, & deinceps reliquae multiplicata^donec 
fiat ratio Myprimb altior, quam* ad £: &fit 
multiplicationisnumeris w: qui vnitate multatus, 
relinquatur n: & quotuscft », totuplicata, ratio- 
nis K ad /, fiat ratio ...... 

Dico rationem 5tf depreffiorem efle , quam a ad k & 
M ad 5ST logarithmiceminoremefle,quamvc r ad 

Demonftr. 

Si enim ratio ?f » non eflet deprcffior, quam a ad 
eflet vel sequealta, vel altior . Sed non eft altior alioquirt, 
M> non eflet primo altior, quam a ad 6. nequceft pgue- 
alta , alioquin eflet eadem , atque a ad k &effet ctiam a 
ad £ ratio numerofa, contra hypothefim . Ergoratio 
eft depreflior, quam a ad b. 

J Demde quoniam K ad /, cft depreffior, quim 
j ad /: & h ad /, totuplxata quotus cft^, eft 4 
ip. 4. ad £: ergo K ad /, toruplicata quotus ett # eft 
dcpreffior,quam 4 ad b. fed £ ad /, totuplicata 
5. i.& quotuseft m> eft altior, quam a ad b. Ergo nu- 
rf tf>4- J merus w, maior eft, quam (ed eftmaior, 
j quam ergo multocft maior,quam r. 8ceft 
j m ad vnitatem, maior, qtiam e ad camdem vni- 
J tatcm:&perconuerfionemrationis, m ad »,tni- 

nor 
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«w/fr. | nor eft, qu&m * ad / Sed vt m ad a, ita logari- 
17. 4. j thmice eft ratio M ad rationem W. crgo ratio 
J M ad rationeni 5NT, minor eft logarithoiice,quam 
| vt<?ad/&mult6minor,quamvuad </.Quod&c. 
Quare &c. 



Theor.jQ.Prop.y8.- 

NOn numerofasrationisvnarantum quanritas eftlo^ 
garithmus. -\ 

FJypotb.p. 

- Efto ratio * ad £ non numerofa: fintque duse quanti- 
tatcs ina^quales , c maior,</ minor:quarumvnar,eft:olo- 
garithmus rarionis a ad b. 
Dico <j/, non c/Tclogarithmum rationisa ad k . .... 

Pr<tpar. 

77. & Inueniantur dua> rationes numcrofar, £ altior, 
quam * ad & F depreffior: vtfit £ ad /^lo- 
. garithmice ficut numerus ad numcrum, & minor, 
I quam vt c ad d. & affigncntur ipfarum £, F ra- 
j tionum,logarithmi • ' •" : 

1 Demonflr, 
prtpar. J E\ F: logarithmice minor, quam cj 

74- k 

17.4. 

defa+b 



£y F: *j f. 
e\ f: minor,quam rj </. 



t ( maior, quam c. ^ 
<r$. fc. J /• mai6r, quam d. 

defq& \ d } non cft logarithmus rationis a ad Qio-iSfcr. 

Oo tij~ 
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Hypotkz. 
Efto d> logarithmus rationis a ad-b. 
Dico c, noncffelogarithmumrationis^ ad fc 

DemonJIr. 
fup. | r,fi minor, qulm c; d. 

\fi e: maior,qu£m d\ c . 
dcfzih tfi minor, quim d. 
64. b. minor,quam c 

def $4h I c,noncftlogarithmusrationis a ad b. Quod&c* 
Quare &cc. 



Tbeor.ji.Prop. jp. 

NOn numerofarum rationum, al tioris maior eft loga- 
rithmus > & deprcflioris minor • 

Hyfotb. 

Sunto non numerofa? rationes* *A akior, 3 dcpret&or: 
&eftoipfius ^logarithmus 43 &ipfius»,logarithmus b. 
Dico a, maiorem efTe, quam b. 

Prtpar. 

76. b. j Intcr A, rationes, inucniatur numerofa ra- 
j tio C, deprcflior, qu&m 4, altior quam 2: cuius 
I logarithmus cfto r. 

Demonjbr. 
ef.s^k j a: maior cft, quam c. 
defoqk | c. maior, quam b. 

I a: maior , quam b. Quod &c. Quare &c 



1 > 
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Theor.ft. Prop. 80. 

MVlriplicfoarum raiionutn , funt acquemultiplices lo- 
garithmi. 

Eftoratio t^/ rationis » tnplicata : &cfto rationiM 
logarithmus a\ & rationis 2, logarithmusi. 
Dico a ad £ triplicem cffe.^ 

ffypethepi ' tontradiEloris in primo cafu. 

;<c ... d ■■ ' r - .; .t: 

E A F £7 8 # 



1 > . 



77- ^ 



Eftofifieripoteft * maior,quamtriplcx ad fc 

7 <*. h. 1 Intcr rationem ad b altiorcm,& rationem tri- 
plicem depreffiorcm,ratio ausnerofa fumatur c ?d 
d> depreffior, quam a ad k altior , quim trfplcx, 
&vt<i, fitmaior,quam maior,quam i 
Et inueniantur dua? numerofie rationes, E altior 
quim Ay&cF depreffior: vt fit E ad F logari- 
thmice ficut numerus ad nomeru, & minor , quam 
77. h. I vt a ad c. Item inueniantur du? numerofe ratip- 
1 nes, G altiorquam 2, & #dcpreffior; vtfit G 
ad //logarithmiceficut numerus ad numerum, Si 
. minorquam vt d ad £. Sint autem rationum E, 
F, G> H> logarithmi *if,£* h. 

Oo 2 0*- 
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. '-■< ■• d . '. 

A F G 2 ff 

* f i l > 



pr*/>*r. ^: altior,quam F. 

i4> 4* 4 2: logarithmice maior, qu&m JF^ 2?. 
£7: altior, quam 3 . 

14.4. F$ »: logarithmice maior , quim fj <7. 

17. 4. A\ V: logarithmice mator, quam F\ G. 
bypotb. A triplicata. 

17. 4. F> G: deprelfior , quim triplicata. 
74. h. F\ G: logarithmice g. 

17.4« fi& n>inor,quamtnplex. 
frtpar. &\ Fi Iogarithmicc minor, quam a> c. 
74. h. F: logarithmice eyf. . 

17. 4. *> fi minor, quam a> c. 
<fef.34& « nwior, quam 4, 
6$.b, fi maior, quam c. 
>*p*r. logarithmice minor, quam 

74. h. \& loganthmice C7; /X , 
; 17. 4 , 1 gi k minor, qu&m d\ k . 
- 3. j maior, quam ^ </. H , 
V^3** J k minor, quam b. V < • 

6$.b. U: minor,quam 

b. I fcg:. maior, quam cj d. 
prapar. j 0 maioiyquam tnplex. 
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13. j. 1/; ^: maior,quamtriplex.^ qus funt contradi- 
fup. j fi g: minor, quam triplex S ftoria . 

Ergo a ad non eft maior , quam triplcx . 

tfypoth. contrad. in fecundo cafu. 

£ ^ F G 2 # 

, * / g h h 

Efto fi fieripoteft a minOr,quira triplex ad L 

Pr<epau 

Inter rationem a ad b depreffiorem , & ratio- 
nem triplicem altiorem ratio numcrqfa, fumatur 
c ad d, depreffior,qu£m triplex; altior, quam a 
ad k &vt c fit maiorquim tfc&i raaior, quatn 
d. Et inueniantur duse numcrofe rationes, £ al- 
tiorquim c^, & \F depreffior; vtfrt £ ad Flo- 
garithmicejficut numerus ad numeraoi^& minor, 
quam vt c ad a. Itpminueniamurdu^ numero- 
faerationesj G altior, quara 2$ & //, dcprcffior; 
vtiit G ad logarithmice ficut numerus ^d nu- 
merum,&minor,quam vr b ad ^Sint-autem ra- 
tionum £, (? y H> logarithmi e, £ 
: T> Wefnonftr. ; 

£: altfor, quam A. :■ ' ,' 

logarithmice maior, quam 
fr^r. ! 3: altior,quam itt 

1 4 . 4 . I A; H: logarithmice maior, quam A> 2. 
• 17: 4.1 £5 H: logar id*mice maior, quam A$ 

A> 2: 



77. 



77. 



f>r<epar 
14.4 
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kypttb. 

17. 4. 
74. b. 

17.4. 
prtpar. 
74 h. 

1 7. 4. 

I 

2. J. 

def.^b 
6$. h. 

fr&par. 
74. 6. 

17.4. 

dcfoib 
6$. b. 

67. h. 
prapar. 
13. J. 
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- £ A F G \2 H 
e a f g y h ■ 

2: triplicata . 
E; ff : maior , qu£m triplicatau 
e\ h: logarithmicfc vt £; H. 
eih maior, quam triplex . 
E\ F: minor,quim c\ a* 
£; F: logarithmicfc \t eyf 
e;/:minor,quara;g.4. . ir.-.r 
fi e: maior , quara c. 
f. minor,qu£rii a, .» .» ^ ' m / .: 
j: minor,quam c. 

"(75 /X logarithmicemiaor,qt«m ^V^. , 
^ J?: logarithmicfe > vt (7; £f, t; > . ;i 

fc: minor,qusim £5 
^: maior,quim , : • > • 
/?: maior,quim d. 
<?; h: rainor, quam q 
T>^: nrinor, quam triplex . j t . 
*; fc: minor,quamu:4plcx.-> qux funt c^ntradi- 
*•; fc: maior, quam tripkxJ 1 ftoria. 
£rgo a ad 4 npnefiminor,quam i t^ipkx. ' 
Ergo * ad £ cfttriplex. Quod&c. 
Quarc &c. 



Theo- 
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Theor. 7$.Prop. 81. 

OMnifariam rationes, logarithmicam inter fe ratio- 
nem habentes^togarithmic&funt proportionales,vt 
carumlogarichmi. ffypoth. i i > 

Dico A ad #> e(Te logarithmice > ficur<rsfd ^ 
Sunto rationes A> S, Iogarithmicam ittuicem ratio- 
nem habentes: & efto rationis A } Iogarithmus <*> & ra- 
tionis 5?, logarithmus k 

Pr<epar. 

Rationis <<4,&quantitatis a> fumanturmultiplicata ra* 
tio $A> & sequemultiplex quantitas $a: itemrationis 2, 
& quaotttatis b, multiplicata 4#, & sequemultiplex 4&. 

Detmtiftt* * 
hypotk. J Rarionis A y logarithmus eft a. 
$o.h. rRationis 3 A> logarithiflu* eft 34. 
iryj? o;b. Rationis 2?, logarithmus eft L ■ 
80. fr. Rationis 4S, logarithmus eft 4^. 
drf.j^h Si 3^, eft altior, quam 485 etiam 3*, eftmaior, 
7p.&. J qu&m 4& fi deprcffior,- minor; fi fquealtau; 
j f qualis. 

^/.84. J A ad S,eftlogaiithmic&,ficut<iad£. Quod&c. 
Quare &c. 



Theor. 74. Prop. 81. 

rVVarumquarumlibct numerofarum rationum,hy- 
J perlogarithmus vnius ad hypologarithmum alte- 
nus, maior eit, quim vc logarithmus ad logarichm jm . 

Dc- 
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. T>cmonftr.. 
dtf.z4h | Eft enim hyperlogarithmus vmus, ciufdenpfo- 
• ^ J garithmo maibr:& eft hypologarithmus akekus, 
3. 5. minor eiufolem logarichmo . Ergo>hypcrlogark 
thmusarfldgarttlraium vnius > maior dt, quam vt 
p> $. hypoJogarkhmUsadlogarithmumalterius.Quare 
permutando > vnius hyperlogarithmus adhypo- 
logarithmumalterius^maioreft, quim vt logark 
thmus ad togarithmum . 



— ... 



Prohl$.Prop. 83. 

DVarum dacarum non aequealcarum numero/arunu 
rationum , dacis wrminjs alcioris : inuenire tenni- 
nos depreffioris , inref quos ad hyperlogarifiinwin, njaior 
firhyperlogarithmusalcioris» quara vc loganchmfos adlo~ 
gamhmum* v / t .. . 

: Hypoth. ...^ • 

Sint daca^duae non aequealca? numerofae rationes> A at- 
tior, Z> deprcfliorrfintquerationis .^daticermini c } <L 

Oporrcc racionis S cerminos inucnire, inter quos ad 
hypcilogaiithtoum, maior eft liyperfogartthmus inter c„ 
sl-y qtiam vtlogarithmus A ad logarithraum .% 

Conjlr. • — - i - •• ■• 

I Sumaturintcr c, d y hyperlogarithmus e: &in- 
t ter alios quoslibec eiufdem ratbnis A terminos 
54. b. \ minores,quam c y d } fumaturalius minor hyper- 

62..L ! bgarithmus.jf: &iaucniatwir.tcrm(ai • Annra- 

uoac 
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tione 2, rater quos hyperlogarithmus i $ ad hypologari- 
thmum £, propior fit a?qualitati, quam vt e adf. 

Dico * ad i maiorem efle , quam vt logarithmus ra- 
tionis A } ad logarithmum rationis S, 

4 , * : Prtpar. 

• Efto a, logarithmus rationis A: & b> 'logarithmus ra* 
tionisS. 

Demonflr. 
icfxjh fi maior eft, quam a. 
\9.$. t\ a: maior,qu&m c\f. 
conflr. t\ f: maior,quam ij ks 
defijb. b: maior, qu&m 
8. $. i} k maior, quaro #j b. 
i*. j. " : roaior,quam *j 
/>. | r j #: maior , quam *j b.' Quod &c 
Qiiare&c. ' / - ' 



Probl. io.Prop.8q. 

DVai um datarura non fquealrarum numerofarum rr> 
tionum,datis terminis dcprcffioris: inuenire tertni 
nos altioris, inter quos hyperlogarithmus , ad hyperloga 
rithmumdepreflioris,minoiTit, quara vt loganthmusa 
logarithmum . 

„ .. _ . ... Hypoth. - 

Sint data: du^ non £quealtae numcrofe rationes, A a 
tior , 2 depreflior: fintque ratioms 2 dati termini r, d. 
- Oportet rationis A terminosinuenire, interquoshy 
i ' Pp per- 
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pcrlogarithmus *ad bypcriogarithnnatn iater t]> 
eft , quim vtjogarithmus A ad logarithmum % 

Conjbr. 

rlogarithmi 



14. fe. 
62. /7. 



teraliosquoslibetminoresterminosjquam r, </, 
fumatur eiufdem rationis X alius minQr hyper- 
Iogarithmus f: rationis autem A } inueniantur ter- 
mini,£j&, interquoshyperlogarithmus /,ajhy- 
pologarithmum k» minorfit,quam vt e adfi 
Dico 1 ad e> minoremefle,quamvtlogarkhmus AaA 
logarithmum S. • . 

Prtpar.' r : * 

Efto 4, logarithraus rationis Ai&ib } logarithmus ra- 
tionis $. 

Dcmonflr. 
dcf<i+h 1 4: maioreft, quam £. 
S. 5. /j a: minor, quam /j AT. 
iflr. ij £: minor^quam *j / , 



<te/.i4fc £: minor, quam f. 

8. 5. e\fi minor,quam *j £. 
y?. 5. /j minor,quam *j b. 

p. %. i 'j ci minor,quam a } b. Quod &c. 
Qu3re &c. 



D 



Probl. ll. Prop. 85. 

Varum datarum non sequealtarum numerofarunu 
ratioaum > datis terminis alcioris : inucnirctentri- 

nos 
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nosdepreflloris, interquos ad hypologarithtmmi minor 
fit hypologarithmUsaltioris > quam vt logarithmus ad lo- 
garithmum. 

Hypoth. ... 

Sint datae dux non sequealta? rationes numerofe, A al- 
tior, S deprefliorrfintquerationis A datitermini c y d. 

Qportet rationis S terminosinuenire, inter quosad 
hypologarithmumminor fit hypologarithmus inter c } d> 
quam vt logarithmus A ad logarithmum 

Confir. 

Sumaturinter c } d, hypologarithmus *: &in- 
tcr alios terminos eiufdem rationis A> minores 
5<f. b. quam r, fumaturaliusmaiorhypologarithmus 
tfi. h. fiSc inuenianturinratione 2, tcrmini g } /?; intcr 
quos hypologarithmus # ad hyperlogarithmum 
^maipr lit, quam vt ? ad 
Dico * ad i } minoreme(Te,quamvtlogarithmus^ ad 
logarithmum 2. 

; Pr<epar. 

Efto a y logarithmus rationis A: &t b } Iogarithmus ra- 
tionis > f 

Demonflr. \ ; 
w»(?r. I ^y* minor,quam /j £. 

j. j /; mmor,quam/;X 
^/.24/; ' A': maior,quam 



^5 A: minor , quam ^ b. 
a: maior, quam / 

Pp 2 fik 



» 1 . 
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8.5- fi> k minor , quam a y b. 

e\ n minor,qudm ayb. Quod &c. 



13. 5« 



Quare &c. 



ProbLii. Prop.%6. 

DVarum datarum non a?quealtarum numerofarunL, 
rationum, datis terminis depreflioris ; inuenire ter- 
minosaltioris, inter quos hypologarithmus ad hypolo- 

ganthmumdepreffioris,maior fic,quim vt Jogarithmus 
adlogarithmuro. 1 

Hypoih. 

Sint dat#dua? non sequalt* numerofe rationes, A aV 
tior, 2 deprcflior:fintqucrarionis 2 dxitcrmini c, d. 

Oportct rationis ^4 terminos inucn/re, intcr quos hy- 
pologarjthmus ad hypologarichmum inter c 9 d> maior ell, 
quamvtlogarithmus A adlogarichmum 2. 

Conjlr. 

Sumatur intcr c, d> hyploogarithmus e : & in- 
ter aliosminoresxerminos, eiufdem rationis 2, 
fumatur alius c maior hypologarithmus /:&rario- 
nis^, inucnianturtermini^, quosinterhypo- 
logarithmus $ ad hyperlogarithmum K maior 
fit,quamvt e adf. 

Dico 1 ad e, maiorem cffe, quam vt logarithmus A ad 
Iogarithmum 

Pr<epar. 

Efto rationis A, logarichmus a; & ratzonis 2 logari- 
thmus *. > " *~ * 
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Dcmonftr. 

eonpr. ; • K: maior eft, quam q f. , 

P> 5. ij maior,quam £} 
def.z^h b: maior, quam^ 

s. y. /: maior , quam Kj b. , 
rfe/.x4b Ki maior, qudm *. 

8. 5. \K\b: maior, quam 43 
13. y. | '3 « maior, quim a; b. Quod &c. 
Quare&c. / 

Theor.71. Prop. 87. 

ARithmetice difpofitorum terminorum ratio >quam 
habent bini minores ad inuicem , altior eft ratione, 
quaui habent bini maiores . 

Hypotk 

I Sint arithmetice difpofitf quantitates a y b } c> d: 
4. h. I & Gc a minor, quam c. vnde quoniam permutan- 
dtfob. ! do a> c, </, funt arithmeticedifpofitas , etianu 
j b elt minor> quam d. 
Dico rationes termioorum a, b ad inuicem > altiores 
e(Tc rationjbus c, J ad inuicem . 

* 

Pr<epar< 

Quoniam a y b funtinaequalesj efto a minor> qu&m b: 
& fitdefc&us>. 

Demonftr. 
/*p. I minor , quam d. 
s. 5. [£3 c: minor>quim d\ e. 



... 
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hyp9th. 
iefp. 4. 

x. 3. 
hypoth. 
def.p.4. 



b\ a: maior , quim </; c. 
b: maior, quam a. & d: maior, qucim c. 
by a: altior, quam d\ c. Quod &c. 
45 £: minor, quam c\ d. 
a: minor , quam b. & c: minor,qttam d. 
a\b: altior,quam q Quod&c. 



Quare &c. 



TW. y6.Prop.$8. 

HArmonice difpofitum terminorum rario , quam hi- 
bent bini maiorcs ad inaicem , altior elt rar/ono, 
quam habent biniminores • 

Hypoth. 

| Sint harmonic& difpofit£ quantitates a , fe, c, rf; 
34* & fit 4 maior, quam c vnde quoniam permutando 
^/•13^ a> c, b,d, funtharmonicediipofit£,ctiam b, eft 
maior, quam d. 
Dicorationesterminorum a, b adinuicem.altioresef* 
fe rationibus c, ^ ad inuicem . 

Prspar. 

SumaturvnaquaeKbetquantitas e: & fiat 
<<; *: £ 
£; *: 



0; f : c\ £. 
c i e: e\ h. 



d\ c: r ? i. \ 
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Demonfir. 

21. <k. \f, g, g, i funtarithmetice ordinate. 

eonflr. 1 rj e: t\ h. e; a: fi e. 

/>. jp. hi a: fi h. 

j a minor,quam a. &f. minor, quam h. 
def iJb. J g: minor, quam *. 



87. h. 

Jup. 
jup. 



fig: altior , quam h\ i. & g$ f alcior,qu£m 13 h, 
f> £- h a. & $ f: a; b. 
hy i: dy c. & iy h: c\ d. > 
lr, a: altior, quam d; c. & a$ b: altior, quam-» 
c- % <L Queid 8cc. Quarc &c. 



Theor. jj.Prop. 89* 

SI fuennt quotcunque magnitudines,8talise ipfis #qua- 
ks numero ; fitquc maior proportio prima? priorum, 
ad primam pofteriorum, quam fecunde, ad fecundam^ & 
haec maior, quam tertia?,ad tertiam: & ficdeincepsrhabe- 
bunt omnesprioresfimuI,ad omnes pofteriores fimul,m#- 
iorem rationcm, quam omnes priores, reli&a prima, 
ad omnes pofteriores, reli&a quoquc prima: & multo ma- 
iorem,quara bmnes priorcs,reli#is duabus primis,ad om- 
ncs poftcriores, reli&s duabus primis: & ficdeinceps 
etiam maiorem,quam vltima, ad vltimani : fed minoicm, 
quamomncs priores, reli&a vltima,adomnes poifterio- 
res, relida etiam vltima: & mulco minorcm , quam omnes 
priores,reli&isduabus vltimis, ad omnespofteriores ,rc- 
li&ispariterduabus vltimis ; &fic deinceps etiam mino- 
rctDy quim prima, ad primam. Hy~ 
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. Hypotb. 

a e ' ' 

b f 

d h ^ 

a-> e: maior , quam b>- f. 
b> fi maior,quam c •> g . 
c> g: maior,quam d-> b. 

Dko a-+b-+c-*d> e-+f±g-*h: maiorcm efle, quam b-*i 

Et b-±c-±d-> f+g-±h: maiorem,qu£m c-+d} g-+b. 
Et c-*d> g-*hi maiorem,quam d % > h. 
Dicoetiam a-±b-*c-*d> e-±f±g-+k minorcm cfle,qdlm 
d-*b-±c> e-*f+g. 

Et a-+b-±c> e^f+g: minorem,quim a+b, e-*f. 
Et a-+b-> e-+fi minorem,quam a> e. 

T>emonftr. 

hypoth. \c> g: maior,quam d-> h. 

p. 3. c> d: maior , quam g; h. 

p. 3. c-+d-> d- maior , quam g-+h> h. 

p. 3. c-+d: g-ih: maior,qu&m d>- K Quod 

3* c-+d> c: minor,quam g-+h-> g. 
c> c-+d: maior,quam^^-+/7, 

p- 3- | c; g: maior,quam c-±d> g-+b* 
-Jyypoth. ,b> fi maior,quam c> g. 
J 3- ?• ! b> f: maior,quam c-±d\ g-+b. 

p.l. \b> c-td: mi\ot>c£&m f>g'+h 

b-±c 
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f. 3. 

P- 5- 
fup. 

bypotb. 
f- 

p. 3. 

J"P- 
p. 3. 

hypotb. 

13. j. 

p. 3. 

p.3. 

3. 3. 



fup. 



Q V I N T V M. 305 

1 b-*c-+d-> c-*d: maior, quim f-*&-+h} 
b-+c-*d\ fi-+&~+h: maior,quam c-+dig-*h. Quod &c. 
a-*b-+c-*d$ e-±fi-*g-*h: maior,qu;lra b-+c-nt; 

fi*g-*h. Qqod&c. 
«5 c; maior, quim £j /; 
j*$ maior,quam r, f. 
a-*>b} b: maior,qu£m en/j /I 
4: minor , quam e-*fi e. 
a-+b\ e-+fi. minor , qui tn 45 Quod&c. 

b: maior , quam f 
t+k e+fi maior, quam b\ f. 
bi fi maior , qu&m c$ g. 
J a-+b- 9 e-*fi maior, quam q g. 
l a-+bi c: maior, quam e-+fi g. 
| a-*b-+c$ c: maior, quam e-tfi+gi g. 
' a-tb-*c, a-+b: minor,quim e-+fi+gi e-*fi 
a-*b-*c} c-±f-+g: minor,quam a-+b\ c-+fi 
Qgod &c. 

a-±b->ec-+d\ e-± fi+ g-± h: minor, quam a-+b-+c$ 
I Quod&c. 



Quare &c. 



Theor. yS.Prop. 90. 

ESerie harmonica naturali ab vnitate^terminorum-» 
harmonice di/pofitorum, altioris rationis maior 
tcrminus, ad maiorem deprcflioris, maior eft, quam vt hy- 
perlogarithmus, ad hyperlogarithroum : & hyperlogari- 

Qq thmus, 
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def. i$h 



34- b. 
dcf.\$Jh 

88. b. 
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thmus, ad hy perlogarithmum,maior, qu&m vt hy pologt • 
rithmus, ad hypologarithmum : &hypologarithmus, ad 
hypologarithmum maior, quam vt minor tcrminus, ad 
minorem. '■ s 

tfypotk > ■ 

Sint e fericharmonicanaturaliabvnitatejter- 
minrharmonic&difpofiti a> b> c> d> quomtnal- 
tioriitratio a ad b> quam c ad d* Sitque *,ma- 
ior>quam b: ideoquc & c> maiof, quam rf. 

Quoniam 4 ad altior cft, quam c a^d: opor- 
tet maiorem efle,quim c> &£, qoata </. affo- 
quinpermutando, dilpofitortjm hamionic& *> c, 
b> d> eflet r maior,quam a> ideoque& ^maior, 
quam h & c ad </, altior ratio> gua/n * ad b, 
contxa hypoth» 

Deindequoniam a, b>c>d> funr inferiehar- 
monica naruraliab vnitate,harmonicedifpo&ti> 
funt denominatia numeris arithmaice difpofitis; 
quorum denominator a> rcciproceminoreftde- 
nominatore b> necnonreciproceminor denom/- 
natore c. & quot funt numeri omnes mcdijinter 
denominatorcs a> b> totkfem funt inter denomi* 
natores c> di totidemque in ferie harmonica funt 
inter a> b; rotidemqueetiaminter c> d. 

Sint ergo inter a> b termini e>fi & intcrc,^ 
dcf.nb ! totidemtcrmini g> hi critque a-+e-+f> hyperlo- 
dtf.isb j garithmusrationis a> ad b-> & e~+fi+b> hypoto- 



17. b* 

2.6. hr 

24. 

def.%.b. 
17. h~ 
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gavithmuseiufdemrationisjinter eofdem terminos a, b. 
eritquoque c-*^-*fc, hypcrJogarithmusrationisc ad^8i 
g~+h-td, siuidem hvpologarithmus inter eofdcm termi- 

nps c, d. , ' • 

Dico 4 ad c, maiorem efle, quim a-*e-+f ad c-*g-±k 
Ejt 4 c -+/ ad>c -+ g~+hy_ maiorem , quam fn/^A ad 

g-+h-+di 

-Et ad j>-* h-+d, maiorem,quam b od d. , 

Pemonfir. , 
hyfcth. ; Quoriiam 4, /, £, necnon c^, fc, func 
- harmonipe ordinati , inferie harmonica, naturali 
27. fr. ahvnitate. ergoeorum denominatores*funtari- 
thmetice ordinati,in ferie arithmetica naturali ab 
fup. vnitate:totidcmque funt a, e>f h\ quot c, g y h y 
<iefi8J>. d: ergo denominatores a, e> fi b > funt fimiliter 
arithmetic& difpofiti,atque denominatores c x g, 
\6* h. h, tk ergoetiam 4, e, f> b funt fronititer harmoni- 
def.idh cedifpofiti,atquc c 9 g, h, d: ergo a> ^c,^ func 
3 4# harmonice difpofiti ; ergo permutando a } c, c, g } 
funt harmonic& difpofiti. Similiter pftendetur, 
quod e } g 9 fi /?.funtharmpnicedifpofiti:nccnon 

fi hy by d. /• ? 

defiph Rurfum quoniam a } c, fib funt harmonice or- 
dinati,&eft a tpaior , quam b: ergo a maior,cft 
quam e; & c, maior, quam fi &/, quam itcm 
>p. c,maior eftquam^; g, quam ^ fe, quam d. Ec 
/7/^. quoniam 4, c, *, ^ funtlwrmonicedifpofici^&eft 
; - Q q 2 tra- 
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ief.xih j a> maior,quamc; ergo& e> maiorcft,qu£m# 
82. b. item f y qudm k, &£, qu&m d. & eft* ad * ratio 
. 4. altior, ideoque maior, quam * ad ^ ; & *ad al- 
tior,&maior,quam/ad h &/ 3d />, altior, & 
maior,quam £ ad 
Sj.b. Ergo 4 ad c maiorcft,quamvt a-+e-*f ad 
c-±g-w. Quod&c. Eteft a-*e-*f ad 
ior, qu£m *-f/ ad ^ & e -r/ ad ^-t £ maior, 
quam £ ad g-*h-+d: ergo a-+e-*f ad 
-n-fc, eft maior, qu&m * -+/4 ad g-+h-+d. Quod 
&c. Eteft ad g-th-td, maior,quW 
|adJ. Quod&c. 
Quare &c. 



s 



The0r.y9.Prop. 91. 
I quatuorquantitatum primaad fecundammaior fue- 
rit, quam terria ad quartam : produ&us extremaruro* 



maior eft produ&o mediarum, 

Hypoth. 
a$ h maior,quam rj d. 
Dico ad: maiorem e(Te, qu&m bc. 

Pr<€paf. 

Fiat produ&us bd. 

Demonfiu 

9. b. ad$ bd: a$ b. 

p. h. bc\ bd: cj d. 1 

hypoth. 0 a-> b: maior,quam c y d. . f . 

Cr ady 
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ad> hd: maior,quam bc y hd. 
ad: maior ^quitn bc. Quod &c 
Quare &c. 



Theor.80.Prop.92. 

SI quatuor quantitatum produ&us extremarum maior 
fuerit produSo mediarura : erit prima ad fecundam-, 
maior, quam v t tertia ad quartam • 

Hypdth. 

Sunt quatuor quantitaces a, b, c, d: &eft ad maior, 
quam hc. ^ > \ i 

Dico*f$ h\ itoioremeITe,quzUn <%d> 

Prtpar. 
Affumatur produ&us hd. 

Dcmonjln 
bypoth. \ad: maior,quam hc. 

8. 5. ad\ hd: maior,quam hc\ hd. 
p. b. ady hd: a\ h. 

9. b. bc; hd: c\ d. 

13.5. a$ h: maior,quam c$d. Qufcd&c. 
Quare&c. 



Theor.Bi. Prop. 93. 

SI fueritprimaad feeundam,maior,quam vt tertia ad 
quartam : fuerit autem & tertia ad quartam maior, 
qdtm vtquintaadfcxtam:item quintaad fextam maior 
fterit,qudm yt feptimaado^auam:eritcompofitapnma 

cum 
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cum tertia, ad compofitam fecundam cum quarta,ma;o£ 
quam vc compofita quinta cum feptiraa , ad coropofitaqi 
fcxtamcumo&aua. ^ 1 

43 k maior , quanj 

roajpri quam / 
e$ f: maior,quam g$ h. , i 

Dico .maiorera, qujujn e-\gy f+h 

Pr<epar. 

Fiant produ&i af ab, cf> ch, be> de r dg. 

Qetmnfir. 
t f af+ah: produ&us 4 per f-+fa. 
J cf+ch: prodii&us c per f*K 
19. b. \*f+*h-tcf*chi produ&us $-*c pe* f-±K 
• be^bg: produ&us b> per e+g. 



bypoth. 
bypoth. 

13. 5. 

bypotb. 

*3- Sf 



! ^h-^ produ&u3 A> per f-fg, 
\Jse^bg-+de~ j cdg) produ&us b-±d> per 
^ £: ntfior , quam. c\ d. . . . . 

maior 9 qua|H <?5 / . ; 
45 b: maior, quajn e> f, 
eyf. maipr,quapi & h, 
a\ k maior,quam g\ h. 
q d: maior,quam g h. . 



*f : 
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faf: maior,quam be. 
^ 1 maior, quam bg. 
~ ' \cf ^aior, quam de. 
4 Lch: maior , quam dg. 
| af+ah^-cf+ch: maior,quam be-+bg-+de-*dg. 
P 4 . k. | a-*c y b—d: maior,quim e-tg^f^k Quod&c. 
Quare &c. 



Theor. 82. 94. 

SI fucrint e ferie harmonicanaturaliabvnitate, qua- 
tuor termini bartnonice difpofiti ; &ali/quatuor eo- 
Tum fubmultipli ; inter fimplos terminos altioris rationis 
hyperlogarithmus, ad hyperlogarithmum deprefTioris, 
maiorem fiabebitrationem, quam interfiibmulriplos.hy- 
pok>garithmu5 ver&inter fimplos aItioris,ad inter fim- 
|>los deprelfioris, minorera habebit, quim inter fubmul- 
tiplos. ( } i . . 1 t : 

*0) 1(4) J (5) *0O 

1(6) 1(7) 1(8) 1(9) 1(10) 1(11)1(12) 

" ^7) ~w ~~ i^T ioo)~ 

1(14)1(15) 1(17) *( l8 ) ^Op) *(") 

Sint h ferie harmonica naturali ab vnitato, 
quatuor termini harmonice difpoliti i(j), 1(5), 
1(7), i(io):^juorum i($), maior,quam 1(6): 

ideo- 
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»(3) l(4) 1(5) l(<0 

1(0 1(7) 1(8) l(?) '0°) I(«0 ■!(»). 

<7) "1(8) 1(9) T(io) 

»(i4) i(i5) !(!<?) 1(17) i(i8)i(ip) i(io) 

<fe/.l3& 



3<$. fc. 
»5- 5- 



ideoq;& 1(7), maior,quam 1(10). &eftoaltior 
ratio 1(3) ad i(5), quam 1(7) ad 1(10: ideo- 
queetiam maior. fint autepi & iftorum seque- 
lubmultipli, 1(5), 1(12), 1(14), 1(20), pa- 
riter harmonice difpofiti, & #qu£ cum prxdi&is 
proportionales. Sumanturetiam inter 1(3), 1- 
(6) mcdij omnes harmonici 1(4), i(5):&/mer 
1(7), 1(10), medij omnes 1(8) 1 (p); guonim 
aequefubmultipli 1(8), j(io), i(i6) 9 1(18). 
Conftat quod ficut 1(3), 1(4), i(5)> i(<0> & 
fimiliter 1(7), 1(8), 1(9), 1(10) harroom& 
funtordinati,fic.i(<5), 1(8), 1(10), 1(12), 8t 
fimilitcr 1(14), i(is), 1(18), 1(20) funthar- 
monicfc ordinati , & a:que cqm praedi&ispropor- 
tionalcs . Deinde inter 1 (tf)> 1(12), & inter 
(14), 1(20) fumanturomnesreliquimedijhar- 
monici 1(7), 1(9), 1(1 1), & 1(15), 1(17), 
1(19). 

Dicoprimd i(3)-+i(4)-+i(5) ad 1(7)-* i(8)-n(5>) 
, maiorcm efle, quam 1 (6)-± 1 (7) -+ 1(8)-* 1(9)+ 1(10) 
-*H*0 sd i(i4)-n(ij)-+ i(iO-«-i(i7)-+i(i8)-+i- 
(19). D*~ 



4ef.\6h 
defi^b 

15.5. 
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Demonflr. 
/«/>• I 1(3)5 1(7): l(l4)- % 

83. b. | 1 (5); 1(14); maior, quim 1 (7); 1(15). 

89. h. j i(6)i 1(14): maior,quam i(5)-+i(7); «('4) 

15. 5- i(3>> »(7> maior,quam i(5)-n(7); 1(14) 

| -+1(15). 
Similiter demonftrabitur . 

f u P- 1 (4> 1 (8): maior , quatu 1 (8)-* 1 (9); i ( 1 5) 
-*i(i7). : Et 
I i(5)> i(p):.maior,quara i(io)-u(ii); 1(18) 
. j -+1(19). 
8p.*. j 1(6)^-1(7); 1(14)-!- 1(1 5): nuior,quam 1(8); 

I i(*0- 

/*• ■ i(8)j 1(1 tf> i.(4> 1(3). 
13.5. 1 (5) -+ 1 (7)> 1 ( 1 4) -* 1 ( 1 5 > maior,qudm 1 (4); 

Similiter demonftrabitur . 
/«**• 1(8)^1(9); i(i6)-<-i(r7).-maior,quami(5)} 

1(9). Et ■ • . ; • 

AP- 1 (5) - 1 (7>- 1 (8) - 1 (9); 1 (14) - 1 ( 1 5 ) ■+ 1- 
J (i6")-+i(.i7): maior,quam i(j); i^9> 
*i . l(3)-+\(4);. i(7)h-ji(8): maior,quami(5)-+i- 
(7)-* 1(8)-* 1(9);, jC^^-Md j)^ 1(15) 
-►1(17). 
Similiter demonftrabitur . 
Pj.fc.. 1(3)^ 1(4^ i( 5 )j 1(7)-* i(8)h-'(9): ; maior, 

.., Rr q u ^ 
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»0) i(4) • 1(5) i(<5) 

1(5) !( 7 ) 1(8). 1(9) I(IO) 1(11)1(12) 



' i(7) i(8) : 1(9) 1 i(i o) 

1(14) 1(15) i(itf) 1(17) !(*8) i(i5>) 1(20) 

. « > 

quam i (6)-* i (7)-* 1 (8)-+ 1 (5))-+ 1 ( 1 o) 1 ( 1 1 )$■- -i-(i 4) 

-n(r 5 )-+ 1 ( 1 ) + 1 ( 1 7)-+ 1 ( 1 8)-* 1 ( 1 9). Quod &c. 

Dicofecundoi^^^i^^)^!^); i(8)-+i(p)-h(io): 
maiorem efle , quam 1 (7) -+ 1 (8)-* 1 (9) -+ 1 ( 1 o) -+ 1 (1 1) 
4 1 ( 1 2 > 1 ( 1 5-)h- 1 ( 1 5)^ 1 ( 1 7)^ 1 ( 1 8 )-+ 1 ( 1 5?) -h 1 ( 2 0). 

Demonflr. 

r 1 (7) -* 1 (8)5 1(15 )-*■' 1 ( 1 5): maior,quam 1 (4); 
i(8). 

* l ^ J (4)> J (8); maior^quam i(p)-u(io)j r(/7; 

* P ' ] 7*1(1-8).-. • 

1 i(p)-+i(io)j 1(17)^1(18): maiorjquam i(5)> 

t 1(9). . r : - - 

* i(7>i(8)-f i(p)H.i(io); i(M>+i(i6)H.i(r7) 

-+1(18): maior,qua 1(4)-* 1(5)5 i(8)-+i(P> 

1 (4) 1 C5 )> 1(8) h i (9): maior,quam i(ti) 

H-l(l2)5 f(l*P)-»:l(2 0). J 

!(n)4i(ia); 1(1 9 ) 4 1 (a c) : maior, quam^ 

; i(«5)$ i(:io). : ; m ' , - 

1(7)^ i (8)-+i(p)h-i(io)-+i(ii)h l(l2> i- 
( 1 5 )-+ 1 ( 1 6)-+ 1 ( 1 7) + 1 ( 1 8)-+ 1 ( 1 p)-+ 1 (2 0): 

• f maior><|ua i(4)-+»(5)^ I ( 6 )i I ( 8 )- VI W"*- I ( ie )' 

1 ! Quod 
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Quod c conucrfo cft demonftrandum . 
Quare &c. 

Tkeor.%$. Prof. 5*5. 

SI fuerint eiufdcm rationis duo hyperlogarithmi , alter 
cx pauciorfous, alterex *erminis vno pluribas ; & fub- 
mukiplicati fuerint vtrorumque termini , pcr alterius mut 
titudiqem tcimiaorum : fubmultipli eius, qui cx paucio- 
ribus, & fubmultipli cius, qui ex pluribijs, primi funt ?qua- 
x Iesj & reliqui dcinceps.funt minor?s, hoc ordinej fecundus 
,eius, qui cx pluribus; & fecundus eius ,• qui ex paucioribusj 
& tertiuseius, qui ex pluribus;& tcrtius eius , qui ex pau- 
cioribusj&fic deinceps . Quod fi fuerint hypologarithmi: 
fubmukipli eiusjquiex paucionbus, & fubmujtipli cius> 
qui ex pluribus, virimifuntsequales} & reliqui deinceps 
funtmaiores,ho,c ordinej penultimus eius , qui ex plu- 
ribus, &pcnultimus eius,qui ex paucipribusj& tritultimus 
eius,qui ex pluribusj & tritultimus eius,qui ex paucioribusj 
&ficdeinceps. 

... Hypotk . • . 

1(4) l(£) 1( C) 

i(d) . i(f) ^g) 

tOb i(3c) 
1(2^ 1(1*) iC2^ !(*/) 

Sint earumdem rationum i(**\ ad i(c), & i(d)ad »(^) 
duo hyperlogatithraij vnus ex duobus terminis 1(4), l Cfc)i 

Rr "2 aUer 
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i(d) »$) > , i(<) i • • 

»Gf) i(e) i(f) i(g) 

»($*) »(3*) »(30 

Kid) i(ie) i(if) i(a^) 

alrercx tfibud i(d) y i(e) y i(f)i item duo hypologari- 
thmi, ex duobas i(b) y i(c) y &extribu$*(e?), i(/)>i{/) 
& fubtripli accipiantur 1(3*)* i(iO> «ccnon 
fubdupli i(2*/)> l(*0> J ( 2 /)> K 2 ?)* 

Dico i(3*)> 1(2^/) eiTe^quafesrftecnoh i^r), 
efle arquales : & hoc ordine, priores maiores efle , & po/fc- 
rioresminorcs 1(34), 1(2^ 1(3^, 1(2/), 1(3*-). 

Demonfir. 

1x4. k. ' 
?• 

31. fc. 

10. h. 
6. h. 
6. h. 



lo. 



1/4$ ifr): i(^)i '!(£?. cj *:.f, J 
ci g: a$ dc c^ayg -— dy 
c-*-ai 2. ; g~-di 3. 

r > \? : a > d: 2} 3. '• : 
3^ 2^. 34: 2*£ 

i(3c): 1(2^). i(3*) : i(^rf). Qua?&c. 

H ~ 2 /* 2 /*— 2 * ; 2 *~ 2 ^ : 2 - 
3c — 3^: 3^—34: 3. 

3<*> 2f, 3^ 2/J 3C iunt^hocordinc^minores,^ 
deinceps maiores. 

i(3*)> *( 2 0> K3^)> i( 2 /)> ^ijc/funt, hocor- 
dine,maiores,& dcinceps minores . Quod &fc 
Quare &c. 



'• " * .• 



> • 



1 



■• 



Thco- 
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Theor. 84. Prop. 96. 

Sl fuerint e ferieharmonica naturali ab vnitate, qua- 
tuorterminiharmonicfc difpofiti; & alij quatuor eo- 
rum fubdupli j alijque fubtripli; & fubquadrupili , & fic dc- 
inceps in infinitum : inter fimplos terminos altioris , ratio- 
ni$ hyperlogarithmus ad hyperlogarithmum depreflioris 
maiorem habet rationem , quam intcr fubduplos ; & inter 
fubduplos, maiorem , quam inter (ubtriplos ; & fic dein- 
ceps . hypologarithmus vero inter fimplos altioris, ad in- 
ter fimplos depreflioris, minorem habetrationem , quairu 
inter iubduplos ; & inter fubduplos, minoremj quim inter 
fubtriplos j & fic deinceps . 

Hypoth. 

«(*) . '(4) i(5) i('*) 

-1(7) i(9) 1(10) 1(11) 1(12) 

.i(»;i(io) i(ii) i(«)4(*j> 1(1^.1(15)1(16) i(i7).i(i8) 

1(7) 1(8; iCs>) i(«*) 

1(14) 1(15) 1(16) 1(17) 1(18) 1(19) i(*o; 
161)1(12) 1(13) 1(^4)1(15) i(i«)i(»7) i(»8) »(*9)«(jo) 

r ■ 

Sint h ferie harmonica naturali ab vnitate, quatuor ter- 
mniharmonicfcdifpofiti 1(3), i(<5), 1(7), 1(10)5 quo- 
rum 1(3) maior, quam i(tf); ideoquc,& i(7) maior, 
quam 1(10). Eteftdaltionatio i(j) ad i(5), quanu 
1 (7) ad 1 ( j o). Sint autem lftorum fubdupli 1 (5), 1(11), 
*(H)> i(io): &fubtripli 1(9), 1(18), 1(21), 1(30% 
intcr quos accipiantur medi } harmonici ? & ex his Hyper- 

loga- 
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1(3) 1(4) . *(5) »( I,S ) 

»(<9 i(7) «(8) l (9) »(io) i(n) i(ii) 
,1(^1(10) i(n) 1(12)1(13) 1(14) 1(1 i)i(t 6) 1(17)1(18) 

1(7) 1(8; >(<?) l('*) 

1(14) 1(15) »(i©) '1(17) «(»*) l ( l 9) 1(20) 
■||(*Oi(aa)i(*3)»(*4)*(*5) i(»«)«(»7) '(»8) i(**) i.(jo) 

' ... 

logarithmi, & Hypologarithmi. 
9* h. | Conftat primd, qudd intcr fimplos , raaior eft 
' hyperlogarithmus altioris,ad hypcrlogarithmum 
depreffioris, quim inter fubduplos :& hypologa- 
m rithmusminor . ' 
Dicb 1 (6)^1 (7)-+ 1 (8) + 1 (9)+ 1 ( 1 o)-f 1(1 i);i(i 4) 
-*i(i5)-n(i5)-+i(i7)-H-i(i8)-fi(ip): maiorem efl^ 
quam 1 (?)-*• 1(1 o)-*- i(ii)-u(i i(i3)-*i(i4)-+i- 
( 1 5 )-f 1 ( 1 6)h- 1 ( 1 7)5 1 (a 1 )-* 1 (2 2)-v 1 (2 $)-+ 1 (24)-+ l - 
(2 5 )-f 1 (2 6)-+ 1 (* 7)-+ 1 (2 8) -+ 1 (2 p). 

Prtpar. 

Sumanturipforum 1(6), 1(7), 1(4), 1(5) fubtripli ; & 
i(p), i (1 o), ifi *)> 1(2 1;, 1 (22), 1 (25) fubduplj. 

Demonfir. 

91* h. f 1(18), 1(20), ifai), funt maiores, 8t de- 
inceps minores . 

s>y.k iC4 2 )* *(44)> i(45)> itytf) funtmaiorcs,&dc- 
inceps minorcs . 

40. h. I *08), i(2o\ 1(21), 1(2 2),& 1^42), ^44^,1(45), 

1 (4 6) funt fimiliter harmonice difpofiri* 
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fi(i8); i(42):maior,quam i(zo)} 1^44). 
83. h. ^i(zo); 2(4+): maior,qu£m 1(2 1)5 1(45). 
1.1(21)51(45): maior,quam 1(22); 1(4$). 
fid8;, if22), 1^42/, 1(45/ fimiliter proportio- 
( nales,atquei(5),i(7), 1(14), 1^5). 
3tf.fr. \ 1(18), ,(20), 1(22), 1(42;, 1(44), 1(45) fimi- 
literproportionaIes,atque*(p), 1(10), i(n)> 

l(2l)> l(ZZ)y 1^23). 

8p. b. i(6^i(i4):maior,qua i(9)-m(io)5i(2i;-+i(22). 
8p. h. 1(9)-+ 1(10)5 i(Z\)-+i(%%)i maiorquam 1(7), 

«05). 

!i* 5- 1/7)5 1(15): maior,quam i(i'5 1(25). 
f 1(1 1)5 1(23): maior,quam 1(8)5 i05). 
I '(8)5 1(15;: maior, quam i('2)-+i(i3)> 1J24) 

1(12)^1(13)5 1(24)^1(25): maior,quam 1(9/5 

.Et fic dcinceps quoad fuerint termini . 
f>hh. 1 (^)-fi(7)H.i(8)-+i(p;-n(io-fi(n)5 i(i4)-+r- 

(1 i(i5)-+i(i7;-+i(i8)-*.i(i9>>: maior,qua 
i(p)-+ 1(10^10 1(12) -+ 1(13)-+ 1(14)^1- 

(15)^1(15)^1(17;; i( 2 i)-|.l(2 2)-*i(23)-*l- 

( 2 4)-+ 1 (z 5 J-n (2 6M 1 (2 7)^ 1 f 2 8;-+ 1 (2 9). 

Quod &c 

Dicoctiam «(7/-+»(8j-t-i(9>Wio)-W< i)-m(i2^ 1- 
Yi 5; -t- 1 ( 1 d)-+ 1 ( 1 7;-+ 1 ( 1 8)-f 1 ( l 9)-»- » (2 o> minorem efle, 
quira 1(10; i(u) 1(12) -+ 1O3) -+ 1(14; -+ (1 j) 

" ♦ -*i(i6) 
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1(3) 1(4) l<5> i(0 

»(<*) 1(7) 1(8) »(?) 'C 1 ©) '(<") »00 
1(9)1(10,/ irn) i(«)i(i3> 1(17) ^ 1 *) 

* I * 

1(7) 1(8) i(9) 1(10; 

i(H) *(i5) 1(1*) 1(17) *( l8 ) ^i*) ^» 0 ) 
x(2i) 1(22) 1(23) 1(24) 1(25) 1(16) 1(27) 1(28; 1(29) if» 



.+ i(itf)-n(i7)-i-(i(i8)i 1(22)-+ 1(2 3;-*i(24; -+1(15) 

-4. 1 (2^)-<- 1 (27)-* I (2 8)-H (2p) 1 (3 o) . 

Demonflr. 

1(10)5 1(22): maior,quam 1(7); i(ij). 
1(7;; 1(1 5>. maior,quam 1(1 1)+ 1(12); 1^3) 
-fi(i4;. 

, i «rix)-n(i2)j 1(23)-+ 1(24;: maior,quaai i^ftj 

1(8;; i(itf); maior,quam i^* 3;; 1(25)- 
Et fic dcinceps, quoad fucrinttermini. 
93. b. l (io)-* 1(11) -+1(1 2;-* i(i3J-+ifi4)-i-i^5)-*i- 
(x5;-fi(i7;-v i(x 8;; x( 2 2)-* 1(23)-+ 1(24) 

H-l^2 5)-fcl(25)-+ 1(27^-+ I<2-8) l(2p)-i-i- 

C30): maior, quam i^7;^i(8)h-i(p)-hOo) 
-h(h)h. 1(1:2); i(i5)^.iri5)-+ Kx7)-+i(i8) 
-+ x(i $)-* x (20). Quod e conuerfo &c. 
Qyare&c. : 



Tbec 
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Tbeor.85. Prop. 9j. 

Elufdem rationis numerofe inter maiores terminos, 
maior cft hyperlogarithmusad hypologarithmum, 
qudminterminores. 

Demonjlr. 

1 Nam funt maiores , & deinceps minores , hoc 
54. h. 1 ordine , hyperlogarithmus inter maiores termi- 
j 7. b. nos, hyperlogarithmus inter minores, hypologa- 
^6. b. rithmus inter minorcs , & hypologarithmus inter 
8. y. maiores . Quare inter maiores , hy perlogai> 
thmus ad hypologarithmum , roaior eft ,quanu 
j intcr minores . 

— ■■ 1 ... ■ — ■■ . 1 ii. ip« — — ^ 
Tbcor. 86.Prop. 98. 

ESerie harmonica naturali ab vnitate, terminorunu 
harmonice difpofitorum , altioris rationis logari- 
thmus ad logarithmum depreffioris , minoreft,quamvt 
hyperlogarithmus ad hyperlogarithmum$&maior,quam 
vc hypologarithmus ad hypologarithmum • 

Hypotb. commun. 
A 2 C D 

.91 .j O 
G H 1 K 

K s p . <L 

£ F 
Sint e ferie harmonica naturali ab vnitate, quatuor ter- 
mini A, 2, C, D, harmonice difpofiti ; quorum ratio A 

Ss ■ ad 
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A 2 C D 

• • W ' ••• 0 ' 

G H / K 

2^ S P $L 

E F 

• • • ■ 

ad », altior, quam C ad D. Etfif rationis A ad », loga- 
rithmus £: &rationis C ad D> logarithmus F. Sintau- 
tem mter A> $> C> D, vel infer aequeproportionales nu- 
merofos tcrminos hyperlogarithmi , &hypologaritIim;: 
rationis quidcm A ad », hyperlogarithmus G> & ty- 
pologarithmus#:&rationis C ad D, hyperlogarithmus 
J> & hypologarithmus 

Dico E ad Fminoremefle,quam Cad I> maiorcm, 
quim # ad K. ' r * 

Efto, fi poteflj ^ ad f, maior , qt&m G ad 
/7: & fumatur L ad ratio , quae cum ratione 
G ad H> componit rationem, E ad F. Etquo- 
niam minor, qudrn E> eft ad F> vt G ad H: L 
ad Af, eft vt E ad minorem, quam E: quare L, 
rf». h. f maioreft,qtfam Af. Inueniatur rationis C ad D 
hyperlogarithmus Stf, quifit minor adhypolo- 
garithmum 0> quam vt L ad Af. Quod (i tci- 
mini,intcrquosccnfentur O, noniuntmi- 
. nores,quaminter quos H> K> fumantur alij mi- 
noresaequeproportionafcs ad C, D ; necnon alij 
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ajqu^proportionales ad A* B: intsr quos rat i onis quidem 
C ad Dfmthyperlogarithmus T, Sa hypologarith nus 
Q &rationis A ad 3 hyperiogarithmus 2^ & hypolo- 
garithmus S. 

Demonfbr. 

9 6. b. 1 2fc P: minoreft, quam G\H. 
97- b. i Py % minor, quam 2ST; 0: & minor,quim £; /W. 
4- ?• 1 minor,quam C/j Hy*L\ M. 
pppof. \EiFiG\H > -±L\M. 
I3 . j. | 2^; £Vminor,quam E\ F. cmtraSz. k 
Ergo E ad F, noneft maior,quam G ad A 

Pr*par. 

Efto £ ad F, cadem, qux (7 ad fipotcft:&inter 
minores terminos,qu£m quos inter funt hypcrlogarithmi 
G, H, fumanwr alij P* ; • ' . 

Dewonfr. 

s6. b. J Gi H: maior , quam P. 

fupfof. % E\F\G\H. 

E\ F: tnaior,quam P. contr* demonfr-ata 

fapcrius. 

Ergo E ad F, noneft,vt GzdH. 
Ergo £ adF,eftminor,quam vt G adH. Quod&c. 

Prtpar. 

Efto dcinde E ad F, minor, quam / ad K: & fuma- 
tur L zd M ratio,qusecum E ad F, rationem / ad£ 
componit. Etquoniaormaior,quam E> ad F y eft vt / 
ad K: L ad M } cft vt maior, quim £ } ad £: & L> ma- 

Ss 2 ior 



1$. y, 
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A 2 C D 

ff O 

G H • '■' I ■ '■ K 

K S P ^ 

£ F 

" i « * 

ioreft, quim . Deindefiant eadem , quae fupra . 

Demonflr. 

ti.h. 

prapar. 



SyP: minoreft, quim £} F. 
P\ J^minor , quam L$ M. 



4-5- S; g: minor,quam E*> Fy+L\ M. 
juppof. I /} K: E y Fy+Li M. 
*i« 5- I % % minor,quslm I\ K. eontra 96. k 

Prtpar. 

Ergo EzdF non eft minor ,qu4m / ad K. 

Pr^par. 

Efto E ad F y cadem, quse / ad K: &inter minorcs 
terminos, quam quos inter funt hypologarithmi 7, K, fu- 
mantur ali/ Sy^ 

T)emcnflr. 

'f»ti>of. | Ey F: h X 
stf. k /j minoreft,quam S' y Q. • 
13. 5. E\ F: minor , quim J$ 4>. flw/r* juperius dt* 
monflrata. 

Ergo £ ad non efteadem,quae / ad K. 
Ergo E ad F, eft maior, quam /ad AT. Quod &c 
Quare &c* 



- cr. 
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Theor. 87. Prop. 99. 

QVatuor terminorum e feric harmonica naturali ab 
vnitate difpofitorum harmonice , altioris rationis 
maior terminus ad maiorem depreifioris, maior 
eft, qu£m vt logarithmus ad logarithmum: &logarithmus 
ad logarithmum , maior, quam vt minor ad minorem . 

Hypoth. 

Sint h ferie harmonica naturali ab vnitate, quatuor ter- 
mini a y byc> d % harmonicedifpofiti. quorum ratio a ad b y 
altior, quam c ad d: & a> maior,qdlm b: ideoque etiam 
c y maior, q u&m d. £t eflo rationis a ad b y togarithmus 
r. & rationis c ad */, logarithmus f 

Dico 4; r ; maiorem, quam e> f. 

£t *j f. maiorem , quam b\ d. 

Pr<epar. 

Rationis a ad b y fumantur hyperlogarithmus g y & 
hypologarithmus h: & rationis c ad d, hyperlogan- 
thmus /, & hypologarithmus m. 

Demonflr. 



po. h. 

p8. b. 
9$. h. 
fo. h. 



Quare &c. 



a\ c: maior , quam g\ L 
g y k maior, quam e y f. 
e> f: maior , quam h y m. 
h' y m: maior, quam V y d. 
a$ c: maior, quim q f. Quod&c. 
1 5 /: maior, quim ^ </. Quod &c. 
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Tbeor. 28.Prop. ipp. 

QVatuor numcrorum arithmeticfc difpofitoram>Hra- 
tio pr Imi ad fecundum, totupKcata , quotus eft pri- 
mus, maioreft,quamtertij adquarrum totupka- 
ta, quotus eft quartus: atque totuplicata ratio primi ad fc 
cundum , quotus eft fecundus, minor eft, quatn totuplica^ 
ta tertij ad quartum, quotus eft tertius . 

Hypoth. 

Sint quatuor numcri arithmetice difpofiti 4, b, c, L 
Dicorationem a ad b totuplicatam, quotus eft *>ma- 
ioremefle, rationc c ad d, totuplicata , quotus eft<£& 
rationem a ad b totuplicatam, quotus eft b, minorenu 
efle, ratione c ad d totuplicata, quotus eft r. 

Prtparatio. 

Sumantur in ferie h3rmonica naturali ab vnitate rer/ni- 
iii aequeordinati cum numeris *, b> c> d,inferie atithme- 
tica naturali : nempe vnitates denominatae ab ipfis: i(*)> 
i (Ph 1 (0> i (<Q • Et e fto rationis c ad b, logarithmus r: 
&rationis c ad d, logarithmus / 

Demonjtr.p. 

Tcrminus a y vel minor eft, vel maior , quam fc&rur- 
fum a, vel minoreft,velmaior, quam c fitto 4,minor, 
quam b: &minor,quam c. 
bypoih. J a> b y c, d: arithmetice difpofiti . 
14-*- i(a) y i(b), i(c), i(d): harmonicedifpofiti. 
Jup. i(a): maior, quam i(b): & maior,quam i(c). 
u.b. i(a)> \(b): akior,8*maior,quam i(c)$ i(d). 

l(a)i 
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<*J. b. 
6^. b. 
II* h. 
itfx^h 
8. 5. 
JS>. h. 

99* 
8. J. 

ij. y. 
II. fr. 
ix. 5« 
13. 5. 

ih 5- 
91. fr. 
91. h: 

hypotb. ■ 

J3.b. 

hypotb. 

73. h. 
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i(^)s logarithmus r. 
I (c)' y 1 (d): logsrithmus f 
1(4): maior,quam i(b). v 
. i'(f): maior,qu£m i(</). 
[ 1 (a); 1 (*/); maior, qu&m 1 (4)$ 1 (c). 
1 (4)$ 1 (c); maior, quam e$ f. 
r, fi maior , quam 1 (b)$ 1 (d). 
1 (£)> i (*/): maior, quam 1 (£); 1 (c). 
i(a)i i(d): maior,quam 0} f. 
e\f maior,quim i(b)\ i(c). 
1(4); i(d):d\ a. 
i (by, l (c):c;b. ^ 
d\ a: maior, quam e\ f 
e\ f. maior, quam q b. I 
^: maior, quim ae. 

eb: maior , quam/r. ' 

Et quoniam logarithmuseftrationis cadd: 
ergo logarithmus eft rationis r ad j/, totu- 



74. h. 

► 

71. 

hypoth. 
ief.J.h. 



plicata? , quotus eft d. itcm quoniam e y logari- 
thmus eft ratioms a ad b: ergo 4*, logarithmus 
eft rationis a ad £ totuplicata» , quotus eft e. Et 
vtae ad ^itaeftratio 4 ad b totuplicata,quo- 
ruseft 4, adrationem c ad totupliciatam quo- 
tuseft ti eftautem 4*, minor,quam ^ ergora- 
tio 4 ad b totuplicata , quotus eft 4, depreflior 
eft 4 ratione czd d totuplicata, quotuseft*/. eft 
{ autena 4 minor, quirn b$ & c, minor, quam */: 

Ergo 
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7J. h. 

7i. 

bypoth. 
defa.b. 
defp.*. 
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tkf.1.4. | Ergomaioreftratio a ad b totuplicata, quotus 
eft s, quim c ad d totuplicata, quotus cft d. 
QMod &c. 

Similitcr oftendctur, quod eb, logarithmus eft 
rationis a ad b, totuplicatae, quotus eft b: & fi 
logarithmus c ad d totuplicatae,quotus cft c: fcd 
cft cb y maior, quam fc: ergo ratio a ad b totu* 
plicataquotuseft b, aItiorcft,qdtm c ad d totu- 
plicata quotus eft r. &eft a minor,quim b\ & 
r minor,quam d: crgominoreftratio a ad b to- 
tuplicata,quotuseft quam ratio c ad d toru- 
plicara, quotus eft r. Quod &c. 

Dnnonflr.t* 

| Efto 4, minor, quam k & roa/or, quarn f. 
fcy/wfc. | ergo c y d, a> b, funtquatuor nutneri arithmeticd 
difpofitij quorum c, minor eft, quam d> 8fi mi- 
nor,quam<*. Etratioc^d</ totuplicata,quo- 
tuseft c y maioreft,quam a ad b totuplicata,, 
quotus eft b: & c ad d totuplicata, quotus eft d, 
minor, quam a ad b totup!icata> quotus eft a. 
Quod &c. 

Demonflr.3. 
Efto 4, maior, quam b, & minor* quam r. 
Ergo b, a, d y c, funtquatuor numeri arithmeti- 
ch difpofiti; quorum b, minor, quam a$ & mi- 
nor,quam d. Etratio b ad a totuplicata, quo- 
| tus cft b, maior, quam d ad c totuplicata, quo- 

tus 



defa.b. 
{up. 



1 



bypoth. 
kff.jjb. 

■ 

frp. 
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tuseft a & £ ad a totuplicata > quotus cft a, tni- 
nor,qu£m d ad c totuplicata , quotus eft d. Ec 
conuertendo * ad b totupIicata,quotuseft4>raa- 
icr, quam c ad d, totuplicata ,quotus eft </: & * 
ad b totuplicata,quotuscft£,minor,quam c ad 
d totuplicata,quotuseft c. Quod&c. 

Demonflr. 4. 
Efto d maior vtrifque £ , & r : critque d mi- 
norvtrifque c, & "fc Sunt crgo quatuor numeri 
d y c y by a difpofiti arithmctice : quorum ratio d 
ad c totup!icata,quotuseft </,maior,quam b ad 
a totuplicata , quotus eft a: & d ad c totuplica- 
( ta,quotuscft c y minor,quam b ad a totuplicata, 
" quotuseft b. Et conuertendo, c ad d totuplica- 
ta, quotus eft d> minor , quam a ad b totuplica- 
ta,quotuseft ai&cddd totuplicata , quotus eft 
r c, maior, quam a ad b totuplicata , quotus eft b. 
Qjiod&c. Quare&c 



: Thevr.%9. Prop. ipi. 

SI fuerint quatuor numeri arit hmetic£ difpofiti , & pri- 
mus maior fecundo; fuerint autem & alij duo numei i, 
Ouintus ad fextum > maior quam vt primus ad quartum-. : 
erit primi ad fecundum totuplicata ratio, quotus cft quin- 
tus, maior,quim tcrtij ad quar tum totuplicata ratio,quo- 
tuscftfextu*. 



Tt 
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ffypoth;* • > :L.'o; 

| Sint quatuor arirhmeticfe difpofiti r.umeri 

def.f.h. \c>&& fi f pnmus^ htefcr fccpndo fj idcoque* 
( etiam tcrtius c y maior quarto d : & fint alij duo, 
J quintus e ad fcxtum f maior quam 4 ad d. 
Dico rationcm * ad ^totuplicatam^quotus^ft^ma- 

iorcm cffe ratione c ad *f totupIicata,quotuseft£ 

Rationis a ad logaiithmus affumatuf^rSl jratioms 
r ad logarithmus fc» 

DemonJIn ■ ' 
ioo.^ | Ratio a ad £ totupficatajquotuseft*, maior 
t eft ratione c ad d tottjplic&t;*, quotuseft d: & 
lypah, j ambse funt maiorisinfcqualitatisrergorario a ad 
<frfy.4* £ totuplicat^quOtuseft a y aftioreft,quani c ad 



75. fc. 

bypotb 
p. 3. 
Q.b. 



^ totuplicata>quotus eft Eftautemrationis a 
ad £ totupIieatae,quotus eft logarithmus 
Scrationis c ad toiuplicata^quotuseft d,loga- 
rithrous Wrergo maior eft,quim- hd. Et quo- 
niam e ad/maipr cfl^quam vt a ad d: permu- 
tando, e ad maior eft> tjlrita \tf /ad tf/ Scd> 
ad a, eft vt ad agt&faA d y vt /fc ad 
. Ergo <g ac * a £y maior eft, quafti vt/fe ad dht & 
j periDutandoy ^itfd/^maior^quit^vr^'^^ 
73 .^ r Eteft egi r6gaiitftmu$. rationis a ad,& tota$>lica- 
! tae, quotuscft &cfh> logarithmus fationis c ad 
7 : ~ h ' [d totuplicata? > quotus eft/. ergo ratio <* ad & 

totu- 
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l>t?tBplicat%qi|ORis eft/ ? #lck>r d\,ratione c ad d 
bypoth. ! totuplicata , quotus cft / Et vjraque maipris eft 
defifu^ l^nsequalitaws. Ergorat4o ^ ad~£ totupkata,qua- 
I tus eft <?, maior cft ratiqnc c ad d totuplicata^, 
JqUotuscft/I Quqd &c 
Quare &c. . t . , ... . / :< ; k 

Theor. 9<$.p**f. loz. 

SI fuerint quatuor numeri;arithmecicedilpofici ,& pri- 
musmmor fecundoj fuerint autcm &alij duo numeri, 
quintus ad fcxtum ., minor , quam vtprimus ad quarcum, : 
^it prjmi ad fecundum totuplicata racio , quotus eft quin- 
tus,maior, qustm tertij ad quartum totuplicata racio, qua- 
tus^ftfextus. 

Hjpoth 

| Sint quatuor pumeri arichmctice difpofici, a> b, 
defy.h. Cy d: & fit a> minor,quam b: idepque etiapi c y 
minor,quam d: &fit e, ad f, minor ,quam vt a 
¥ ad d. 

Dico a ad b totup1icatamrationem,quotuseft«?,ma- 
iorem c(fe ratione c ad d tptuplicata, quotus eft/ 

Dcmonftu 

hyfotb.. 1 Sunt cnim d> r, b y a, arith(n?tice.difpofuk^eft 
rf,maior,quam c: & /ad maior,quam d adrf: 
ergp d ad c totuplicati , quotus eft, /maior eft, 
quam b ad <* totuplicaca/juocus cft e: &conuer- 
, 5 . j tendo c ad </ totuglicata* quotus cft/, minpr, 

Tt 2 quatn 



3- 3 

- IOI. 
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quam a ad b totuph'cata> quotus eft e. Quod &c. 
Quare &c. . s *• 



Probl.13. Prop.103. 

DAta quantitate, dataque ratione ina?quatitatis> inue- 
nireterminosindata ratione,quorum differentii 
eftquantitasdata. 

1 — ... . — 1 — - — , r 

Sitdata quantitas ^ dataque ratio c ad & efto 
*,maior, quam 

Oportct inuenire terminosin rationc r ad^ quorum 
exceflus -4 

Conflr. 
Fiat dBi BE. 

Vico AE; &Bi c$ d. 

Dernonjlr. 
mfir. iAB} BEi c—d; d. 

] ^£5 q 1/. Quod&c. 
Quare &c. 



s 



Tbeer. pi.Prop. 104. 

I quatuor quantitatum non numerolas rationes ha~ 
bentium,harmonice difpofitaram,prima maior fuerit, 
m vtralibct fecunda, Sjtertia: logarithraus .rationis 
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primaeadfecundamad logarirhmum tertiae ad quartaitL,, 
non erit maior,quam vt prima ad tertiam, nec minor> 
quira vt fecunda ad quartam . 

Hypoth. 

p r 1 s t x < n y 

l m * * 

K 

z, fi f t . 6 * * 2 

ar e * 4/f» 

g t b 

• . ..... 

Sunto quatuor quantitates harmonicfc diJ^ofit*, a, b, c 9 
d: quarum a, maior, quam h, &maior,quam c. & funto 
a ad b, &*ad d, rationcs non numerofe . &rationis* 
ad b, efto logarithmus e\ rationis autem c ad d, logari- 
thmus f. 

Dico e ad f, non maiorem efle , quam vt a ad £$ nec 
minorem, quam vt c ad d. 

Suppofito falfa altcrnatiua . 
Efto,fifieripoteil,velmaior e ad f, quam vt a zdb, 
ratione g ad fejmaiorisin«qualitatis,velminor, quimvt 
c d, ratione g ad h, maiorisinsequalitatis. 

Pr<*par. 

Fiat # h i; h. Sumatur quantitas K. 

Fiat £ : K\ L 

k K : K,' m. 

c; K: K; n. 

4; K: K;o. Da- 
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!■{.•> 



it e tp 



g i b 



4 /"« 



77. Jy j Datis non numerofis rationibus a ad h } & <■ ad 
d>\<& m zdly &i 0 zd n: dataquc r^tione g ad i> 
vcl i ad A, maioris inajqualitatis , quatuor inuc- 
nianturnutnerofanationes, p ad q> alcior, qua/n 
f / ad n% 66 r ad j xfcprqffior: propiores «qualita- 

quam vt in rationc ^ ad vcl * 

Etquonara^ad^jati^^^ cad 
d: & lunt /, m> n> 0, reciprocfc, ficut a> fc, c, J: 
^; p ^ctiam lad t m y ratiosftaltior, qua* n ad?,Uaq, 
fiforte contingerct r ad x, nonaltior, quatn n ad 
0: inueniatur altera r ad depreffior quidcm^, 
quam / admj fed ei propior; atque altior,quam 
1 7J ad £t limjlitjerimKJnia^ur ^ ad w> depreffior, 
quam r ad akior,quain '« ad 0: ncqiqninue- 



24» fr. 



75. fc. 

77. fr. 



niatur x ad jy, deprefSor, quam n ad 0$ vt fiant 
1 1 ad & * ad propiores #qu&litati loeari- 
j thmica?,quam vtinratione g ad i s vci i ad ». 
103. | Dataqucdiffercncia /, w;,datjsquoqnp ratio- 
j nibus p y ad r ad f ad x ad jx, inuenian- 



tur 
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m <y tr *Nt* ivhm; r» 

turearumdem termini p, <j, r, j, r, », x,^, eafdemha- 
bentes rationes, & eamdera differtntiam /, w. 
Fiat />; K: K} 4 

r; K: K; 0. , ■ 

*; 

r; £ Ki fl . Cv 
*; tf: K- y K 

• «' Ki f*'J •' - : •• ' '•' fvtton . fio 

' • yi X: Ky - • ' — 

Et rationis c ad «T, logarithmus efto w; 
- : irationis fi zd ^ tegarkhmus<p. ^ ' ! - ! \ 
• ratioms Md *■> togaritlmius -fj H< tTOb.n j 

t \ vvjI jti i U DemMjfrfrowkMMp <iob!fi \ M 
j ^ £i C) ^/funtharmbnitfedHpofitael i r- ; - 1 
r /, 0/0* arithmieticidifpofita?* 
^ maior 5 qiiatfi 4: : 



1_ . 









conjir* 
U« 4. 



J^ffHfii^tlcS d% ofrt?^n«^0aii^& ralnbrfescan^ 
fequeritibus; «' ! - ? r;lJo-:». . ; 
w * ittaior^uam >. & maior, quatp <p* . # 
-4: maior,qulfmjC&/^m^i6r,quam^ | 

Et quohfcm ad *, tfiaKir eft logarichmice* 
quifft VtratiO £ ad ^a^&tioercm £\ad ratio 
autem s.ad ^ ad rationem f* ad i , logar.chmice 

maior 
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. > , ...» ; r ;• .' .' .• ' I •! '• ■'_" 

• r ' . - a ' s • t x 0 y 

4 * t d 

n e p 4 f * 



9i. b. 



confir. 

filp. 

byptoh. 
7- 5- 



maior eft,quamvt adrationettt a ad fc & ratio 
ad J> ad ratione** ad £,cft logaritmice, vt ad 
e; ergo ^ ad i eftmaior,quamvt w ad Sinif- 
liter oftendstur g ad *, maior ,quam e ad &4 
maior,qufcn 4 vdfi & tnaior,quam /ad 

Deinde quoniata p ad ^ ; vel ^ ad cf rario eft 
aldor,qu4m / ad w> vel 4. ad &i&nc 
4, £ barmoftick difpofitaS 5 & eft a, maior, quam 
b: oportet & 4 flUMores eflc,quam <v fi e- 
nimeflbtaqufe ^ad & aequealta^ 

rauom^ L .^^'£TSi^..cffi$:.^ ; i^inpr, quam 4; 
itkqque&A^ ^eflet rafio acjj; 

depreflior,qy&i9;.4^djfe cpntra afliimp^um. Sir 
I militer oftendetur, qudd a, maior ^eft, qu&m 8t 
] quam.«: item B , maior, quam c\ & , quum 

& r, quam & AqH^i- ; i :' ' 
. Svppofiip fMfafrif^ r :\ 
t Efto t ad ^ maior, qu-tm fc fldl « # W0. 

• * * f * ■ ■• .• '«•, 1 * * .- 

♦ • - t . IV.» . . ' i. . . . 

De- 



def.t 3 k 

88. k> 
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prtpttr. 
def.%.6. 
II. 
fup. 

4. 3. 



Q y I N T V M, 

Demonflr. p. 
*>-+*5 •'4> H "4$ fi <*; c,-+^ iy*iy h. 
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prapar* 
h. 

prdpar 

fup. 

fup. 

99- k. 
13. 5. 



<p: mmor, quam g> t. 
4; /: minor, quam i\ h. 
<P; 4: maior,quim a\ c. fienim cflec eadcm^ 
velminorreflec e\ fi minor, quam a- y c,-*j>; b. 
contra afliimptum . . * 
Suntautem 0, 1, fl, # , harmonice difpofica; 
. quanricaces, numerofafque habences rationcs; & 
I proportionalesficucquidam cermini eferie har- 
I monicanaturaliabvnirace:quorumracionis 0 ad 
J • , logarithmus eft <p - y & racionis 0 ad > , loga- 
rithmuseft 4 . Eft aucemficuc r ads ratio altior, 
quam t ad u: fic 0 ad « , altior, quam 0 ad * : & 
eft /3, maior, quam i$ ideoque & fl, maior, 
quam «. Ergo 0 ad fl*, maioreft,quam 0 ad 4. 
| Ergo /3 ad fl, maioreft,quam ad r. contra8.$. 
Ergo <? ad/J non maioreft,quam * ad r. Quod &c. 

«n. i /• Stfpoj: falf.-%. 
Bfto ad / minor,qudn b ad </, fi potcft. 

Demonflr.z. 
prapar. j hi b y d. 

fttp. e: minor, quam ^ /. 

fup. fi *>: minor, quam i y 

/«/>. | »5 *>: minor,quam e\ fi-+g y b. 

Vv 
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ij- 5- I 5 m "• minor, quam ^ 

Sunt autem ^,«T> £> harmonicedifpofiwr, 
f r^r. n umcrofas rationes habentes & proportionales, 
2.5- h - ficut quidam termini e ferie harmonica naturali 
f ™p ar - ab vnitate : quorum rationis ad logarithmus 
eft *"> & rationis * ad S, logarkhmus eft «: & 
>p. eft c ad £ ratio akior ,qu£m azd h$ ficut /> ad 
7, altior , quam I ad m: & / ad m altior, quam, 
» ad o, vel c ad d: & c ad ^ altior, quam * ad 
g5 ficut n ad <>> altior> quam x ad ^: ergo ^ad 
i y altior eft>quam * ad S : &eft c, maior,quam 
pp. k . S ; & * , maior, quam S : Ergo *r ad » maior 
13-5- eft, qu*m ad £ . Ergo J ad g minor cft, quam 
b ad i. ccntra 8. 5. 
Ergo e zd f 9 non minoreft,quam 6 ad d. Quod &c. 
Quare &c. 



Tbeor. 92. Pr<?p. 105, 
f \ Vatuor arithmetice difpofitarum quantitatum , fi 
w prima ad vltimam, fuerit vt numcrus ad numerum: 
crit primse ad fccandam totuplicata ratio , quotus 
cft homologus primae, maior, quam tertise ad quartam to- 
tuplicata ratio, quotus ctt homologus quarta? . quod fi fe- 
cunda ad tertiamfucritvt numerusadnumerum : critpri- 
mx ad lccundam totuplicata ratio,quotuscft homologus 
fccunda?, minor,quam tertif ad quartam totuplicata,quo- 
tus clt homologus tcrtiar . 

Hy- 
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Hypoth. 

Sunto quatuor arithmetiee difpofitx quantitates A> 2, 
C D. & efto, vel akcrutram, vel vtrumque iftqruxn , vide- 
licet: A ad D, vt numerus a> ad numerum <k & 55 ad C, 
vtnumerus ad numerum c, 

Dico rationem A ad 2totuplicatam,quotuseftd,ma- 
iorem effe ratione C ad D totuplicata ,quotus eft d: & 
rationem 4 ad 2 totuplicatam , quotus cft minorenu 
ratione C ad D totuplicata, quotus eft c. 

Prtpar. commmi. 
\\ Sumatur rationalis u: &perquantit>ites dcno- 
• mineturarithmeticedifpofuas, vt fiant fradiones 
* *&• I u(A)> u(2),u(C), »(D), harmonicedifpofit^. 
Sitque rationis A ad< 2 logarithmus e : & ratio- 

j nis C ad D, Iogarithmus/. > . 

DctnQnflr t .f. « 
Quantitatum 4 2, C, D,veJ dgae pantum.extrcms 
£> erunt vt num<Jri$ vel duse tantum mediae 2, C: vel bina: 
tantumextremaeinuicem A> D, & medi* inuicem 2, C: 
vel tres inuicem &nt vt numeri, 

.„ Suntatresinuiccm A, 2, C, vt numeri : &af- 
fumantur tresnumeri fc, / proportionales , vt 
. 2, C: quod fi i4, minoreft,quam. ^eti^m^, 
z-P- I minor eft,quam Dj & g minor,quam h. & pcr 
homologiam,*ftdefc&us g, h, ad /, vt .defc&us 
t A 2, ad C. addatur dcfe&us fc, numero i y Sc 
2«t- S fiat numerus /. erit eigo componendo vt / ad /, 
1 ^ Vv 2 ita 



4.«. 
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ita D ad C. Si vero A } maiorcft,quam 3: pro- 
fe&6 C, maior cft, quam C — £>, vel qu&m A 
— S; & per homologiam, ficut C, maior eft,quam 
A — », ita /, maior eft, quam £ — h. Auferawr 
itaque h, ab i numero 5 & relinquatur /: & 
erir, diuidendo, C ad D, vc * ad /. 

Quare A 9 2, C, D funt proportionales inui- 
j cem , vt numeri, <?,#,/.& numeri 6, /, /, 
j funcarithmetice difpofiti: quorum ratio £ ad fc 
• I totuplicata,quotuscft^, maioreft,quamratio* 

1 ad / totuplicata, quotus eft /: & ratio g ad h ro- 
I tuplicata,quotuseft fc, minor, quim ratio # ad l 
( totuplicata,quotuscft #'. Sed £ adh totupJ/cata 
J ratio , qiiotus cft £> «d camdem totQplicacamj, 

quotijseft a, eftJogarithmiqe, vt g ad a: &/ a</ 
1 / totuplicata , quotus eft /, cft logarithaVice ad 
I eamdcm tbtuplicatam , quotus eft d 9 \t l ad i. 
I Ecquoniam ^ ad / eft vt A ad D:& A ad D,vt 
| a ad d: ergo ^ adJ, eft vt * ad */: & permutan- 
do £ ad <?, vt / ad d. Ergo ratio g ad A totujp/f- 
cata, quotus eft g, ad eartuJemtotupficatara,quo. 
tus eft a y eft vt # ad / totuplicata, qubtus eft /, 
ad eamdem rotuplicatam , qtfOtus eft d. Ergo fi 
p ad h totuplicata, quotus efc £> altior eft > quam 
I i ad / totuplicata,quotuseft /, etiam £ ad h to- 
J tuplicatf?,quotus eft a> alcior eft, quim # ad / to- 

j tuplicata,quotuseft d:fideprefeiOr,dcprefsior. 

* .... 

ergo 
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too.h. j ergoficut g ad totuplicata , quotus cft g, ma- 
; ior eft, quam i ad / totuplicata, quotus eft k fiue 
fint g ad /?, & * ad / rationes maioris ina?quali- 
tatis,fiucfintminorisambae: erit&^ ad b totu- 
plicata,quotuseft a> maior,quam / ad / totupli- 
cata, quotus eft d. Et cft g ad b, eadem , quae ^ 
ad »: & #' ad /, eadem,qu£ C ad D. ergo ^ ad 
2 totuplicataratio>quotuseft <*, maior eft>quam 
t C ad X> totuplicata, quotuseft d. Quod &c. 
Similiprorus deraonftratione oftendetur,quod racio 
A ad 2 totuplicata,quotuseft £, minoreft,quam C ad 
£) totuplicat3, quotus eft c. Quod &c. 

Demonjlr.2. 

Sunto vel duotantum extremi A, D, vt numeri; vel 
iiuo tantum medij C, D; vclbini,&bini A> D, & #,C5 
nonautcmtres, autquatuor.profc&o veleft quanticas A> 
iminor, quam », vel maior: & rurfum quantitas -d, minor, 
cjuam C, vclmaior . 

Efto .4, minor,quam S, & minor,quam C. 

u(A), «(£), w(C), w(D), func harmoftice difpofiti. 



14. fr. 

12. /7. t*(A): maior,quam «(»). 
12. /?. 

88.77. 
78. b. 
78. 



u(A): maior ,quam «(C). 
w(i4); »(S): alcior,&maior,quam «(C)j »(D). 
w(^); &($): loganrhmus 
«(C)j «(£)): logarithmus f. 
dcf.xi h j«(C): maior,quam <D). 
8. 5. 1 maior,quam »(-*)$ «(C). 
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104. b. 
8.5. 
*3- 5. 

13.5. 

12. /;. 

I». f>. 

13. 5. 
13. 

pT. fc. 
91. 

pwpar 
80. fc. 



Si. fc. 
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104. /;. J u(A)i u(C)\ non minor , quim t} f. 
* /: non minor,quam *(%)$ »(0). 
»(»)$ <£)): maior, quam *(2)$ a(C). 
u(A)\ u(D)> maior,quim e; f % 
e\ fi maior, quam «(2), *(0- 
u(A)\ u(D): Z>$ zA: d; a. 
a(S); *(C): Q 2: q 
</$ a: maior, quara q / . . < : 
e\ fi maior, quam 
^: maior, quam . 
ek maior, quam fc 

Etquoniam f> logarithmus eft rationis C ad 
T>: crgo dfi logarithmus eft rationis C ad D to- 
tuplicatae, quotus eft d. it#n quoniam e, /ogarh 
rhmus eft rationis /1 ad 2;ergo logarithmus 
cft rationiSi4 ad 2 totuplicar*,quotuseft a. Si- 
mfliter fc> Iogarithmus cft rationu C D totu- 
plicata», quotuseft c & logarithmus , ratio- 
nis A ad 2 totuplicata», quotus eft Sicuc er- 
go ae> minoreft, quam ^ fic depreflior eft 
ad 2 totuplicata,quotuseft a, quam C adDto- 
tuplicata, quotus cft d. Itern ficut maiov eft, 
quam /c: fic A ad 2 totuplicata, quotus cft t> ai- 
j tioreft,quam C ad D totuplicata, quptus cft c. 
j Suntautem ^4 ad 2, & C ad D, minoris in?qua- 
d€ff.i.& I Iitatisrationes,quarum depreflior altiore maior 

2H * I eft. Ergo A ad 2 : totup!icata,quotuseft 4,raa- 

„ — * .... « 

lor 
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ior eft, quam C ad T> totuplicata, quotus eft d: & A ad 
2? totuplicata,qubtuseft b y minor,quam C ad T> totu- 
plicata,quotuseft c Quod&c. 

Dcmonflr. 3 • 

| Eftp A minor,quam 59, & maior, quam C. 
Ergo C, £, », funt quatuor quantitates ari- 
4rf.'sJ>: thmctice difpofitej quarum C, mmor,quam D, 
/ty. & minor, quam A. Et ratio C ad D totuplicata, 
quotuseftr, maior eft,quam A ad 2 totuplicata, 
quotuseft & C ad £) totuplicata, quotus e(h/, 
minor, quam A ad 2 totuplicata, quotus eft 
Quod &c. 

Demonjh. 4. 
Efto maior, quam 2, & minor , quim C. 
Ergo 2, -4, Z>, C, fiant quatuor quantitates ari- 
def.%.b. thmetice difpofitse, quarum 2 minor,quam A\ 
fup. &minor,quam D. ideoque 2ad A totuplicata 
ratio,quotuseft£, maiorcft,quam D ad C totu- 
plicata, quotus eft r: & 2 ad -4 totuplicata,quo- 
tus eft a> minor, quam D ad C totuplicata, quo- 
2. tus eft d. Ergo conuertendo, c</ad 2 totupli- 
cata, quotus eft b> minoreft, qu3m C ad D to- 
tuplicata, quotuseft c: & ^ ad 2 totuplicata^, 
quotuseftd, maior,quam C ad D tocuplicata-», 
quotus eft d. Quod &c. 

Demonjir. 5 . 

Efto ^ maior,qua;n 2, & maior,quam C. Er^o Z>, 
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j C y % A y funt quantitaces arithmetice dilpofita?, 
iefa.b. | quarum T> minor, quam C, &minor,quatn 2. 
/up. quarum ratio D ad C totuplicata , quotus cft d, 
maioreft,quam 3 ad A totuplicata , quotus eft 
a: & D ad C totuplicata, quotuseft c y minor, 
quam 3 ad A totuplicata,qu6tuseft bi Ergo 
conucrtendo, C zd D totupIicata,quotus eft d> 
minoreft,quam A ad 2 totuplicata , quotus eft 
a: & C ad Z) totuplicata, quotus eft r,maior, quam 
c^ad S totup!icat3, quotuseft L Quod&c. 
Quare &c 



Theor. 573. Prop. ic6. 

Slfuerintquatuor quantitates arithmetice difpofttz, &i 
primaminor fecunda $ fuerint autcm &duo numer/ 
prior ad pofteriorcm,minor, quam vtprima quantitas ad 
quartam: erit prima? ad fecundam totuplicata ratio >quo- 
tus eft prior numcrus, maior,quam tertise ad quartam to- 
tuplica ta, quotus eft pofterior . 

Hypoth. 

Sintquatuorquantitates arithmetice difpofitar, A } % 
Cy D: &fit Ay minor,quam 2?: ideoqueetiam C, minor, 
quam D: &fit e numerus ad numerum f y minor, quam 
vt A ad D. 

Dko A a.d 2 totuplicatam, quotus eft e y maioremef 
fc,quam C ad D totuplicata, quotuscfc f. 

I 

P\4- 
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Pr<epar. 

Denominetur r#, per quantitates arithmeticfc 
difpofitas A, $, C, 0, vt fiant fra&iones har- 
monicedifpofitx, <2), u(C), r<D> Ec 
} eftorationis u(A) ad /<S), logarithmus &ra- 
| tionis u(C) ad u(D), Iogarithmus k 

Demonflr. 

Vel u(A)> tnaior eft, quam «(C)$ vel minor, 
Sia(^), maiorefc,quam <C): etiam «(»), ma- 
ioreft,quim «(£>): & u(A) ad <»), ratiocftal- 
tibr, &maior,quam u(C) ad a(D).Ergo ^ ad h 
nonmaiorcft,quamvt u(A) ada(C). 

U ( A )> W (Q 5 Q ^ 
C: maior, quam A. 

g; h: non maior, quam C,A. 

D$ A: maior , quim Cj A. 

$ h: minor. quam D^ A. ' 

fi e; maior,quam T); A. \ t 

g> k minor, quam f, e. \ 

ge: minor,quam fh. 

Eft autem g logarithmus rationis u(A) ad 

I «(2), vel 2 ad -4: idcoque logarithmus eft 

j rationis *B a& A totuplicatse , quotus eft e. itcna 

fh, logarithmuscftrationis D ad C totupiicats, 

'8i. b. quotus eft f. Ergo ficut minor cft , quam jh: 

; fictoruplicataratio 2 ad /4,quotuscft ^deprci- 

fiofeft,quam totuplicata D ad C,;quotus cft f. 

- ' ' Xx ' &eft 



88. b. 

104. b. 

11. b. 

12. h. 

8. ?• 
if. 5. 
3. 3. 

13* 5- 

_ .„ • - 

IX. h. 
80. >. 



* 4 - 
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bypoth. | &eft 2, maior^qtfatrt A, & D maior, quam C: 
'**fM* 1 ergo t<>tuj)!icafa rafio 2 ad ^ quottis ctt mi- 
riof eftyquam totupiicafea b ad ^aettis ^ft/ 
&conuertenda,tetup&cata &d % tjfaotus eft 
^ maior, <Jfaam totuplicata C 4<i D, qudtus eft / 
QuodSec; . 

Si u(A) y mirioreftiqBamn(C): etiam *(S), mi- 
rior eft, quam u(D)i & eft ratl6 a(fr) ad #<£>), al- 
tior,quam u(A) ad »(2):&eft u(C)> rriator ytf* 
libet «(D), & u(A)> 
k p non mirior* qudm «(C)j n(^). 

<(T)5 <Jfy AC. 
k g. non minor, quam A$C. 
csfy C: maior, quam A\ T)j 
A\ T>\ maiofi qiiam e; fi 
maior,qtt&ri t\ f. 
v. . hfi maior , quam tg. 
/up. i Totuplicata A ad quotus eft e, trtatot , qu&ro 
I totupKcata C ad D> quotus eft / Quod &c. 
Quare &c. . , 



104. b. 

I*. 5. 

8. 5. 

bypotb. 

IJ. 5. 
pi. 



Theor. 9^.Pt9p.\Gj. 

SI fuerint quatuor quantitates arithmeticfc difpofrtz, 
& prima* maior, quam fecurida : faerint autem & duo 
numeri,prior ad pofteriorem mator,quatf vtpritrta quari- 
titas ad quartam : erit primae ad fecundarti totupltcata ra- 
tio,quotuscftprior numerus,maior, quim terti? ad quar- 

tam 
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tam towplicata, quotus eft pofterior . 

Hypoxh. 

Sint quatudr quantitatcs A> », C, 0, arithmctice di- 
fpofitar. & fit A, maior, quam 2; ideoque etiam C, ma- 
i or,quam D: & fit e numcrus ad numcrom f maior,quam 
vt A ad D. 

Dico A ad 2 totuplicatam , quotus cft r, maiorctiu 
c(Tc,qudm C ad Z> totuplicata, quotus cft /• 

Demonjbr* 

Sunt cnim quatuor quantitatcs arithmeticc 
%<*fr. dilpofitx D, C, 2, -4: & cft Z> minor, quam C: 
x. j. &/ad f 9 minor eft,quam vt D ad (^/. ergo T> 
io$. h. ad C totuplicata ratio , quotu* eft f, maior eft, 
i. 3. quim S ad A totuplicata, quotus eft <% Etcon- 
ucrtendo, C ad D totuphcata , quotus cft f> mi- 
I nor , qu am A ad 2 totuplicata , quotus cft 
|Quod&c. 
Quare&c 




Xx i 



Pcr- 
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* • 

Perilluft. & ExccIIentifs. D.Io. Dominico Calfino 
Aftronomo D. S. Petrus MengoJus S. D. 




Vmcptammthi fatis credo,Vir Excellentifi.cum 
publtcanda confcriboydeocpe meriib nec omnino 
fcholaribus credendum puto : quorum luet cpc 
mefateorpluwnitm profeciffe\ nontamen au~ 
Boritate oportuit confixmart . Tu "vero, qut ' fci$, 
fgfpotes , tnisinmemultis hucufijue pofitis ,hoc addas ofircium 
*velim : praua , f qmfunt, emendesprimitm : in ijs , cpt* ma- 
le pofitafimt , confilto adiuues \ inx*tcris>mthi duplices intelle- 
cium . Quod njt prtfics facilius > retexam breuiter huiufce 
cperisnarrationem : ftam cum legeris , prtfationemque adle- 
clorem percurrcris iplurima quidem curfim prttereundo wtelli- 
£cre\ paucis ^vero dtjficilioribus leElis attentius , demonfiratisj^ 
pofsis de toto njolumme fententiam ferre • 

Ante annos duodectm , occafione cuiufidam problematis mthi 
propofti d T>. lo. Antonio T^occa 'Rfgienfi, de figura a/mltnea de~ 
firibenda, cju* fiecareteUtpfimin&uobuspunElisinnumerahtlcs 
eiufmodi figuras cxcogitaui, ftasfunc per Geometriam indiui- 
fibihum quadrabam , adhibimamen prtus hoc lemmate . 

Lem- 
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Lcmma. 

Data re&alinea, diuifa^rimum bifariam > deinde non^ 
bifariam in duobus pun&is ; vrrimquexfc medio pun&o 
scqualitcr diftantibus : alfignatifque vnius eiufdemgradus 
poteftatibus abfciflarumjnecnon alfus eiufdem gradus po- 
teftatibus refiduarum: inuenire cui fit aequale aggregatum 
ex duobus podu&is fynonymis,fub potcftatibus abfcifla- 
ru affignatis , per fuariim affignatas poteftates refiduarUm • 

Eft autem hoc lemma affine iHr, quod recitatBonaue»- 
tura Cauallerius b. m. praeceptqr meus exjo, Beugrand: 

quod idcircd in expofitione placec imitari \ • " ~~ 

I 

A i 1 — 1— i_ — rv 

Sit refta Ag^ diuifa bifariam in T, Se non bifariam in 
pun&is C,S, acqualiterhincinded T diftahtibus. Opor- 
tet inuenire ,<cui lit aequale aggregatuta prodti&A*nmi fy- 
nanymorum fub poteftatibus partium insequalium A$, 
Sj^ dc AC> CJ{. Vt autcm breuiori viarid obtincamus, 
procedemiisper Algebram Speidofam > partcs AT> TR^ 
vocantcs t: & partes $T>:TC, vocantes a. Erunr ergo 
A&yC^y i^a: & erunt AC y , rH-^.vAffignatisitaquc 
priraispoteftatibusabftilTaium A$, AC> necnoa primis 
refiduarum 2^, CR^ volensinueniie cui aequetur fucn- 
ma produ&orum fub primis poteftatibus ABE^ AC2{> 
ftatiaiduceudtf t-+-a per t-±a produco vnum: & ducen- 

do 
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, H T C . 
^ 1 — 1 — 1 & 



4 r 

- • 



dot-*a pcr ^producoalteruniiquorumfumma, tti 

— 141. 

Excmplum primum in Vniprimis . 



AB: t-+a 
%R: t*a 



AC: t-+a 
C^: t~-a 



ACfy ti-~ai 
n—az 



A%!{-+AC7{i iti—iaz 



Vnde fequitur aggregatum produ&orum Cixb pr/m/V 
potcftacibus^23> AC^ fqualecfle^duplac fecwidae po- 
teftati AT y demptadupTa fecunda TC. 

Quod fi aflignatis fccundis poteftatibus abfciffarunu 
AB, AC y &primisrefiduarum 2^, CZ^ velim fcirc cui 
arquctur fumma produ&orum fub potcftatibus fecunda 
AB> & prima 2^, &fub fectmda AC & prima C^: ef- 
fingofecundampoteftatemiradicc t-*a, quam ducoiiu 
primam t-+a; vt fiat vnus produ&is : itcm^ffiago fecun- 
damr-44, qu^oiduco inprimam t—a\ vt fiat alter pro- 
du&us : quorum fummam inucnio it$ _ uaz. 



Exeup- 
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Exemplnm- f. i»&tfiimit . 
AS: '•** — a*»-*^*.-..]-. 



> 



-f — itai+aj 



^32?: tl^v*-*ta*-*ay r - 

..• . : 4 . . ..i .i h i ;i, t ^ , j„ 



-2Wi — a$ - 



• ■ • ' 



■ ♦ i 



_.--■' "• •■ , 

■ 

- 



" ' '*'■'..- . - 

Vnde manifeftum qft. aggregatum produ&orum fub 
poteftatibus, fccunda A<B # prima 2^ fub fe- 
cunda o*C ^.^priqM^C^r.apquid^effe ifupte potc- 
ftati tcrtias -ffT, dempto duplo produ&o fub prim_u 
jfT ; & fecunda _TC, 

Similitcr in cuiuslibet appelktionis proportionalibus 
progrediendo , confequemur optatuaj ; vt exemplis fu- 
idoapparctk - ^ . - 

• r • • * * ' • 

' 4 - l _.---. .. 
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Eoumplwn 3. in Tripnmts* 

*4 — ^rj^jf^a-^-Mgi :] 
- -rrj4 — itzai-^^ta^-^a^ 



^C : f 3 -+ 3 tia-¥$£A2iT*a$ ; , 

Ci^: — - ^ : < _ 

f 4-*- 3i 3 <*-**3 f 2* i ff r 4 3 




ACj^. t^it^a—itas^/t^i ; . 
. » t4—~2tza-tzta3<r~a± 

1 II I I n || f i k H " ■ 

" - '■ ■! ' J Etemptum 4;. V» fyfttundis. 

^S^J f2-*-2M-H-42 • * 



2f34H-f242 . ; . 

-+2f34~ ^tza^ztaj 

-+naz~zta$-*a$. 
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AttT{: t-\-—M2ai-+at\ 
Similiter ACI^i 14— 2*2*2-^*4 



Bxmfkm 5. in Quadriprimis . 

► 

A2: ty— 4^3 2--4M3 h-^4 

ty~W*-*6tiM — 4/243-^*4 

~+ f 4 tf~4T $az-*6tiai — 4*44-+* 5 



^3^: *y — 3 t$a-*it$ a2-+2tta$ — 3M4-+45 

*4C ; ^4^4? 3 242-+ 4**13 -+44 
C^: f — 4 



t5-+^t^a-+6tiai-+tyia$-+ta<\. 
--t4.a~-4.t3a2 — 5*2*3— 4M4 — *S 

^CT^: f>-+ma^2tiai — 2*2*3 — 3**4—45 
*5--3*4*-+2r3*2H-2*2*3 — 3**4-wtf 

JV2{+AC2{: 2t^^a2^6ta^. 



Y v 
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.1* 



Excmplum 6. in Trijccundis . 
A% : t3~3tza-+3taz— a$ 
TSR: tz-+zta-+az 

/j — 3 f4^-+3 1$ az—tza$ 

-+zt^*—6tiaz-+6tzas — ita% 

-+t3 az — 3 tza$^3 ta\ — a 5 



A%l(i t^t^a^ztsaz^mas^ta^—af, 

AC: ti^ina^iaz-^ai 
CR: tz—zta-±az 



t^-±lt^a-+itiaz-*tzai 
-^ztqa — 6tiaz—~ 6tzai — 2^4 
-473 a 2-+ 3 tzai -* 3 ta^af, 



ACT{: ts-i-tqa — 2^3*2 — 2tza$^ta^a$ 
f>—t^a—ztiaz-c2tzai-*ta^ — 45 



AWX^+ACX^ 2*5— 4*3*2-4-2^4. 

Stmiliter in £htintiprimis. 
AZX^ACR^: zt6~* 1 0t4az-~2.Qtza4.~2a6. 
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In Quadrijecundis . 

In Tritertijs. 
ABR+ACR: 2t6~6t+az^6t2a^—ia6. 

In Sextiprimis. 
ATSR+AC& 2/7-+ 1 8*5 «-.-1 ot 3 /14— 1 ota6. 

In Quintifecmdis. 
ABR-+ACR: 2tj-+2t$az^iotsa^8ta6. 

In Quadritertijs. 
ABR-+ACR: 2r]—6t<)a2-+6t$a4-~2ta6. 

h Septimiprimis . 
ABR+ACR. 2f8-+i 8t6a2~2 8; 106— 2a8. 

In Sextifecmdis. 
ABR-^AC^} 2t8-*8t6a2 — 3ot^a^8t2a6-+2a8. 

In Qumtitettijs. 
ABB^+ACR 2t8~^t6a2-h^tza6—za8. 

In ^uadriquartis. 
ABR+ACR: 2t8 — 8t6a2-±i2t^a\ — 8t2a6-+2a8. 

ln ORamprimis. 
ABR+ACR: 2t9-±$otjaz-±2 8*5 44 — 5 6t 3 a6-« 1 qta%. 

In Septimifccimdis. 
ABR-+AC%: 2t9-+i6tja2~i8t5a4-+iota8. 

In Sextitewjs. 
ABR-+ACR: 2t$ -1 zt^a^ 1 6tia6~6ta8. 

In Quintiquartis. 
ABR^ACR. 2t9~8tja2-+i2tia4~8t3a6-*2ta8. 

Yy 2 h 
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A 3 T C * 

A i 1 — i — i A 



In Noniprimis. 
A2R-tACX: ici o -+ 5 4*842 -+ 84^4-— 84*44* 

54^248 24 IO. 

In Oclauijicmdis . 
AjBR^ACR: 2fio-+ 26t$a2— -28**44— »- 28^44*-* 

2*f248-*24IO. 

Septimitmijs . 
A%R+c<itC2{: 2t 1 o -*- 6*842 — — 2 8^*44 -+ 2 8^44* 

^248 — 2410. 

/» Sextimattis . 
AT$R-±zACRi 2 t \o — *f84 2 ^4***4 -+4*4**.-- 

"+ 2 4XO. 

/0 Quintiquintis* 
i^dBX^^C^: 2fio — 10*842-* 20^4 — - 20:4^6 

-+IOf248 241 o. 

Tropojitio. 

In parallefogrammo dinSa diametro, regula bafi; om- 
nes fcxcuplae vniprima? fub triangulis,funt a?qualesom- 
nibus fecundis potcfhtibusparallelogrammi, 

Ec omnesduodecuplarbiprima?, omnibus terti/s pote- 
ftatibusparallelogrammi. 

Etomnes 2opla?triprimcB: necnonomnes jophe bi- 
und& omnibus quartis poteftatibus . 

Ec 



ICC 



Digitized by Googl 



Q V I N T VM. s>7 

Etomnes 3opte quadriprimg.necnonoaines tfopke 
trifecunda?$orunibusquintis poteftatibus . 

Et omnes 42plf quintiprim?: item omnes i o 5 p!c qua- 
drifecundae: & omnes ^oplas triccrtiae 5 onciaibLis fextis 
poteftatibus . 

Etomnes 5tfptefcxtiprima?:item omnes i68p!e quin- 
tifecundse: itcm omnes 2 8 opta quadritcrti^ omnibus fe- 
ptimispoteftat.bus. 

Et omnes 72pl<e feptimiprirna? : itcm omnes 2 5 ip\x 
fextilecunda?:necnonomnes 5 o4plae quintitertise:& om- 
nes 61 oplae quadriquartae; omnibus o&auis poteftacibus. 

Et omnes 9opl£o3auiprim# : & omnes 3 5oplse fep- 
timifecundc: & omnes 840^ fextitertise ; & omnes 
1 2tfopIa? quintiquarta?$ omnibus nonispoteftatibus. 

Et omnes 1 1 oplae noniprima?: & omnes 49 5 p!a? o£t j- 
uifecunda» ; & omnes 1 3 2opke feptimitertise : & omnes 
23 1 cplae fextiquarta?: &omnes 2772^ quintiquinut; 
omnibus deciniis potcftatibus. 

Et fic deinceps in infinitum iuxta numeros tabulg qua- 
dratricjum, vel quadraturarumjcotinuatgquacum oportcr, 

Adetb.Vemonftr. 

Afiiniseft haec propofitiojtribus propofitionibus, quas 
lococitatorcfcrtCaualleriusex codem Beugraud Exerc. 
^.prop. 25, 26, & 27: Eademque illarum mcthodo 
dcmonftrabitur, ex Lemrnate prcecedenti. Porro fa- 
tis puto ad oftenfionern eiuldem mcthodi , ex deccm nro- 
pofitis , tria tantum dcmonftrare . 
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ffypoth. 



o 



L 




E 













1 



Efto parallelogrammum AB> cuiusdiatnetcr CZfcdi- 
uidaturque CD bjfariamin E: ducanturque per E, tcdte 
FG y IH y parallelogrammi AB lateribus paradelf : ducan- 
turque hinc inde ab E diftantes quantumlibet,fed aequa- 
liter,&intraquadratum,du* K L MVsl y & O P QJ{. 

Dico fub triangulis ACD y BCD y omncs fextuplas 
vniprimas, aequalese(fe,omnibus fecundis poteftatibus 
parallclogrammi AB. 

Demonjlr. p. . 
Quoniam aggregatum ex vniprimis KMN, OPI^ eft 
a:qua!e dupl& lecundj pote-ftati KL y dempta dupla fecun- 
dapotcftate LM: & A"2tf du&aeft vtcunquc . Ergoex 
omnibus vniprimis, fub trapczio AF EC y & fub trian- 
gu!o C£G y & cx ommbus,fubtriangulo EFD, &fub- 
tjnrezio EDBG, nggregatum;quodeft omnes vnipri- 
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maefubtriangulis ACD> %CD: eft :sequaleomnibi;$du- 
plisfecundispoteftatibusparallclogrammi AE> dempris 
omnibusduplisfecundispoteftatibustrianguli, /£C; idelt 
omnibus fimplis fecundis potellatibus parallelogrammi 
AH> demptisomnibusfecundispoteftatibus, vtrorumq; 
triangulorum lBC> DEH. 

Sed qualium trianguli /iJComnesfecundf poreftatcs, 
funt vnitas:talium parallelogrammi AE> funt 3. Ideoq; 
qualium omnes fccunda? pcteftates triangulorum 1£C, 
D£H> funt 2: taliumomnes fccunda? poteftates parallc- 
logrammi AH> funt 6. Et omnes vniprimsefubtriangu- 
lis ACT>> 7$CD> funtvtrorumquedifFerentia,nempc4: 
&omnesfexcupIaevniprimse,fubtnangu!is AC'D> *BCD> 
funt 24. Item qualium cmnes fecundse poteftates AH> 
funt 6: tahumomnes fecunda? poteftates A %> funt 24. 
Ergo omnes fextuplas vniprim?,fub triangulis ACDflCDy 
funt fqualcs, omnibus lecundis poteftatibus AB. 
Quod&c. 

Dico fub triangulis ACD> TCD> omnes duodecuplas 
biprimas, a:quales cfle,oiimibus tertijs poteftatibusparal- 
lelogrammi A$. 

Demonflr.i. 

Quoniamaggregatumexbiprimis KMN> OP2{> cl\ 
jequaleduplsetertise pcteftati KL y dempra dupla vnife- 
cunda KLM (ideft,demptodupIo produ&o fubpotcftu- 
tibus,prima KL, &fccunda LM). Oltendctur (iiDihter 
\t fupra, quod omnesbiprimg fub tiiangulis^CZ), 7$CD> 

funt 
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funt aequales omnibus tertijs poteftatibus parallclogram* 
rni AH y demptis omnibus vnifecundis fub poteftatibus 
primis eiufdem AH y 8* fub fecundis vtrorfimque rr/an- 
gulorum JECy DEH. 

Qualium autcm omnes fecund# poteftates trianguli 
JECy funtvnitas:talium omncs fecundae poteftates pa- 
rallelogrammi funt 3: ideoque qualium omnes vnifecun- 
dse fub parallelogrammo AE y & fub triangulo JEC y funt 
funt vnitas: talium omnes terttepoteftates parallelog/am 
mi AEy funt 3. &qualium omnes vnifccundae fub pa- 
rallclogrammo oAH y &fiibvtrifque triangulis JEC y 
DEHy funt 2: talium omnestertiar poteftatcs csiffy func 
crr&oinncsbiprimaefubtriangulis ACD y c BCD y funtvtro- 
rumque diflcrentia, nempe 4: & omnes duodecupte bipri- 
ma? fub tmngulis zACD y £CD, funt48. item qualium* 
omncstcrrr>poteftates ^4H, funt <5:talium omnes ter- 

tia; 
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tiae potcftates ^S, funt43. Ergoomnes duodecuplae bi- 
primae, fub triangulis ACD y 2!CD y funt asqnales omnibus 
tertijs poteftaubus ATS. QuodSc. ~^ 

Dicofub triangulis ACD, *BCD y oriUies tfoplas trife- 
cundas, sequales efle , omnibus quintis potcjftaribus paraU 

lelogrammi Afc / j 

Demonflr. 3. ■ . 

Quoniam aggrcgatum ex trifccuridis KM 0 P 2^ 
eft aequaledupte quinta? potcftati KL y dempta quadru- 
pla trifecunda KLM y addira dupla vniquarta KLM. oftcn- 
detur r ftipiliter vt fupra, quod omnes trifecundie fub triai*» 
guli$ ACDy %CD, funt^qualesomni1>us quiatis ;|>oteftar 
t lbus parallelogrammi ,Aft deojptis omnj Wdupfeteife* 
cundis,fijb poreftatibus terti/s <~4H y & fub fecondis vtro- 
rumquetriangulorum /£C y DEH y additis oranibus vni- 
quartis fub poteftatibus primis AH y &fub quartifcvtro-' 
rumque triangulorum /£C> T)£H. . 

Qualium autem omnes fecundce poteftatcs trianguK 
/£C, funt 5: taliunjomnesfecundaepoteftatesparallelo- 
grammi A£ y funt i5JdeoquequaIiumomnes trfecun- 
cUe fub tertijs poteftatibus paralleiograrami AE y 8$fubfe-' 
cundis trianguli /EC, tant 5 : talium omnes quint# pote;- 
ftatesparallclogrammi AE y funt 15: atquetaliumomncs 
dupl« trifecund» &b AE y & fub /£C, lunt k 1 atquc* 
differentia vtrarumque, eft 5. t 

Rurliim , qualium omncs quartse poteftates trianguli 
/£C y funt $: talium omnes quarta* poteftate> A£ y func 

. - w 
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1 5 . idcoque qualium omnes vniquarta? > fiib primis > ><£> 
&quintis ZEC poteftacibus y funt 3» taliam orrroesquintx 
poreftatqs- firot 15. (ed talium oftenfe fiint omnes 
quinta? AE> demptis omnibus cfuplis trifecund/s, fah AE> 
&fub Z£C,efle 5: ergoadditisomnibusvniquartis> fub 
jC£> Sfi &b IEC % (unt 8. 

Sedquahum omnesquinta? /i£,iunt 1 5 : talium omnes 
quinrse AH(\xnt 30: &omnesquintar ^flydcroptisom- 
nibus duplis trifecundis, fub & fub vtrifque ZEC, 
Z)£/7, additifquc omnibus vniquartis,fub AH> & /ub 
vtrifquc IEC> DEH> funt 1 5$ nempe omncstrifccundae, 
fubtriangulis ACD, $CD> funt 16: Sc omnes opte tri- 
fecundaefubijfdem^fimt 960. &qualium omnesqulnt* 
poteftatfcs AH r fiint 3 0: talium omnes quintse potefta- 
tes AS y funtptfo. Ergo omnes 5opfce trifecunda? , fub 
triangulis ACD 9 ECD, funt a?quales > omnibus quintis 
poteftatibusparallelogrammi AP. Quod&c* Qjiare&c. 

His 
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His demonftratis ,cogitabamftpoffent alice quadrdtor* inm* 
mri ex tnuentts cowpoftt* , tnquas infignis altqua refoluatur\ 
cjuemadmodum in triangula, parabolam Archimedes refokit. Et 
quaftni piimum de omnibusftguris, in qutbus ordinat* adbaftm, 

Jimt omnes poteftates atfttjfarwn, prim*, ftcund*> terti* > (jfyde- 
inccps ininfinitumi cjuas ex dcmonjbratis d Cauallerio loco ci- 
tato,deprehcndebam effe infcneharmonica naturali ab <xmitate\ 
cammque fummam demonftnaui cxcreftere in inftnitum, in pr<e* 

fatione admeum libellum, cm tittdus , "Noux Quadraticr* Ari- 
thmttic*, jcu de .^iddithnc FraEtorum . i 
Deinde tentaui,p poffent in nmamcolligifummamfigur*, in 
quibus ordinau adbaftm y funt abftijft prtm* , (efr prodaBi fub 
primis abfcifsis, & reftduarum poteftattbus omnifariam , idefu 
{Jbfaffeprim4,nmprimA ,njnifecund<e,wnitmi^ynjm^uaru> 
($ 'deinceps >tninftnitum\quas colligeremihiftucefskfelrctter,^ 
scjuales muentre pardlslogrammojuius adeamdem baftm ordi- 
nau y ftmt omncsm^ mtpoteft facile colltgi ex ftiprd demon- 
jbaiisi&cxlj.f.Nour.^dr. . .. 

Iiemfipoftintcolligiftgurx) in (juibus ordinau adbaftmjhnt 
abfcijfe fccmd* , produBi fub abftiftis ftctmdis , ffi +eftdua- 

- rumpotcftattbuf ofnnrfariam , r<kft , ^cif^ ftcunds r 
biftcundneJbkmU>bi(juarUj^r deincepsi^inftnitumt^ai^ 
coUigere mihifacccfstt aquales inuenirc triOMoidv > cmmor- 
din^Jumam^^r^t'.. <vtpatet exfttpradcm^jir^tis,^ 

^&cgcnifY aittcr ffiuew yf^ur&ffl&jtjf-^pit/£'tfr^£ i t$$at<'C jiu$i( o^$n~cs po 
tcftacprsdftfflamm t^nxcpsitm^j^af t , im ftfbu/ ohli- 

~. ;'C Zz z nau 
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nat * funt producl* fub ijfdem poteftatibus abfiijfarum , & fuh rc- 
fiduammpoteftatibus omnifariam , fimulaggregatas^fualcsef 
fefigur*, inqua ordinau>funtomnes foteftates abfiijjarum or- 
dtnis proxime inferioris. Verbi gratia >omnesabfcijfastcrtias> 
mdditis omnibus triprimis, omnibus trifecundis , omnibustriter* 
tijs , alijfque omnibus tricfuotis, effe <equales > ommbus abfcifsis fi- 
cundts. Item omnes abfctffas quartas , additis omnibus quadri- 
frimis,omntbusquadrtfecundis> omnibus quadritertijs , omm* 
bus quadriauartisyalijfjue omnibns quadriquotis$ejp <equa!es om- 
nibus abjcifsis tertijs , quod itageneraliter <z>t enunciatum efi, $ 
ex fupra demonftratts, 0*cxf.$. J$ou.Qt*adr. potefl mani- 
feftari. . 

lpfam interim accefstonem, quAm Geometri* IndiuifibMum 
feccram, pr<eterim : njcritus eorum audoaritatem> (jmfalfum pu~ 
tantfitppofitum,om9tesre&asfigitr<eplanx inHmtas, ipfam effe 
figuramplanamtnancfuafiham ' Jitjue&ipartetn 7 (edilUm quafi 
ttmprorfus indubiamdeuitansy tentandi animo , ftpoffcm de- 
mum eamdem indiuifibilium methodum , autr diam <equiualen~ 
: tem noms)> indubijs prorfus conftitUere ftmdamentif . \ 
^ A l -Adechanidf dm& hucufipue^ impcrficJis occtipa- 

tus Ittcubraimtbus, m easyuando£fi(e. r veni dcmonftrOndaru con- 
drfmutparguftiMrttperomrf nofka clcmcnta,no- 

uorum indigerem argumentorum . qu<e priuatis tradsta feriptis 
$eUtff(ebant>nonincuha folHm>fcd^itapcrperam poftta, njt 
quafi /fecialia Lemmata quorumdam matbematnm, nan <vale~ 
- rcnt adalwd. Animadueriebam ettam mcmnpoffe muttum in 
xhtnkif profccre , quasltfaaiuerprofitcor j ntftpc^crme 



<jeo- 
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Geometria, qudm qu<e hucujque ab Euclide , [Apollonio > dijf^ue 
poferioribus traditaejjk. v _ ■/ » 

*Nuperrimc hoc anno,Adm.2^P.FrStepha»us de Angelis k~ 
juattus ,meus c§ndifeipulus,jiei^iuifbiliumPrceceptoris nojlri 
Geometria omnium optimemeritm,cuius intelleElus copiam, ffi 
felicitatem,nunquam Jatisdme comendaripoffe njerbis exiflu 
mo,mittebat admelibellum fuum De InfinitisPfrabolis &c. le- 
gendum : cutusex erudition&fflirgbili rmdi$r\ njegetior fo- 
ctus Geometra; maximum hoc emolumentum percepi:<-utpme- 
rita Jludia reuerterentur m mentem^ ordirJenujue, inter plura de- 
inceps inuenta ,poJiularent . (efr illudtandemmihi,opinor , fuc- 
cefsijfe fAiciter , quod duodecim ante annos defderaueram : ijs 
etiam, quibus deuincior \, Mechanicorum fludiorum obligatio- 
nibus oportunum^juper^u/imea opinio^e, Vir Excel\cntifsime> 
hifce lucubrationibtfs perle$i$ y (gj* quatenus oportuerit ad cor- 
reBionemnotatis*: Wdw fmcevamsnixe rog*n$>poflub ,($r ex- 
petto fententiam . Vale. 




O J O 
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TabulaFormofa. 

• * ..... , . • . .< . . : . 1 

FO.a. FOs. 
FO.at. FO*ar. FOm. 
FO.a$. FO.air. F&ari. FOri* 
FOuty. FO.a;r. FO.*if*. FO.ar$> FO.r^. 



Tabda S«bft*dn 



FO.at. FO.tm FOjru 
F0*l. FO.^air. FO.iarz. FOsrh 
l. F0;4*3r. /ft^irl, FO.^atp t 



T<* guadraturarum . 

FOm., k 
l FO.i*. FO.zr. 
F&.$ai* F0.6ar. FO.}ri. 
FO.4a3. FO.t1a2r. FO.12an,. FO.^3. 
FO.ftq. FO.ioair. FO.ioain. FO.ioari. FO.fr^ 

*■ . ■'• - 

r -■ 4 » ... 
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ELEMENTVM SEXTVM. 

» 

T> E F IN JTJO NES. 

* 

«W3 IRtt ero . i®m 

I * 

' • • .» I 

Sfumatur intcr lineas , vna quseKbet -quan ti- 
titas qu#, Rationalis, dicetur . 
Et exponatur quaedam re&a Jinea , rationali 
a*qualis$ quae dicetur, Tota :\: 
j . Sitque data pofitione ; qua? dicetur , Bafis, 

4. Eiufqne alterum extremorumpun&orum ,dicetur, 
Finisabfciflarum. 

5. Alterum,Finisrefiduarum. 

6. Et ab vnoquoque pundo in bafi fumpto, vfque ad 
finem afcfciflarum, quatenus ipfa bafis extendifur , quanti- 
tasdicctur Abfcifla. 

7. Ideoque tota dicetur etiam, Maxima abfciflarum. 

8. Itcm ab vncqucque pun&o inbafilumpto,vfque 
ad finem refiduarum, quatenusbafis extenditur, quantitas 
dicetur Refidua . 

. $.Ideo- 
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9, Ideoque totadiceiur etf kfexitaa refidua^th; 
xo. Supertafi defci^aWr ^uadriftudjt & $\n<> quo- 
libet pun&o in baftfumpto, re<2a ducatut, vfcjue acl pppo^ 
fitum latus, refiquislatetibusquadrati paralfela: qu« dice- 

tur,Ordinat3inquadrato .: • r rn- / ' * \ 

1 1 . Qua? cum fit arqualis rationali, & totj; diceturRa^ 
tionalis , & Tpta, & Maxima abfciflai um , & Maxima re- 
fiduarum. 1 / • s ■ ■ k I t 

1 2. Et quadratum , per fuas ordinatasextcnfum , di- 
cetur, Forma omnes rationales , & Forma omnes tot#. & 
fignificabiturchara&eribus FO.u, & FO.f. 

1 3. Immoquoniam totacftarqualts rationali,& rcli- 
quae omnes poteftates tot£, funt inter fc,& rationali sequa- 
les: ordinata in quadrato dicetur etiam , Tota fecundzu, 
Totatertia,Totaquarta,&deinceps. . , - 

1 4. Et quadratum, dicetur,Forma omnes tot# fecun- 
d#, Forma omnes tota: tertise, Forma omnes totae quart£. 
aptifque fignificabitur chara&eribus , fO^ti, FO.tS) 
FO.t^. &licdeinceps. , , 

15. Afine abfciflarum duda diameter quadrati, facit 
femiquadratum triangulum :cuius ab vnoquolibet pun- 
<£to in bafi fump to re&a ducatur, vfque ad prsedi&am dia- 
metrum , alteri lateri parallela , qux dicetur , Ordinata iru 
triangulo. . 

* T 5. Quae cum fit sequalis abfciffe, dicetur, Abfcifla. 

17. Ipfumquc triangulum per fuas ordinatas exten- 
fum, dicetur, Forma omnes abfcilfc. & fignificabitur cha- 
ratferc, FO.a. 1 8. Si- 
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18. Similiter h fiqe refiduarum du&a diameter qua- 
drati, facit femiquadratum triangu^Mp; cuius vnaquehbet 
ordinata^cumfitiequalisrefiduacjdicetur Refidua, 

19« Etperordinatas refiduasextenfum triangulum-», 
dicetur , Forma .omnes refidu^ . & fignificabitur chara T 
derc, FO.u % - :; . 

20. Si fupei: bafi copcipiatur figura extcnfa non nifi 
per ordinatas in quadrato : fed in qua , vnaqu^Iibet ordi- 
nata, eft abfcifla fecunda, dicetur, Forma omnes abfcifla* 
fccundae • & figmfkabitur chara#ere FO.ai. 

21- Item^inqua^vnaquarlibetordinata^eftvniprima^ 
dicetur,Formaomnes vniprimse. & fignificabitur cha- 
ra&erc, FO.ar. 

22. E t in qua,vnaqu#Iibet ordinata, eft refidua fecun- 
da,dicetur Forma omnesrefiduaifccunda?. & fignifica- 
bitur chara&ere , FOji. 

2 3 . Et generalitcr , fi fuper bafi concipiatur figura, ex- 
tenfa non nili pcr ordinatas in quadrato: & in qua,vnaquc- 
libet ordinata, eft aflqmpta qu^dam in tabula proportio- 
nalium: dicetur, Forma omnes tales proportionalcs. apto- 
quc fignificabitur chara&ere. vtForma omnes abfcifte 
tertice, FO.ay. Forma omnes biprimg, FO.air: Forma^ 
omnesvnifecundae, FO.an: Forma omncs refiduce ter- 
tix y FOj$. &ficdcinceps. .... 

24. Itaque ad inftar tabuta proportionalium , &fpe- 
ciejum , aha tabula ordinabitur formarum, qua: dicetur, 
Formofa. 

Aaa 25. Quod 
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25. Quod fi vna qudibct ordinatt informa, eftaP 
fumpta quaedam in tabuta nominum : dicetur, Forma om* 
nes totuplae tales proportionales , aptoque (ignificabitur 
chara&ere . vt, Forma omries dupla? vniprimse, FO.iar: 
Forma omftes tripte biprimar, FO^axn Forma omnes 
triplse vnifecunda?> FO.$ari+ &ficdcinccps. 

1 6. Idcocjue ad inftar tabulae nom inum, & fubquadra* 
tricum, alia tabula ordinabitur,qU3edieetur, Tabula fub~ 
quadraturarum . 

* 7. In qua digcftg forma? , dicentur , Subquadraturae. 

18. Item adinftar tabutequadratricum , alia tabula 
ordinabitur,qua?dicetur, TabulaQuadraturarara . 

2 9. In qua digeft* forma», dicentur> Quadratura?» 

3 o. Denique fi vnaquselfbt ordinata> in forma > eft af- 
fumpta? proportionalis mukipla> vel fubmultipla > ve/ muU 
tiplar fubmultipla : dicetur, Forma omnes totuplat} tales 
proportionafes > vtl fiibcotupte, vel totuptarum /ubtotu- 
phr .aptifque fignificabitur chara&eribus . vt Foraia om» 
ncs quintupla? bitcrtiar, FO.^airj: &F6rma omnes W- 
primjfubtriplae, FO.air($) : StFormaomnes quadrapia? 
triquarta?fubfeptula?, FO.^.a^r^(j). &ficdeinceps. 

1 1. Sibafis diuifa fuerit in partes «qualesjdu&aeque 
fuerintperextrema&mediadiuifionum pun&a parallel* 
ordinatx in forma, & fuper part lbus bafis aequalibus> mter 
parallelascomptetafiicrint paralletogramnu tnaxima in- 
tra formam iacentia rfiguraexparallelogramrniscompo- 

tita> dicetur, Infcripta forma: • 

j2»Quod 
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3 2. Quodfi completa fuerint parallel ogramma mini- 
ma form^ro indudentia: figura ex parallel ogrammis com* 
pofita, dicctur, Circumfcripta forma:, 

33. Figurayero ex tot paraUelogrammis , quotfunt 
ordinata^per pun&adiuifionum,& ad ipfas prdinatasia- 
ccnt ibus compofita, dicetur, Adfcripta forme. 

3 4. Speciofa, & Formofa tabulis congruenribus,Ma£ 
fe, &Formse, quarum in vtrifque funt eedem appellatio- 
nes , & ijdem chara&eres, dicentur inuicem Homonyme. 

3 j . Item Homonymarum aequcmultiplices , diccntur 
Homonymae. . < . 

3 6. Ideoque etiam in duabus fubquadratricum,& fub- 
quadraturarum, aut quadratricum , & quadraturarum ta- 
bulis, Maffe, & Formar, dicentur Homonym?. 




Aaa z Thto- 
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Theor. l.^Prop. i. 

TAbuke formofe primi Iateris, in terria, quarta > & re- 
liquis deinceps fbrmis , in fingulisordihar* > pro 
maioribus abfciffis, funt maiores $ & pro maxima abfrifla- 
rum,eftmaxima,&ipfibafi jequalisiitemvlt mi lateris/n 
formis, pro maioribus refiduis , funt maiores $ & pro ma- 
xima refiduarura, eft maxima, & ipfi bafi aequalis , 

i ■ /" • ffypoth. ' « ^ . - 

* • * 

J -' ^ c 



Efto bafis -4^: in qua finis abfciflarum, Ay&nis refidc j* 
xuro, R & fint abfcifla?, minor, AC maior, .4^ ma- 
xima; & refidua?, %C minor, AT$ maior, maxima:& 
efto in pnmo latere tabulae formofse, tcrtia FO.az} & iru 
vlrimo, tertia FO.ri. 

Dico in F0.d2,ordinatampcr C, maiorem effeordi- 
nata per 2; & per R> maximam efle ordinatarum, & equa- 
lemipfic^. 

Item in FO.rzy ordiqatamper 59, maioremcfle ordi- 
nata pcr C; & per ^f/maximarti cffe ordinatarura > & 
sequalem ipfi ^A. \ 

r Dempnflr. 

Bafis %A> ad ordinatam per 2, duplicatam/ 
habet rationem eius, quam fiabct ad & ad or- 
dinatam per C, duplicatam eius , quam habet ad 

AC; 



def.zob 



Digitized by Google 



S E X T V M. 375 
AC: & ad ordinatam per duplicatam arquali- 
tatis, qu&m habet ad AR. Sed RA ad ma- 
iorcft,quam vtad AC: & ad AC> maior, quam 
4-5» 1 vtxquaft&ad Al^ Ergoadordiflatam per 2,ma- 
ioreft,quam vtad ordinatamper C: & ad ordi- 
natamper C, maior,quam vtad ordinatam per 
R. Ergoordinata per 2, mfnor eft, quam qux 
per C: &vtrahbct per &per C, minor,quam 
j quar per $l & ordinata per R y cft maxima;ad 
quam RA duplicatam habct rationemsequalita- 
I tis,nempeeamdcrn h3beta?qualitatis rationen^: 
| ergo per R ordinata^eft ipfi ^aequalis. Qgx &c. 
Simili prorfus demonftratione oftcndetur, qudd iru 
FO.ri> ordinata per maior'eft,quamqu£ per C: & 
vtralibctper 2?, : & per C, minor, quam qux per -4: & 
pcr A ordinata cft maxima, & ipfi AR aequalis. Qu? &c. 
Quare&c. 



» * t 



. Theor.i. Prop.z. 

IN fingulis formofie tabute, non primi , nec vkimi late- 
ris formis, ordinatarum maxiriu > minor eft, quam to- 
ta:&facitabfciffam, & rcfiduam , proportionalcs, vt nu- 
meri , a quibus ipfa forma denominatui : reliquarum ver6 
ex vtralibet partc, propior maxime rertiotiore maior eft. 



„...„•■> 
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ffypotb, 

C D 3 E F 

Eftobafis a^Ry in qua, fiois abfciffarum, 4i finis refi- 
duarum R: &eftoin rabula formofa,non in primo,ncc in 
vltimo latere, forraa omncs bitertiae, quam denominant 
numeri 2,3, cuius chara&cr, FOwi. &diuidatur AR 
in 55, vtabfaffa A<B, adreflduam S^fit proportionalis, 
ficut 2 ad 3: fumanturquealiaeabfcilfeminores ,quani-r 
<BA, nempe DA, CAi &aliaercfidu«minpres,quam %R, 

nempe EB^ FR. 

Dico in FO.azr^, ordinatamper 3 minoremeffe/, 
quam AR, &ordinatammetfemaximara: &ordinaram, 
pcr D, maiorem cffe,quam qu# per C; & ordinatam per 
E, maiorcm,quam quse per F. 

T>emonjlr. 

Rationalis u, ad air 3 , rationem habet compo- 
fitam ex rationibus, u ad ai, & u ad ry. ideft 
compofitam ex duplicata 0 ad <*, & ex triplicata 
u ad r. Eftautem AR ad ^», vt *# ad a: & ^ 
ad 2^, vt 0 ad r: & ad ordinatam per 2, eft vt 
\u ad <ur3. Ergo /fi? ad ordinatam per ha- 
• bet rationem compofitam ex rationibus , duplica- 
! ra AR ad A2 } atque triplicata ^i? ad KB. Sed 
j ^JR ad A<B, & ^i? ad RB, funt maioris incqua- 
1 litatis 



6. f. 

def.Z.f 
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litatis rationes>quaj tum multiplicata?, tum compofitae, fa- 
ciuntmaiorisin^qualitatisrationem. Qjare ^nuior 
eft > quam ordinata per 2» Quod&c. 

I Simili prorfus dcmonftratione oftendetur,quod 
ordinata per D ad habet rationem com- 
pofitaffiexduplicata AD ad A%, &cr triplicata 
p. p* l DR ad AR> Ergoex sequali ,ordinataper T) ad 
ordinatam per »> rationem habet corapofitanu 
ex duplicata DA ad AB> & ex triplicata DR ad 
RB. Suntautem DA> A$> »1^, RD, quatuor 
arithmetice difpofitse , quarura fccunda AB ad 
tertiara flRc&vt 2 ad j. Ergo duplicata ratio 
DA ad AB rainor eft, quim tripJicat3 BR ad 
f • * %P* Habct autem fecunda potcftas DA ad fecun* 
I dam kAB dupticatara rationem eius>quam ha- 
" bet DAad AB: &tertiapoteftas ad tertiam 
Xp triplicatam BR ad %D . Ergo fecundi po- 
teftas T>A ad fecundam AB minoreft> quamvt 
pr. 1 tertia poteftas BR ad tertiam RDi ergopfodu- 
&us fub&cunda poteftate AD> &fub tertia D^y 
minor eft producio,fub fccunda AB y & fub tertia 
8. 5. | 2?^. Sedprodu&usfubfecundapoteftate c^£>, 
&fubtertia D^,ad produ3utufub fecunda AB> 
| &{ubrertia 2?2?> compoiitam habet ex rationi- 
• bus fecunda? poteftatis AD ad fecundam AB, & 
I tertia? ad tertiam BR: nempc compofiranu 
| ex duplicata ±4D ad AB } & triplicata JM^ad 

RBt 
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♦ 

C D % E F 
A\ — . - i — i_i 1 — l — : — *—lR 

T^B: nempe eamdem qiiam ordinara per D ad ordinatatn 
pcr» . Ergo,ordinata pcr D, minor eft quam ordinata, 
per 2. Similiteroftendeturjquod&ordinatfleper E y per 
C, per F y fingulx funt minores,quamordinata per % 
Ergo ordinata per » cft maxima. Quod &c. 

Simili prorfus demonftratione oftende^ur, quod 
ordinataper C ad ordinatam per Z>, eft vtpro- 
du&usfub fecunda poteftatc AC y & fub tertia/ 
C2{ y ad produ&um fub iecunda AD y & fub terria 
) DR: & quod rationem habet compofitam exra- 
J tionibus,duplicata CA ad AD y & triplicata^ 
J ad RD. Suntautem DA y AC y C^, 2$D y quatuot 
j arithmctice difpolit^e quaium T>A maior eft> 
I quam AC: & funtduonumeri 2 ad 3, vt A$ ad 
TH^ maiorem fciJicet rationcm habcntes , quam 
c^D ad *DR. Ergo maior eft DA ad AC daplt- 
cataratio,quam CR ad RD triplicatar&econ- 
uerfominoreft CA ad ^AD duplicata, quanu 
D^ad triplicatar&minor eft fccundapotc- 
ftas CA ad fecundam AD y quam vt poteftas ter- 
tia D^ad tertiam ^C: &minoreftprodu£tusfub 
fecunda poteftate AC y & fub tertia CR y quanu 
fubfecundapoteftate ^D, & fubtertia DXj 5$ 

minor 



107. 5 
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minor cft crdinata per C, quam ordinata pcr D. Simi- 
liter oftendetur, qudd ordinataper /^minor eft,quam or- 
dinataper£. Quod&c, • 
Qu3re &c. ■ 



F 



Ornwc propofitae , in data bafi , pendatum pun&um> 
ordinatara inuenire . 



■ : ■ 



c 



J 



■ . ' 



2 



.1 1 



Efto propofita FO.ioazr$, fupcr data bafi AR> \tl. 
quadatumpun&umS. 

Oportet pcr # ordinatam inuenire . 

■ - ; ' Conftr. ■ .' ' 

Data AZ^ datifque A%, inueniatur reda 2C, ad 
quam AR, rationcm habct compofitam ex datis rationi- 
bus, ^ad A% duplicata, AR ad 22^ triplicata,& ex ra- 
tionefubdccupla:&col!ocetur 2C perpendiculariter ad 

Dico #C, efleordinatam per 2, in FO. ioair3. 

-■: . Bbb De- 
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• ■ t-. »-.-•••• 

1 

■ - 

I— ^,—! * 

* m* 

i 

Dtmonjlr. 

Ratio ^i? ad 2C> componicur ex rationibus j<2? ad 
j*S duplicata> c^i? ad *BR tnplicata , & cx fubdecupla: 
fcd AR, eft ^S, cft *> 3^> eft r Ergo ^ ad SC 
ratio>componiturexrationibus /* ad a duplicata> « adr 
triplicata>&cx fubdecupla: /ed ex ijfdem componitur » 
ad io42r3;ergoy42?adSCfeftvt» ad loazry. Sed JR 
eft ui crgo 2C> cft 10*2^: ergo SC efrordinataper 2, 
inFO.io^zrj. Quod&c» 

Quare &c. 



Probt. 2. Prop. 4. 

SVper data bafipropofita» forma: primi vel vrtim/ fate- 
ris> per datum numcrum diuifeio pa*tesJa«}uales,tre$ 
ligurasex parallelogrammis defcribere, infcriptam > ctr- 
cumfcriptam, & adfcriptam: & oftendere > quod infcrfpta 
&adfcriptalunt#quales; &qu6d rircamfcripta excedit 
infcriptam quantitaterectanguli fub maxima ordmara , Sc 
fwb vna *TquaIium bafis partium • 

1" ' Hy- • 
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Q D 

' 1 • ' ; * * { ' ' " : ft' 

Efto propofit* formas data bafis AS $ diuifain datas 
partesawjuales >*C, CD, DV. ^ j 

Oportct defcnbere infct^tam^cin^micriptaaii £l ad- 

iptam* . - , i » • •( ;:/. .f > 

p. h. ' Aflbrfiatur alteram extreraorura A> Tt' % nempc 
?• *. 9, perquodordinataeftitiaxima: &inueniantur 
ordinafce per data pun&a C y D> rc&x CE 9 
DFy VG: &co^i^eantur p^lldogramma ED % 
F% AE> €F,DG. 




T ' Dicd mlcriptam eflfe ex DE> SF: drcumfcriptam , « 
AE, CF, 2>£7: adfcriptam, ci AEJCF\ vel ex DE> <BFi 
& adfcttptaol infcriptae arqualem cfle : & circumicriptam 
^xtfedere tafcriptam^uantitatc redsnguli DG* 

4 • < » •.*,. « f ... r - ■■• -.o, , . J 

i w 

' Bbb « £><r- 
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A C 0 B 

! _> - J . 

Qcrnonfbr. J " 
£ fc. ! Ordinatarumperomnia SZ? pun&a, maxir 
eft pe$ '3?> miniraa per 2?: crgoparallclognm- 
morum intcr ordinatas pcr 1&&^m$$fr 
^4 poftt^if^^ 

includentiumfbrmam,minimum eft D^cjcce- 
dit autera DG> ipfiwjFS, fpatio Similiter 
r ^ t -ollendcTury p^llejlogr^^ ordinatas 
perC,& ^inftaj>ropofitam ^ forimm WGeniium, 
i-*J m^xin^um cffc A&Si inf li^CMiurp fqrpiam, mi- 
nraum^ 

f.b. Ifyatfo EF. itcmquogiam^, ^mawm^eftor- 
y : t r j dinataru^pesqn}^ 

, J la cft ordin^.r ^ergp paraHelugamnaoruar, inter 
: . I ordinataoi pcr C, & ems paraUelanvper inclu- 
j dcnthim formam, muiimityn eft AEy iuilluqave.ro 
iefoib | ett,intraforraam iacentium. Ergo infcripta eft, 
r'-3 a cMJ ci 
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def.^h | « DEyTtF compofitsr&circumfcripta^ex AE> 
EF> TXj compoiftar&exceditcircumfcriptain- 
fcriptam fpatio ex AE> EF> FG parallelogram- 
mis compofito . Sed ex AE> EF> FG compo- 
fitum fpatium parallelogrammo T>G eft aequalc. 
ergo excedit circumfcripta infcriptam quantita- 
' te DG. Etquoniam CE> DF> funtordinatfper 
diuifiomimpyn&a C>D quibus totidem adiacent 
parallelogramma , vel AE> CF> vel DE> "BF. 
itf.tfh Ergo adfcriptaeft ex DE> 2F> vel ex AE> CF. 
funtautem AE> CF> ipfis DE> *BF aequalia, cx 
j quibus componitur infcripta . Ergo adfcripta eft 
| ^equalis in fcriptaB • Qtre.&c. 
Quare&c. . • r \i • 

: . : Prokl. 3. Ptop $ . 

SVper databafi propofita? formar non prinri neque v!- 
tirai latcris,per datum nuraerum diuifa in partes ?qua- 
les ; tres figuras ex parallelogrammisdefcribcre, infcri- 
ptam, circumfcriptam, & adfcriptam: & oftendere , quod 
rcircumfcripta excedit adfcriptam , quantitatc rcLtangali 
.fub roaxima ordinataruni, & fub vm arqualium bafis pur- 
tium.v&quod adfcripta excedit infcnptam, nonmaiori 
quantitatc. 

. Hypoth. 
Efto propofitae fornKedata bafis AH> diuifa in datas 
partes aequales AC y CD, DE> £F> FS: & cfto ^,finisab- 
fcifTaruroj&^finisrefiduarum. Opor- 
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Oportct defcribere infcriptam , circumfcriptam > & 
adfcriptam. 

Conflr. 

Aflumantur numeri denominantes fortnanu 
propofitam, fecundum quos diuidatur -4» inpar- 
tes proportionales in G, vt abfcifla AG, ad refr- 
duam G%, Cc fe habeat,ficut denominantium-, 
*.h. numerorum prior ad pofteriorem . Conltatper 
j. h. G pun&um , cfle maximam ordinatam . Inue- 
niafttur per C, D, E, G, F, ordinatse CH, T>1, 
EK, GL, FM\ & efto MF, minor,quim EK: 
& compleantur parallelogramma AH, CI, DK, 
t ELF, MZ, HD, 1E, EM, KF. 
Dico inlcriptam eflcex HD, IE 9 EM: circumfcriptam 
ex AH, C/,T>K, ELF, M%: adfcriptam ex AH, CJ,DK, 
EM, vel ex HT>, I£> KF, M%: & circumfcriptana ex- 
cedereadfcriptam,quantitatere<3:anguli ELF: & adfcri- 
ptam excedere infcriptam non maiori, quam re&anguli 
/fLFquantitate. • 



Dc- 
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Demonflr. 

x. h. Qrdinatarumperomnia BF punSa, maxima 
eft per F> nulla per 2: ergo mtcr ordinatam per 1 
F> & parallelam per »,minimura parallelogram- 
itfa ih morum includentium formam cft MB> ideoque 
' ad circumfcripram pcrtinens figuram: nullum ve- 
rd eft intra formam iacencium. Item>ordinatarum 
per omnia EF pun&a maximaeft per (7; &per 
\ F> minor,quamqua?per E> eft minima; &inter 
ordinatas EK> FM minimum parallelogrammo- 
rura iricludentium formam , eft ELF> & intra^ 
formam iacentium maximum EM> ideoque ad 
circumfcripram pertinet ELF*> ad mfcriptam ve* 
dtfaih | ro EM. SimiIiteroftendetur,quod DK> CI>AH 
perrinentadcircumfcriptam; & HD> IE ad in- 
fcriptam. Quareinfcriptacft cx HD> IE y EMi 
&circurafcripta AH> C/, DK> ELF> MB. Ec 
quoniam CH> Dl> EK> FM funt orditia^ , qui- 
w busadiacenrparallelogramma AH> CI>DK>EM> 
icf, S ib \vd H£> y JE> KF> MBi manifeihim eftadicri- 
" 1 ptam xx AH> CI> DK> EM> vcl ex HD> IE> KF> 
' A/S compofitam eife. Excedit autem circum- 
icriptaadfcriptam fparijs, AH> HI> IK> & excei- 
fu ELF> fupra KF$ velfpatijs KLM> MB: qux 
vtrahbet funtaequaliavni re&angulo ELF :cxcc- 
j drt ergo circumfcripta adfcripta n> quantitacc re- 
I cianguli^/ 7 . Adicripta vero excedttmfcnptann 

fpa- 
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fpati js AH> H/> /£; vel fpatijs KM, M%: quar vtralibet non 
maiora lunt re&angulo ELF: excedit ergo adfcripta in* 
•fcriptam, non maioriquantitate, quckm fit ELF. Que&c. 
Quare&c. 



Probl.^.Prop.6. 

IKuenire numerum,pcr quem propofita? form&datsu 
bafisdiuidatur, vtcircumfcripta , &infcripta fintpro- 
piores aqualitati, quam in data ratione ina?qualiratis . 

Hypoth. 

Eftodatabafis dataqueratio maioris ina?qualitatis 
a ad d. 

Oportct numerum inuenire, per qucm cum diuifa fue- 
rit 2, & figuracircumfcripra&infcripta defcriptae fue- 
rint, circumfcripta ad infcriptam,minor fit,qu&m vt c ad d. 

. . . Conflu 

| Aflumatur quilibet numerus,per quem diui- 
5. h. datur 2: & infcripta defcribatur figura E: &in- 
ueniatur quantitas F> ad quam E> maior eft, 
quam vt c ad c — d. Affignetur etiam, in ipia#> 
punftum.pcrqaod maxima ordinatarum inue- 
niatur G: &ad G appliceturquantitas/ r > vtftat 
latitudo //: &fumaturipfius H multiplex L> ma- 
iorquamdupla 2: &quotupkx eft L ad //,to- 
b tusnumeruscfto M. 
Dico M> efle numerum , per quem , cum diuifa fueric 
J?5 &figunTcircumfcripta,&infcripta,fuerint defcriptae: 

cir- 



2. b. 

3. h. 
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circumfcriptaad infcriptam minor eft,quam vt c ad d. 

Pr<tpar. 

Quotus cft M y tota parsipfius S accipiatur 
5. h. N. & diuifabafi pcrnumerum M y (itinfcripta^ 
figura circumfcripta adfcripta S. 

Demonftr. 

p. | Quoniam $ ad N- y eft vt M ad vnitatem, vel 
vt L ad H: permutando S ad L, eft vt 2V ad 
h h H: & 2$ ad L y vt i.N ad Scd 2», minor 
cft,quam L: ergo 2N, minor eft,quam H: er- 
go 2G2ST reftangulumjminus eft re&angulo GH. 
fed re&angulum G7/,eft cequaleipfi fpatio Z 7 : er- 
goiCFSST, minuseft,quam /\Eteft £ ad iGN y 
ratio maior,quim £ ad F . Sed £ ad ratio, 
maioreft,quam c ad c— */: ergo E ad 2(J5V 
ratio,maior eft/juamc ad c — d. E(\ autem i?> ma- 
ior, quam £: ergp ^ad iGN ratio, maior eft 3 
5. &. qu&m c ad c — d. Eft autem R — S y gqualisipfi 
GN: & S~-Q non maioreft, quam iGN: cr- 
go R ad ^—-4^ maior eft,quam c ad r— d: 
3. & ergo, per conuerfionem rationis , i? ad 4£i nu- 
noreft,quamvt f ad df. Ergo /fc/ eft nurncius 
per quem &c. Quod &c. 
Quare&c. 



A 



Theor. 3 . Trop. 7. 
Dfcripta> & forma, funt quafi #quales. 
1 1 1 Ccc De- 



Digitized by Google 



l%6 ELEMENTVM 

Demonfir. 

Nam data qualibet insequalitatis ratione, pof- 
e. b. funt inueniri , circumfcripta formx , & infcriptju, 
j. h. propiores jqualitatheft autem vtraliber adfcripta, 
, &forma>minor,quamcircumfcripta> &ma/or, 
$ 7 . 5. I quam infcripta: ergo poteft inueniri adfcripta ad 
formam propior ?qualitati>quam in data qualibet 
rf</j.$. inxqualitatisratione. Quare adfcripta, & fortna> 
| funtquafiaequales. 

- 

Tbeor. 4. Prop. 8. 

ADfcripta cuiufque formae,ad formam in vertice for- 
mofse tabular,eft vt i rad*ce numero partium bafis, 
mafla homonyma, ad totam vnitatc plus ordinata , qu£m 
fitbafistabulaefpeciofre, adquam pertinetmafla. 

Hypoth 

Suntoduae fbrma?, vna h vertiec foraiofa: 
def.nb. FO.u, quae cft qtiadra tura Afr, altera FO. 1 oairj, 
fiipcr eadem bafi Al{i in quafinis abfciflarum A\ 
finis refiduarum R. Etefto AR diuifain partes 
xquales,mediatibus pu&is D,E,F,G,H,k perquae 
ordinataefint,in altera formajre<5Ue D1C,EL,FM, 
G*R, HO, IPi & in quadrato>fint DQ, £*, FS, 
GT, HX, 1T. &fint ^AK, DL, EM, FWi, GO, 
HP parallelogramma,ex<juibus componittir ad- 
! fcripta,qua?vocetur Si & AQ, Dyt, ES, FT, 
\ GX, ^7^/SparaHeIogramma«qualia,inquf di- 

uiditur 
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uiditur quadratum AB. Affumatur etiam numerusr, par- 
tium aequalium ipfms AJt^ &£radice /, mafla 0.ioair$, 
qu# ad quintam bafim pertinet fpeciofse tabul*; fumatur- 
que ab eadem radice r, tota fexta t6. 

Dico A% ad S, efle vt t6 ad O. 10427-3, aradice /. 

Demonjlr. 

Quoniam ad DK 9 rationem habet compofitam, 
cx duplicata ^AR ad AD, & ex triplicata AR ad RD 9 & 
cxfubdecupla ; vidclicet pro abfcifla vnitate a, compofi- 
tamex ti ad ai, &ex /3 ad rj, &exfubdecupla : ideft, 

Ccc 2 camdcm, 
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eamdem,quam *5 ad 10*2^3, proabfciffa vnitate. fcd 
^ad AK, eft vt ^4R ad DK: ergo AQ ad .4/:, cft vt 
*5 ad lo^irjjproabfciffavnitatc.Similiter Z)^ad £>L, v 
cft vt t j ad 10*2^3 proabfciflbbinario: necnonfimilitcr 
pro reliquis abfciflls numeris . Sunt autem tot paratfe/o- 
gramma componentia afcriptam J, quot ordinatx per 
pun&a D, E y F, /5 totidemque, quot ipla pun&au: 
& vnitate pauciores , quam numerus partium iplius AR\ 
nempe totidem, quot funt ciufdcm numcri t abfciffiones, 
& abfciflfe . Ergo per homologiam , a?quemultiplicato 
vtrimqueantecedenteper r, colle&ifqueconfequentibus, 
quadratum <lAT$> ad adfcriptam^eft vt f,ad O.ioazri* 
Quod&c. 
' Quarc&c. 



Theor.$.Prop.9. 

FOrma omncs mulnplse , ad formam omnes fimplas 
cafdem proportionalcs, fuper eadem bafi iacentcm, 
eit& , qucmultipla . 

fjypoth» 

Efto A forma omnesduphc: &efto » forma omnes 
fimpte esedem proportionalcs , fupcr communi bafi ia- 
ccntcs. 

Dico A ad 2 duplam efTe. 

Demonflr. 

J Diuifa cnim communi bafi , per qucmlibet nu- 
*<faoh | n.crum,inpaitcsjequalcs,ordmat?perpunftadh 

uifio- 
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J uifionum in A, duplae funt ordinatarum per ea- 
: j dcm pun#a in finguhefingularum :&adiacen- 
! tia parallelogramma, qux adfcripras componunt, 
j dupla funt fingula fingulorum; & fimul omniafi- 
icf.tfb mul omnium: & adfcripta A> adfcriptse 2 eftdu- 
7. h. pla : fed adfcripra 3 quafi eft £ qualis ad fuam for- 
31.5. mam 38: ergo adfcripra A> quafi eftdupla for- 
7. b. mx 2?: fed forma A quafi eft sequalis adfcripta; 
A\ &c funt forma? A 9 %, quantitates determinatc. 
Er go *A ad 2 eft dupla. Quod &c, Quare &c. „ 



Theor. 6. Prop. 10. 

OMnes quadratura? fupcr eadem bafi conftitut#,funt 
inter fc cequales . 

TDemonftr. 

8. J Narn adfcripta cuiuslibet quadraturse , ad for- 
1 mamin verticeformofa? tabuke iaccntesn ,eft vr 
" J quadratrix homon ym;i,ad totam vnitate plus or- 
I dinatam,quam in quabafi eft quadrati ix in fua ta- 
I bula:fed quadratrix ad huiufmodi totam, quafi 
eftaequalis: ergo adfcripta quadratura?, adfor- 
mam in vertice formof? iacentem,quafi cft ?qua- 
lis : fed & ad fuam quadraturam quafi eft asqualis: 
ogoquadratura adformam in verticeformofie 
iaccntem, eft sequalis. Quareomnes quadraru- 
ra, cum eidem dctcrminata» form^efinc sequales, 
mtcr fefuntcequales. 



18. 5« 



7. b. 
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Theor.j. Prop. II. 

IN vna quafque bafi tabulse fubquadraturarumr , fubqua- 
dratura» funt sequales: & fimul omnes, componunc 
quantitacem forma:, in vertice formofe tabul* iacentis. 

Demonftr, 

ttef.itb J Nam in vnaquaque bafi tabute fubquadratu- 

9. h. I rarum,quadraturae funt squemul tiplae. Sed aequa- 

10, h ' les , ipfe funt inter fe quadraturae : ergo aequaks 
etiam funt inter fe fubquadraturx • 

Deinde in vnaquaque bafi rabube fubquadrar 
turarum > quotupla eft quadratura vna vnius,tot 
funt fubquadraturse:atquetotupla eftfummaom* 
nium fubquadraturarum, ad vnatn tantum , quare 
fumma omnium fubquadraturarum , vni quadra- 
iQ.b. turx eft a?qualis:fed vnaquselibet quadratura, 
j sequalis eft formaeinverticc formofa: tabulxia- 
centi . Quarc in vnaquaque bafi tabulae fubqua- 
draturarum,fummaomniiim,aequali$ eft vnifor- 
xnxy in vertice formofe tabula* iacenti . 

Pcrrh in Tabula Formofa, in ipftusformis > pr<tter ea > ffktm 
epiftola ad Excellentifsimum Cafsimm commemoraui ex mco 
hbello jtfouamm Quadraturarum altainueni duo ,qu<etitcpo 
coronide rccenfebo : altaspublicandacum demonftratione > ftDe- 
us ctium , (§F njlteriorcm fortunam concejprit • 

Vnum de mmilincis angulis > $r de cornibus formarum $ $ 
de anguloYum auantnatilv.s , ^videlicet . 

Se- 
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Sccundae bafisfecimda &penu!timaform;i,eft binan- 
gula, cuius angulorum finu9 re&us duplus verli . rcrtiae vc- 
ro, & quart?,ac reliquarum deinceps omnium bafium for- 
iti^,prima&vltima,(ccunda & penultima ,funt vnicor- 
nes, &vnangular ; quarum finus re&us angulorum,ad ver- 
fum totuplus eft,quotus eft ordo bafis : in tertia , triplus; 
in quarta , quadruplus ; in quinta quintuplus, &ficdein- 
ceps . reliqua? demum forma? omnes, funt bicornes • 
Alteru decentrisgrauitatumbipartitum>cuius primapars efl* 
Cuiufque fomiae in tabula fonmofa, re&a linca pcr 
centrumgrauitatisordinata,facitpartes bafis reciproce 
proportionaIes,abfciflam ad refiduaim, ficut eius ordinum 
numeriinfuabafi3prima,& abvltima. Exempli gratia. 
Formaeinquartabafijfccundae tritultimse per centiunu 
ordinata,facit panesbafis, abfciffam ad refiduam propor- 
tionales , vt 3 ad 2, ordo tritultimse ad ordmem fecunda*. 

Secunda pars eft. In vnaqdaque forma, linca ex ccn- 
trograuitatisdu&a ordinatimad bafim,abafi, & centro 
finita, dicetur , Altitudo centralis. Itaque formarum in 
tabufa formofa, cent rales altitudines habent reciprocanu 
rationem compofitam ex rationibus numerorum,qui qua- 
draturasexformisproducunt ; exdire&aiacentiuminijt 
dem bafibus, & latenbus tabute quadraturarum, & ex con- 
uerfa iacentiumin bafibus duplordinatis , & inlatenbus 
vnitate minus, quim duplordinatis . Exempli gratia. Cen- 
tralis altitudo FO.aqri. forma: in fexta bafi tcrtia* quintuk 
timse,ad ccntralem altitudincm FO.air6 > (ottnx mnona 

bafi 
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balifeptima? quartultimse , rationem habet compofitam 
exrationibus numerorum quadraturas producentium ex 
formis; ex ratione, inquam, 105, tertij quintultimi in fexta 
bafi,ad 84o,feptimum quartultimum in nbnabafijSc ex ra- 
tione 352715, tredecimi fcptimultimi in decima o#aua* 
bafi,ad 643 j, quintum nonultimum in duodecima bafi • 

Velditer. Altitudines centrales formarum in tabula, 
formofaiacentium, rationem habent compofitam,tura ex 
ratione earumdem formarum conuerfa,tum etiam ex dire- 
£fca aliarum in cadem tabula in bafibus duplordinatis , & in 
bteribus vnitate miniis quam duplordinatis. Exempli 

gratia. Ccntralis altitudo FO.aqriy ad ccntralem 
F0.air6> rationem habet compofitam, ex 
rationibus, F0.a$r6 y ad FO.a$r%i& 
FO.aSr^ ad F0a6m. 

4* 4* * 

DEO GRATIAS. 

• * 
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